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Abstract
Temporal gravity variation measurements have been a long historical tradition in
Central Europe, with some stations recording for decades. From the 80s, time
varying gravity is permanently recorded at the Earth’s surface by a worldwide
network of superconducting relative gravimeters within the Global Geodynamics
Project of the International Association of Geodesy.

In one of these stations, located in Strasbourg since the 1970s, the three main
gravimeter types (relative spring gravimeter, relative superconducting gravimeter,
and absolute gravimeter) have been set up. We use all these series to review the
instrumental betterments. Studying the different improvements on gravimeters in
the last years, mainly in terms of long term stability and instrumental drift, we
show that the superconducting gravimeters can uniquely contribute to the study of
the low frequency Earth's tides and small amplitudes waves. Also, the stability of
the scale factor of the superconducting gravimeters is studied with the help of
numerous calibration experiments carried out by collocated absolute
measurements at Strasbourg Observatory.
Finally, after estimating the values of the Free Core Nutation parameters, we
search for the rotational normal mode called Free Inner Core Nutation (FICN), the
gravity effect of which has never been observed before. For this purpose we
develop a methodology to constrain the possible frequency range, through the
detailed tidal analysis in the diurnal frequency band, using the 27-year
superconducting gravity series recorded at J9 observatory, to separate small
amplitude waves that have never been studied before, and which could be close
enough to the frequency range of the FICN to be affected in terms of resonant
amplitude.
This work contributes to show the importance of not only the length, but also the
quality of the data series to improve our knowledge of the Earth’s dynamics.

Keywords: spring gravimeters, absolute gravimeters, superconducting
gravimeters, Earth's tides, tidal potential of degree 3, long-period tides, time
stability, instrumental drift, calibration, rotational normal modes.
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1. General Introduction
Gravimetry is a relatively old discipline, with the first attempts to determine the
gravity dating back to the 1700s. Since then, it has evolved in a very fast manner, in
theoretical, instrumental and analytical ways.

The elasto-gravitational deformation of the Earth and the associated temporal
gravity variations, measured on the surface of the Earth, are due to many
geophysical phenomena with different periods and amplitudes, including among
others, the Earth tides (which are the motions induced in the solid Earth, and the
changes in its gravitational potential, induced by the tidal forces from external
bodies) which have the strongest effect.
Many methods can directly measure gravity, but only a few obtain the accuracies
needed by geophysicists and geodesists. The increasing interest in the study of
temporal gravity changes is due to the improvements of gravimeters and to its
usefulness in Earth sciences.

This study is motivated by the improvements on gravimeters in the last decades
(especially after the development of the superconducting gravimeters), which
allow us to have now, many years later, very long series of high quality data than
can be exploited to benefit from the advantages of their unprecedented length.
This thesis is divided into five parts, summarized as follows:

The first one, as a necessary background, is devoted to remind some basic concepts
of the tidal theory such as: the tidal forcing, the tidal accelerations, the tidal
parameters, the tidal potential and the different tidal potential catalogues, the
response of the solid Earth to the tidal forcing and associated resonance effects.

Besides, we present a brief description of the different instruments that have been
historically used to record Earth tides (not only gravimeters); the operating
principle and characteristics of resolution, coverage and specific accuracy of the
more important ones are described.
We conclude by explaining the methods of signal processing that will be applied
later on our data, and the most appropriate methods of analysis of Earth tide data.

The second part is focused on the ‘study site’ (Strasbourg Observatories) where
the Earth tides observations, which were introduced by R. Lecolazet in the 1950s,
have a long tradition of almost 60 years. The different locations, the gravimetric
instrumentations and the historical results are mentioned.
In the third part, we use some of the longest European gravity records, registered
by spring and superconducting gravimeters, to study the sensitivity of the
instruments through the temporal evolution of the delta gravimetric factors for the
1

main tidal waves, as well as the δM2/δO1 ratio (main semi-diurnal over main
diurnal amplitude responses). Several temporal variations appear, which are much
lower in the case of the superconducting gravimeters, and we try to find an
explanation. We describe the data sets that are used in this part and in the two
following, together with the treatments applied to these studies and we finally
synthesize the results. In this part we also perform a detailed study of the stability
of the scale factor of the superconducting gravimeter installed at Strasbourg
Observatory, through the numerous calibration experiments carried out by
collocated absolute measurements since 1997.

In the fourth part we focus on the time series of superconducting (SG) gravity data,
which we have shown to be better compared to the long spring gravimeter
records, despite they are slightly shorter, to try to separate contributions of nearfrequency waves, to detect very weak amplitude signals and also to detect low
frequency signals, that was not possible with shorter time series of gravity data.

The fifth and final parts are devoted to the theory of two of the Earth’s rotational
modes (the Free Core Nutation (FCN), and the Free Inner Core Nutation (FICN)),
which provide valuable information about the deep interior of the Earth. We also
attempt to retrieve the surface gravity effects associated with these normal modes
in the long-term gravity data used in previous sections. The results obtained using
first the data from J9 Observatory, and then using data from several European SG
stations, are provided.
This thesis entitled: ‘Analysis of long gravity records in Europe; tidal stability and

consequences for the retrieval of small amplitude and low frequency signals
including the Earth’s core resonance effects’ is hence located in the context of a

thorough quest for knowledge of the interior of our planet Earth through the high
quality gravity data. This became possible thanks to the huge efforts carried out by
the different SGs stations to provide us with longer and better time series of data.
The completion of this thesis has been carried out under a joint supervision
between Universidad Complutense de Madrid and Université de Strasbourg,
thanks to the opportunity that the Spanish Instituto Geográfico Nacional offered
me to spend the last years at École et Observatoire des Sciences de la Terre
(EOST), Strasbourg.
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2.1 Earth Tides
2.1.1 Introduction
When we study a continuous time-record of a gravimeter, by far the tides are the
dominant signal in the data (the semidiurnal and diurnal tides are especially
evident). These variations can reach up to 300 µGal (1 µGal = 10 nm/s²) peak to
peak, depending on the coordinates of the station. The tides occur at fixed
frequencies given by the combined spin and orbital dynamics of the Moon about
the Earth, and the Earth and the other planets around the Sun. The largest
components are at semidiurnal and diurnal periods, but there are also long-period
components (fortnightly, monthly, half-yearly, yearly, and an 18.6 year nutation
corresponding to the lunar nodal cycle). The tidal potential amplitude is latitude
dependent; the diurnal tides are at maximum at ±45º latitude and zero at the
equator and poles, whereas the semidiurnal tides are zero at the poles and at
maximum at the equator and the long periodic tidal waves are a maximum at the
poles.

Recently, Earth tides have become more important in geodesy as the increasing
precision of measurements has required corrections for tidal effects that could
previously be ignored. Tides affect gravity at about the 10-7 level, and tidal
displacements (a few tens of centimeters) are about 10-7 of the Earth’s radius.
Later on in this study, we will try to analyze as many tidal waves as possible using
different gravity series of high quality recorded in Europe.
To better understand the origin of tides, we should remember some basic concepts
of the tidal theory; we describe first the tidal forcing, the tidal accelerations, the
tidal parameters (which are our main study items in chapters 4 and 5), the tidal
potential and the different tidal potential catalogues. We next consider how the
solid Earth responds to the tidal forcing and what effects produces. Later in section
2.2 we conclude with brief descriptions of several instruments for measuring Earth
tides (gravimeters), and in section 2.3 with the analysis methods appropriated to
Earth-tide data.
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Earth tides
The Earth tides are the motions induced in the solid Earth, and the changes in its
gravitational potential induced by the tidal forces from external bodies. Tidal
fluctuations have three roles in geophysics (Agnew 2007):
1. Measurements of them can provide information about the Earth (structure,
rheology).

2. Models of them can be used to remove tidal variations from geodetic and
geophysical measurements.

3. Models of them can be used to examine tidal influence on some natural
phenomena (as for example, finding the tidal stresses to see if they trigger
earthquakes).

First observations of tides phenomena date back to the beginning of the Christian
era, when the Naturalis Historia of Pliny the Elder (AD 77-79) collates many tidal
observations (as for example one on the banks of the Guadalquivir and other near
to Seville). In his Natural History, Pliny describes the twice daily cycle and the
occurrence of four maximum tidal ranges a few days after the new or full moon. He
also identified that there is a locally fixed interval between lunar transit and the
next high tide at a particular location. He further described how tides of the
equinoxes in March and September have a larger range than those at the summer
solstice in June and winter solstice in December.
Nevertheless, it took several centuries until Sir Isaac Newton published his
universal theory of gravitation in 1687, to have a scientific explanation for the tidal
phenomenon. He discovered the nature of the tide generating force.
 =  = 

Fig. 2.1.
2.1.1: Diagram of Newton’s law of gravity.

 


He explained in his “Principia Mathematica” how the tides are originated from the
gravitational attraction of the moon and the sun on the Earth. He also showed in
his theory why there are two tides for each lunar transit, the reason why spring
and neap tides occurred, why diurnal tides are largest when the moon was furthest
from the plane of the equator and why the equinoxial tides are larger in general
than those at the solstices.
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2.1.2 The tidal force
The tidal force is a differential force appearing between a point i on the surface of
the Earth and its center of mass v. The tidal forces arise from the gravitational
attraction of bodies external to the Earth. Due to the high accuracy of astronomical
theory, the tidal forcing can be described to much more precision than can be
measured.

We consider first the gravitational forces applied to one body (the Earth, in this
case) by another (the Moon). The points of the Earth nearest the Moon are
attracted toward the Moon more than is the center of the Earth. And conversely,
the points of the Earth farthest from the Moon are attracted less. Therefore, both
the far and near sides of the Earth are pulled radially outward away from the
center, while the regions that are at right angles to the Earth–Moon vector are
pulled radially inward.

Fig. 2.1.
2.1.2: Tidal forcing. The left plot shows the geometry of the problem for
computing the tidal force at a point P on the Earth, given an external body M
(Moon). The right plot shows the field of forces (accelerations) for the actual
Earth–Moon separation. The elliptical line shows the equipotential surface under
tidal forcing, greatly exaggerated (adapted from Agnew, 2007).

Because of the Earth’s diurnal rotation, the tidal force at a fixed point varies
through two complete cycles in 1 day. This semidiurnal time dependence is split
into many periodic terms with frequencies closely spaced about 2 cycles per day
due to the time variability of the orbital motion of the moon. Furthermore, because
the moon is not always in the plane of the Earth’s equator (the Earth–Moon vector
is inclined, respect to the Earth’s rotation axis) there is also significant variability
at frequencies closely spaced about 1 cycle per day.
Earth also experiences a tidal force from the Sun and the planets. These tidal forces
are defined in a similar way, and can also be decomposed into semidiurnal, diurnal,
and long period terms.
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As we will see in section 2.1.4, the tidal force can be written as the gradient of a
tide-generating potential (TGP), consisting of a sum of terms with sinusoidal time
dependences where the sines and cosines have arguments involving linear
combinations of the orbital frequencies corresponding to the Sun, the Moon and
planets.
2.1.3 The tidal accelerations
The tidal acceleration  at an observation point P on the Earth’s surface (figure
2.1.2) results from the difference between the gravitational accelerations 
generated by a celestial body at a point i, and the orbital acceleration  due to the
motion of the Earth around the barycenter of the two-body system (the Earth and
the Moon in our case). Because of the spatial extension of the body (the Earth), the
gravitational accelerations due to others celestial bodies are slightly position
dependent, whereas the centrifugal accelerations are constant within the body and
on the surface of the body (Wenzel, 1997a).

In figure 2.1.2, on the left plot are represented the gravitational acceleration,
orbital acceleration and tidal acceleration for the Earth-Moon system. Using
Newton’s gravitational law, the tidal acceleration vector  for the Moon is given
by:

(2.1)

 =  −  =
Where,

 = 6.6672 ∙ 10 k   

j l j 
∙ −  ∙
l l



is the Newtonian gravitational constant

j

is the mass of the Moon



is the geocentric distance vector

l

is the topocentric distance vector

For the Earth-Moon system the barycenter is located inside the Earth’s body, and
the orbital motion of the Earth around the barycenter generates orbital
accelerations.
Similar considerations are valid for the other celestial bodies; the Sun and the
nearby planets of our solar system also generate tidal accelerations on the Earth’s
surface, but slighter (Table 2.1.1).

The difference between the gravitational accelerations and the orbital
accelerations generates small tidal accelerations; on the Earth’s surface, these
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accelerations correspond to about 10-7 of the Earth’s gravity . As we will see later
in section 2.2, the resolution of high quality gravimeters is less than 10-11 m/s2
(~10-12g), so when we analyze their records, the tidal accelerations due to the
nearby planets have also to be considered.

The maximum tidal accelerations due to celestial bodies on the surface of the Earth
are listed in Table 2.1.1.
Table 2.1.1
2.1.1: List of maximum values of the tidal accelerations exerted on the Earth,
generated by the different celestial bodies.
Acceleration
Acceleration due to:
Moon
Sun
Mercury
Venus
Mars
Jupiter
Saturn
Uranus
Neptune
Pluto

Maximum tidal accelerations
1.37 ·10-6 m/s2
0.50 ·10-6 m/s2
3.64 ·10-13 m/s2
5.88 ·10-11 m/s2
1.18 ·10-12 m/s2
6.54 ·10-12 m/s2
2.36 ·10-13 m/s2
3.67 ·10-15 m/s2
1.06 ·10-15 m/s2
7.61 ·10-20 m/s2

2.1.4 Tidal potential
For a quantitative description it is useful to work with the tidal potential, which
enables an expansion into scalar spherical harmonics. This potential ¡ is defined
so that its gradient is the tidal acceleration vector.
(2.2)
£¤
 = ¢l ¡ = £̅ ¢ (vertical acceleration only)
We can derive its expression following the development in Munk and Cartwright
(1966). Considering j¦§¨ as the mass of an external body, the gravitational
potential ¡ derivates from it at a point i in the Earth is:
¡=

j¦§¨ j¦§¨
=
l
©

Where as shown in figure 2.1.2,
¢

1

ª1 + « ¢ ¬ − 2 « ¢ ¬ ®¯
©
©


is the distance of i from v
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(2.3)

©
l

¯

is the distance between the center of mass of the Earth and the external
body
is the distance from i to j

is the angular distance between i and the sub-body point of j

Using Legendre polynomials, the more general tidal potential including all degrees
can be written in his geometry (e.g. Agnew 2007) as:
(2.4)
²

j¦§¨
¢ ±
¡(¢, ¯) =
∙ ° « ¬ i± (®¯)
©
©
±³

The ´ = 0 term is constant in space, so its gradient is zero and can be discarded.
The ´ = 1 term is

j¦§¨
j¦§¨
¢ ®¯ =
µ
©
©

(2.5)

Where µ is the Cartesian coordinate along the OM axis. Its gradient is a constant,
thus the tidal potential ¡¨¶· can be rewritten as the equation (2.4) with the two
lowest terms removed:
(2.6)
²

j¦§¨
¢ ±
¡¨¶· (¸) =
°¹
º i± (®¯(¸))
©(¸)
©(¸)
±³

Where © and ¯ are functions of time. i± (®¯(¸)) are the Legendre polynomials,
which are defined respectively for degrees n=2, 3, 4 as (Hobson, 1931):


i (µ) =  (3µ  − 1)


i (µ) =  (5µ  − 3µ)


i» (µ) = ¼ (35µ » − 30µ  + 3)

Because the relation ¢⁄© is about 1.6·10-2 for the Moon and about 4.3·10-5 for the
Sun, the series expansion converges rapidly.

The tides of degree 4 (´ = 4) are just detectable in very low noise gravimeters. In
our case, as we will use some high quality data records in chapters 4, 5 and 6, we
will consider ´ = 2, ´ = 3 and ´ = 4 terms. In that section, we will be able to
retrieve in our data series some small amplitude waves in the major tidal group
generated by the third-degree and fourth-degree potentials.

The largest contribution to the tidal potential results from degree 2 terms with
about 98% of ¡, so for a first approximation it is justifiable to terminate the series
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expansion at ´ = 2. However, as we will see in section 2.1.5, for the most accurate
tidal potential catalogues we use ´¾§ = 6 for the Moon, ´¾§ = 3 for the Sun and
´¾§ = 2 for the planets.
Sometimes it is convenient to express the relative position of the point i on the
surface of the Earth and the celestial body as a combination of geocentric and
celestial coordinates. The geocentric coordinates are the spherical co-latitude θ
and spherical longitude λ. The celestial coordinates of the tide generating body are
the declination δ (the angular distance north of the celestial equator) and the local
hour angle τ (defined as the difference in longitude between i and the tidegenerating body)
The potential can be rewritten then as:

(2.7)

²

±

±³

³

j¦§¨
¢ ± 1
¡(¸) =
°¹
º
° i± (®Â) ∙ i± (Ã´u) ∙ cos (kÄ + kÅ)
©(¸) 2´ + 1
©(¸)

Where i± is the associated Legendre function of degree ´ and order k (Hobson,
1931):




i (Â) =  (3 ®  Â − 1)

i (Â) =  (5 ®  Â − 3®Â)

i (Â) = 3Ã´Â®Â

i (Â) =  (5 ®  Â − 1)

i (Â) = 3 Ã´ Â



i (Â) = 15Ã´ Â®Â

i (Â) = 15Ã´ Â

Due to the Earth’s rotation, the hour angle τ of the celestial body varies from 0 to
2Æ in 24 hours.

Each term of the sum over k in the precedent equation has a certain spatial
periodicity (figure 2.1.3). The potential ¡ therefore has:
- A long period term connected to zonal harmonics i± , (k = 0)

- A diurnal term connected to tesseral harmonics i± , (´ > k)

- A semi-diurnal term connected to sectorial harmonics i , (k = ´ = 2)
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Fig. 2.1.
2.1.3: Examples of some geographical distribution of tidal potential; A, zonal
function (for n=2, m=0); B, tesseral function (for n=3, m=2); C, sectorial function
(for n=m=2).
This will allow us the separation of the tidal potential into latitude dependent
terms and time/longitude dependent terms, and the spectral representation of the
tidal potential by a tidal potential catalogue, as we will see in section 2.1.5

Table 2.1.2
2.1.2: Major tidal harmonic components listed in order of increasing
frequency (f). The corresponding period ( = ⁄) is also shown.

Symbol
Sa
O1
K1
N2
M2
S2
K2

Description
Second overtide of M2
constituent, annual
First overtide of M2 constituent
Lunar declinational diurnal
constituent
Larger Lunar elliptic semidiurnal
constituent
Principal lunar semidiurnal
constituent
Principal solar semidiurnal
constituent
Luni-solar declinational semidiurnal constituent
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Period (T) hours
8765.5223

Frequency (cpd)
0.0027

25.8193
23.9345

0.9295
0.9973

12.6583

1.8960

12.4206

1.9323

12.0000

2.0000

11.9672

2.0055

2.1.5 Tidal Potential Catalogues
The way for computing a theoretical gravity tide is using the catalogue of tidegenerating potential (TGP). These catalogues consist of a table of amplitudes,
phases and frequencies for a lot of tidal waves.

Sir G. H. Darwin (1883) was the first to have ever computed a catalogue of tidal
waves. He also gave names to the main tidal waves which are still used today.
Darwin's harmonic developments of the tide-generating forces were later
improved by A. T. Doodson (1921), who developed the tide-generating potential in
harmonic form, distinguishing a total of 378 tidal frequencies. In his development,
he included only terms of degrees 1 to 3 (i.e. 24, 12, and 8 hour periods) using the
orbital and rotational data for the Earth as forced by the Sun and Moon. Currently,
the most recent and extensive tidal developments, as for example the Hartmann &
Wenzel catalogue (1995) or the harmonic development of Kudryavtsev (2004),
include the perturbation effects of all the major planets and terms up to degree 6
for the moon (4 hour period) as well as terms allowing for the non-spherical shape
of the major bodies.
In the last decades several tidal potential catalogues have appeared (Table 2.1.3),
in which the truncation level has continuously been decreased and the number of
waves and coefficients has continuously been increased. The catalogue of Tamura
(1993) includes coefficients due to the indirect tidal potential of the planets Venus
and Jupiter. The catalogue of Roosbeek (1996) includes the lunar tidal potential of
degree 5 and Hartmann & Wenzel (1995) reach the degree 6 respectively. Both of
them also include coefficients due to the direct tidal potential of the nearby planets
and due to the flattening of the Earth.
Table 2.1.3
2.1.3: List of different tidal potential catalogues available.

Author(s)

Doodson
Cartwright et al.

Year

1921
1971,
1973
Büllesfeld
1985
Tamura
1987
Xi
1989
Tamura
1993
Roosbeek (RATPG95)
1996
Hartmann and Wenzel 1995
(HW95)
Kudryavtsev (KSM03)
2004

Nº of
waves
378
505

Nº of
coeff.
378
1010

Max.
Truncation
(m2/s2)
degree
3
1.0 ·10-4
3
0.4 ·10-4

656
1200
2934
2060
6499
12935

656
1326
2934
3046
7202
19271

4
4
4
4
5
6

0.2 ·10-4
0.4 ·10-5
0.9 ·10-6
0.4 ·10-5
0.8 ·10-7
0.1 ·10-9

26753

28806

6

0.1 ·10-9

There are two different approaches to cataloging the TGP; these catalogues have
either been computed by analytical spectral analysis (e.g. Doodson, 1921; Xi, 1987;
Roosbeek, 1996) or by numerical spectral analysis (Cartwright and Tayler, 1971,
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Cartwright and Edden, 1973, Büllesfeld, 1985, Tamura, 1987, Hartmann and
Wenzel, 1995) of the tidal potential generated by the celestial bodies.
The analytical spectral analysis method requires analytical ephemerides of the
celestial bodies, whereas the numerical spectral analysis method needs numerical
ephemerides only (the ephemerides is a catalog of apparent positions of the bodies

in the solar system as seen from a position and time on the Earth; each body is
defined by a longitude, latitude, right ascension and declination). For example, the

HW95 has been computed using the DE200 numerical ephemeris of Jet Propulsion
Laboratory, Pasadena (Standish, 1990), of the solar system bodies between 1850
and 2150.

All tidal potential catalogues use a representation of the tidal potential on a rigid
Earth similar to (Wenzel, 1997a):
(2.8)
Ê³ÊÑÒÓ ³Ê
Ê
¢
¡(¨) = É ° ° « ¬ Γ(Â) ∙ iÌÊ (®Â) ∙ °ÍÎ¶Ê (¸) cos¶ (¸) + Ï¶Ê (¸)sin (¶ (¸))Ð

where

Ê³

É, Γ(Â)


Î¶Ê (¸), Ï¶Ê (¸)

³

¶

are the normalization constants

is the semi-major axis of the reference ellipsoid
are the time dependent coefficients, given by:
Ê
Î¶Ê (¸) = Î0Ê
¶ + ¸ ∙ Î1¶
Ê
Ï¶Ê (¸) = Ï0Ê
¶ + ¸ ∙ Ï1¶

The arguments ¶ (¸) are given by:

Ô³ÔÑÒÓ

¶ (¸) = k ∙ Å + ° ¶Ô ∙ ¢Ô (¸)
Ô³

With ¶Ô = k
The integer coefficients ¶Ô are given in the specific catalogue, while the
astronomical arguments ¢Ô (¸) can be computed from polynomials in time.
The catalogue that we will use later on in chapters 4, 5 and 6 for performing our
tidal analyses, is the Hartmann and Wenzel catalogue (HW95) which is the most
widely employed in the gravimetric community. For this catalogue, the
normalization constants D and Γ(Â) have been set to unity.
Several comparisons between the different catalogues have been carried out;
Merriam (1993) compared the catalogs of Tamura (1987) and Xi (1989) with
GTIDE software concluding that although their differences should be detectable
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using SGs, in practice either of the catalogs could be used for SG analysis. Wenzel
(1996a) compared also the past catalogues and concluded that the HW95 was the
most accurate for high precision work. Roosbeck (1996) noted that this is because
HW95 is derived from one of the benchmark series itself and its only error should
be computational. Finally, Kudryavtsev (2004) compared the KSM03 with the
HW95 and the RATGP95 showing that its accuracy in the frequency domain is
close to that of HW95 and RATGP95.
2.1.6 Tidal Parameters
For the main tidal waves, the purpose of the tide analysis is to determine the
transfer function between the observed tidal amplitude (in the gravimetric
records) and the theoretical amplitude of the astronomical tide for a solid Earth’s
model at the coordinates of the station, i.e. an amplitude ratio and a phase
difference between the observed and the theoretical tidal vectors. These quantities
are called tidal gravimetric factors and are commonly noted by δ (amplitude
factor) and κ (phase difference). Through the tidal analysis, each analyzed wave
furnishes an observed pair (A, α) at its tidal frequency ω, where A = δ ∙ AÖ (being
AÖ the theoretical amplitude), and α is the phase. So for each wave, the amplitude
factor δ is defined with respect to the theoretical tidal amplitude AÖ as the ratio
A⁄AÖ (Melchior, 1978).

Fig. 2.1.
2.1.4: For a given tidal frequency, phasor plot showing the relationship
between the observed tidal amplitude vector ](], ^), the Earth model _(_, `), the
computed ocean tides load vector a(a, b), the tidal residue c(c, d) = ] − _ and
the corrected residue f(f, g) = c − a, after Ducarme et al. (2009).
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* The tidal gravimetric amplitude factor δ, which is one of the important tidal
parameters for comparing with observations, is used to describe the transfer
function for surface gravity variations. This factor is a frequency dependent
coefficient. According to the conventions used for tidal data analysis (Dehant and
Ducarme, 1987) we adopt the following definition of the gravimetric factor δ: ‘In

the frequency domain, the tidal gravimetric factor is the transfer function between
the tidal force exerted along the perpendicular to the ellipsoid and the tidal gravity
changes along the vertical as measured by a gravimeter’

So, in the frequency domain, the amplitude factor as defined by the International
Centre for Earth Tides (ICET) is then deduced by dividing the final amplitude by
the vertical tidal force at the frequency ω:
(2.9)
uÙÚÛÜ =

body tide signal measured by a gravimeter along the vertical
gradient of the external tidal potential along the perpendicular to the reference ellipsoid

In the case of an Earth initially in hydrostatic equilibrium, the ellipsoidal normal is
assumed to coincide with the local vertical. For a non-hydrostatic Earth the vertical
is given by the perpendicular to the geoid.

* The phase factor Ý± , gives the delay or lead of the tidal response with respect to
the phase of the tidal potential.

The gravimetric factors (u, Ý) can be used to construct the synthetic tide at any
location. These synthetic tides are modeled by summing several wave groups with
the specific gravimetric factors that usually have been determined in some prior
tidal analysis at the station.
It is common for the gravimetric factors to differ from their theoretical values
_ = (Þ¨ u , 0) (where u is the theoretical gravimetric factor for a particular Earth
model), due to two main reasons. Firstly, because the ocean tidal loading (OTL) is
automatically incorporated into the estimated factors (when the synthetic tide is
reconstructed from the empirical gravimetric factors both the ocean loading, and
the system phase lag will be automatically included along with the solid Earth
tide), while ocean tides are variables. Secondly, due to the Earth model used.
Indeed the tidal gravimetric factors are expressed as a function of the Love
numbers and depend on the Earth’s model, as we will see in section 2.1.7.
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2.1.7 Earth Response
Once that we have described the tidal forces, we consider now to the response of
the solid Earth to these forces. The Earth, considered elastic at such frequencies,
deforms under the tidal stress; the tidal force tends to deform the solid Earth into
the elliptical shape (see Figure 2.1.2). This Earth’s tidal deformation is caused by
the gravitational attraction of the Sun and Moon and, to a much lesser extent, the
other planets (Dehant et al. 1999).
The formalism for describing mathematically the tidal transfer functions for a
spherical Earth was predicted by Love (1911). He showed that tidal effects could
be represented using a set of dimensionless numbers, now called the Love
numbers (or Love and Shida numbers, since the number ß was introduced in 1912
by T. Shida of Japan).

Wahr (1979, 1981a) extended this formalism to an ellipsoidal, rotational Earth. His
model contains an ellipsoidal, elastic, deformable inner core, an ellipsoidal liquid
outer core and an ellipsoidal, elastic, deformable mantle without ocean and
atmosphere. The Earth is assumed to be hydrostatically pre-stressed and
uniformly rotating.
Later, the effects of mantle inelasticity in a rotating, elliptical Earth were included
(Wahr and Berger 1986; Dehant 1986, 1987) resulting in the use of complex Love
numbers.

Then, Dehant and Defraigne (1997) extended the tidal formalism to include effects
of non-hydrostatic elliptical structure inside the Earth.
The real Earth is, of course, inelastic and non-hydrostatic, and it is likely that the
effects of both inelasticity and non-hydrostatic structure are large enough to have
a significant impact on tidal observations (Dehant et al., 1999).

The Earth’s response to the tides can be well described with only a few
parameters; first we can consider the Earth as an SNREI model (spherically
symmetric, non-rotating, elastic and isotropic), of which the Preliminary Reference
Earth Model (PREM) of Dziewonski and Anderson (1981) is the most widely used
version. For this Earth’s model it is simple to describe the response to the tidal
potential (Jeffreys, 1976). Because of symmetry, only the degree ´ is relevant, and
these parameters (Love numbers ℎ± , ± and ß± for each of the ´ harmonics in the
TGP) can be computed by solving the gravito-elastic equations of motion for the
Earth and finding the surface displacement á± and surface gravity potential ψã for
any kind of forced deformation, as tides or tidal loading (e.g. Wang, 1997):
á± =

1
äℎ ¢̂ + ß± ∇ çèÜ
 ±
ψã = ± èÜ
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u± = 1 +
where,
∇

is the horizontal gradient operator in spherical polar coordinates



is the surface gravity.

¢̂

is the unit radial vector

èÜ

2ℎ± (´ + 1)
−
±
´
´

is the surface gravity potential

The Love numbers completely describe any kind of deformation, elastic or
inelastic, and therefore contain all the complexity of the actual Earth, that is,
resonances for all the Earth’s normal modes, anelasticity and frequency
dependency (Dickman, 2005). Tidal displacements of geodetic instruments on the
Earth’s surface are usually described by ℎ (radial) and ß (tangential) (see e.g.,
McCarthy, 1996; Mathews et al., 1997), while  is used to represent tidal effects on
the orbits of Earth-orbiting satellites (see e.g., Yoder et al., 1983: McCarthy, 1996).
They have been frequently computed for seismic Earth models such as PREM and
given in a number of different forms. They are in principle complex numbers
because of the Earth’s anelasticity (e.g. Mathews 2001).

The numerical values of the Love numbers depend on the Earth’s internal
properties. So it is possible to learn about some of those properties by comparing
tidal observations with predictions based on theoretical results for the Love
numbers; tidal observations have been used to place constraints on the Earth’s
anelastic properties, as we will point in chapter 6. We have already introduced the
real gravimetric tidal factors (u± , ± ) in section 2.1.6. u± is found from a
combination involving ℎ± and ± , as above (ß± is not used in gravity as it
corresponds to the Earth response in horizontal displacement).

Typical elastic values for a standard modern Earth model for ´ = 2, 3 and 4
respectively are ℎ± = 0.6032, 0.291 and 0.175; ± = 0.298, 0.093 and 0.043;
yielding u = 1.155, 1.167 and 1.121 (A nominal pair of values for n= 2 is taken as
u = 1.16, Ý = 0º).
For more realistic Earth models, we should add the effects of rotation, ellipticity,
inelasticity and anisotropy, moving away from a simple SNREI model (Crossley et
al., 2013).
Inelasticity causes a small tidal phase lag (time delay) due to frictional
deformation in the Earth’s mantle, so u becomes complex with an in-phase
component ucos(Ý) and an out-of-phase component usin(Ý). Although this effect
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may produce a change in the amplitude of the Love numbers up to 7% at long
periods, the effect is quite small for the body tides.

The rotation and ellipticity effects act to couple the Love numbers of neighboring
harmonic degrees, so each u± factor is split into three components u , ué and u
(Dehant et al 1999). This yields a small latitude dependence where u decreases by
about 0.1% between the equator and the poles, consistent with older spring
gravity measurements (Dehant and Ducarme 1987). Afterward Wang (1994)
found that this latitude dependency should be even smaller and in 2007 Agnew
quoted a variation between the equator and the 60ºN latitude of only 4·10-4.

Finally, the ocean tides load the crust and lead to vertical deformation; the tides in
the ocean cause time-varying pressure loads on the surface of the solid Earth with
the same frequencies as the Earth tides. Typically, tidal displacements of the solid
Earth are of the order of several tens of centimeters. However, unlike ocean tides,
Earth tides cannot be observed without sensitive instruments, because they cause
both the ground and the observer to be displaced by the same amount.
The most common way to detect Earth tides is with a gravimeter (i.e. gravimetric
tide). There are three contributions to the observed tidal variations in the
gravitational acceleration. All three contributions are roughly of the same order:
1.-The direct attraction of the Sun, the Moon and to a lesser extent the Planets.

2.-The change in the Earth’s gravity field due to tidal deformation within the Earth.

3.-The change in the gravitational acceleration at the gravimeter due to the radial
tidal displacement of the Earth’s surface under the gravimeter (commonly referred
as the free-air gravity effect).

Since some of the scientific results of our study will be the retrieval of small
amplitude and low frequency signals including the core resonance effects, in the
next section we will present the long-period tides.
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2.1.8 LongLong-Period tides
As we have seen in section 2.1.4., the potential ¡ has a long-period (LP) term
connected to zonal harmonics i± .

The long-period tides generated by this term have been studied since the time of
Laplace (18th century). These tides are characterized as being zonally symmetric
(similar as the example shown in figure 2.1.3.A.), by weak amplitudes and by
periods longer than one day. They are generated by changes in the Earth's
orientation relative to the Sun, Moon, and Jupiter;
- The declination of the Moon relative to the Earth gives rise to the lunar
fortnightly tidal constituent Mf (period 13.6606 days).
- The ellipticity of the lunar orbit gives rise to a lunar monthly tidal constituent Mm
(period 27.3216 days).

- The motion of the Sun and Jupiter, introduced additional fundamental
frequencies, as the major solar contributions at 6 months Ssa (period 182.6211
days) and annual Sa (period 365.2596 days). These two contributions are
dominated by thermal effects.
Due to the nonlinear dependence of the force on distance, additional tidal
constituents exist with frequencies which are the sum and differences of those
fundamental frequencies.

- At much longer periods there is a lunar tide at 9.3 year and 18.61 year periods
which are extremely difficult to identify in gravity, and that we will try to detect in
our gravimetric series in chapter 5.
- There is also an additional gravity change which results from the gravitational
torque acting on the Earth by the Sun and Moon due to the fact that the Earth has a
non-spherical shape. The presence of this torque causes the Earth to develop a free
Eulerian nutation known as the Chandler Wobble with a period of about 433 days.

Figure 2.1.5 (up), extracted from Ducarme et al. (2004) shows the tidal spectrum
in the LP band, according to the development of Tamura (1987) with periods
between 4 days and 18.61 years. Most of the tidal constituents are generated by
the Legendre polynomial i . It is easy to detect that the largest components are
the fortnightly (Mf), monthly (Mm, Msm), semiannual (Ssa), annual (Sa) and 18.61
year nutation constituents.

There are also some 60 tides generated by i , which are shown in figure 2.1.5
(down). The largest is the small declinational wave 3j· , corresponding to the
tropic month.
The tides generated by i± with ´ > 3 are almost negligible.
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Fig. 2.1.
2.1.5: Spectrum of the theoretical LP tidal gravity signal at latitude 75º (up)
and ê` tides at latitude 75º dominated by ëìí (down), extracted from Ducarme
et al., 2004.
Because a long-period tidal potential induces a second-degree zonal tidal response
of the Earth, it causes not only the tides but also variations in the length of day
(LOD) via conservation of angular momentum. In an elastic, spherically symmetric
Earth, the induced variations (ΔLOD) should be proportional to the Love number
 (Munk and McDonald, 1960).

The tidal potential amplitude is latitude dependent so the long-period tides have
their maximum values at the poles. Since tidal observations at high latitudes are
advantageous for determining the LP tides, long-term observations with a
LaCoste&Romberg ET gravimeter have been set up at the Antarctic AmundsenScott station (90º S) e.g. Rydelek and Knopoff (1982). However, as we will show
later in section 2.2, the most serious limitation of spring gravimeters for LP tides
remains in their inherent and unpredictable drift (even if their instrumental drift
was considerably reduced recently). The much lower instrumental drift of SGs, and
their higher sensitivity and stability (Richter et al. 1995), permits more precise
studies of these LP tides (Sato et al., 1997a; Hinderer et al., 1998; Mukai et al.,
2001; Ducarme et al., 2004; Boy et al., 2006a). Thus, a superconducting gravimeter
(SG TT-70#016) was installed in 1993 at Syowa station, Antarctica, to observe
Earth tides and Earth’s free oscillation (Sato et al. 1993). In April 2003, this
21

gravimeter was replaced by a new SG CT#043 (Doi et al. 2008). Their data has also
been used to study several long-period tides as Mm, Mf, Mqm, Msqm, Mtm, Mstm,
Msf and Ms (Iwano et al. 2005).

To check the latitude dependent of these long-period tides and to obtain their
expressions, we rewrite the potential as a function of the coordinates of the
observation point.

If we consider the usual projection onto the celestial sphere from the center of the
Earth (figure 2.1.6), where C is the celestial north pole, P the place of observation
(geocentric latitude Â), CP its meridian and M the moon (declination u, and zenital
distance Ψ):

Fig. 2.1.
2.1.6: Spherical triangle from positional Astronomy.
In the spherical triangle CMP (figure 2.1.6):

cos Ψ = sin Â sin u + cos Â cos u cos(Λ − Å)

(2.10)

So the potential degree 2 (we have already mentioned in section 2.1.4 that the
potential of degree 2 describes the 98%) can be rewritten as a function of Â, u and
Λ:
(2.11)
 
¡ =  « ¬ ñ(®  Â ®  u ®2(Λ − Å)) + sin 2Â sin 2u cos(Λ − Å)
©
1
1
+ 3 ¹Ã´ Â − º ¹Ã´ u − ºò
3
3

where the first term, which is symmetrical about the equator, corresponds to the
long-period. ©, Â and Λ depend on the orbit of the Moon or the Sun, and also on the
22

Earth’s rotation. We need to know the instantaneous zenith distances of the Moon
and Sun and their distances from the place of observation. Their instantaneous
position in relation to the Earth are given by their coordinates relative to the
ecliptic (true longitude ℎ for the Sun; true longitude  and latitude ó for the
Moon) and the reciprocal distances ô ⁄©ô and  ⁄© .

Doodson (1921) expanded the equation (2.10) in a Fourier series. For this he
chooses the 6 following independent variables, to express the arguments of the
components of the tide, leading to a decomposition of tidal constituents into
groups with similar frequencies and spatial variability.
Ä, mean lunar time

, mean longitude of the Moon
ℎ, mean longitude of the Sun

õ, longitude of Moon’s perigee

ö ÷ , longitude of Moon’s ascending node
õ , longitude of the perihelion

Using Doodson’s expansion each constituent of the tide has a frequency
ø = ÞÄ + ù + Îℎ + Éõ + úö ÷ + õ

(2.12)

Where the integers Þ, ù, Î, É, ú and  are the Doodson numbers. So the total
potential ¡ becomes a sum of terms of the form
wûüÚ∙ýÛþ ¶ (Â, ©) ñ

®, ø®¢ Ã = 0,2
ò (ÞÄ + ù + Îℎ + Éõ + úö ÷ + õ )
Ã´, ø®¢ Ã = 1

In table 2.1.4, we show a selection of the long-period tides from Doodson’s full
development.
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Table 2.1.4
2.1.4: Tidal potential coefficients for the long-period tides.
Symbol
ë`
`



ëì

Doodson
Argument
055·555
055·555
056·554
057·555
058·554
063·655

Astronomical
Argument
0
0
ℎ − õ
2ℎ
2ℎ + (ℎ − õ )
 − 2ℎ + õ

ëì
ë

065·455
073·555

−õ
2( − ℎ)

ë

075·555
083·655

2

2 + ( − 2ℎ + õ)

ëì

085·455

2 + ( − õ)

ëì

Speed
Origin
Amplitude
(º/hr)
(L, lunar; S, solar)
0.000000
50458
L constant flattening
0.000000
23411
S constant flattening
0.041076
1176
S elliptic wave
0.082137
7287
S declinational wave
0.123204
427
Elliptic tide from Ïô¾
0.471521
1587
Evectional tide from
j
0.544375
8254
L elliptic wave
1.015896
1370
Variational tide from
j
1.098033
15642
L declinational wave
1.569554

569

1.642408

2995

Evectional tide from
j
Elliptic tide from j

The observation of long-period tides is believed to give us a good constraint for
investigating the anelastic response of the Earth (Sato et al., 1997a). Compared to
diurnal tidal periods where the Earth’s rheology is predominantly elastic, on very
long timescales (a few tens to thousands of years) the behavior of the mantle
becomes viscoelastic. At long periods, polar motion (i.e. for a wobble period of 14
months) can again provide constraints on the Earth’s rheology (the relationship
between stress and strain), as any deviation from pure elasticity will increase with
decreasing frequencies (Crossley et al, 2013).
In chapters 4 and 5 we will analyze the Earth tides using gravity records from
different types of gravimeters. However, as we will see in section 2.2, there are
several other kinds of instruments that can also be used to study the effects of
Earth tides.
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2.2 Instrumentation
The first attempts to determine the gravity values date back to the 1600s (Crovini
and Quinn, 1992). Since the first measurements with pendulums, there have been
many different designs of gravity sensors proposed or built for measuring
variations of the Earth’s gravitational field.
These kinds of instruments are called gravimeters,
gravimeters and may be divided into
portable or stationary devices, and into absolute gravimeters (which measure the
exact value of gravity at a given point and a moment at the Earth's surface), and
relative gravimeters (which measure only the temporal and/or spatial variations
of gravity).
Since the appearance of the first devices, we have observed much evolution in the
instrumental design resulting in an inexorable improvement in terms of precision
and accuracy. Indeed the historical advancement of gravity instrumentation has
been driven by the need of a combination of increase precision, increase
portability, reduce time consuming for each measurement and improve the easy of
handling (Torge 1989, Chapin 1998, Nabighian et al 2005).
Over the years the precision and accuracy of the gravimeters have been steadily
enhanced; first gravimeters built in the sixteenth century were simple pendulums
that could measure the value of g with an accuracy of about 10-5 g, while currently
the most modern instruments, in specific measurement conditions, achieve
sensitivities of one nanoGal (10-12 g).
Figure 2.2.1 (adapted from Torge, 1989) discloses the evolution of the
measurement accuracy of the different systems used over the time.
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Fig. 2.2.1
2.2.1: Evolution of the accuracy of the gravity observation systems over time
until 1980 (adapted from Torge, 1989).
2.2.1 Historical Instruments:
Instruments: Pendulums
Pendulums are the oldest type of gravimeters; the measurement of g exclusively
depended on them until the beginning of the 20th century. They can be either
absolute or relative instruments.
The principle of operation is simple; the period of swing of a simple gravity
pendulum depends on its length, L, on the local strength of gravity , and on the tilt
angle of the pendulum away from vertical Â, called the amplitude. It is independent
of the mass, k as shown by the equations hereafter.
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Fig. 2.2.2
2.2.2: Diagram of a simple gravity pendulum.
For small amplitudes, the period of such a pendulum depends only on the
pendulum length and on the gravity.
 = 2Æ




(2.16)

So the gravity , is inversely proportional to the square of the period of oscillation,
, and directly proportional to the length of the pendulum, .
=

4Æ  


(2.17)
If the same pendulum is swung under identical conditions at two locations, or at
two different times, relative changes in  can be found through the corresponding
change in T, that is, the ratio of the two values of  and  ; this ratio is related to
the ratio of the two respective periods of oscillations  and 
 
=
 

Thus, one can determine  ⁄ by simply measuring times.

(2.18)

Francis Bacon was one of the firsts who suggested the use of a pendulum to
measure gravity (Bacon, 1620). He proposed to carry one up to a mountain to see
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if gravity varies with altitude. But it was in the mid-seventeenth century when
Dutch astronomer Christiaan Huygens inspired by investigations of pendulums by
Galileo Galilei, invented the pendulum clock (1656) and was the first to use
pendulum to measure g.

Until the early nineteenth century, all the pendulum measurements were absolute.
The measurements were rather lengthy and complicated and were made mainly
under laboratory conditions. In 1817 Kater designed his reversible pendulum
(Kater, 1818), which simplified the implementation of the measurements and
allowed greater accuracy. At that time, reversible pendulums were a fundamental
improvement in absolute gravity measurement, with an initial precision of about
10 mGal (10-5 g). Several incremental improvements over the next 100 years
brought this precision to about 1 mGal (10-6 g).

Kater also introduced the idea of relative gravity measurements, by comparing the
gravity at two different points. Relative gravimetry was born after this
achievement. Since then, its use has increased rapidly.
First precise gravimetric measurements were made in 1864 in Switzerland by
Plantamour, using a pendulum based on the idea of Bessel’s pendulum,
constructed by A. Repsold. The first gravity measurements approaching modern
precision were made in the early decades of the nineteenth century.

Fig. 2.2.3
2.2.3: Repsold’s absolute pendulum used by Joaquín Barraquer y Rovira to
realize the first absolute measurements of gravity in Spain (1982, National
Astronomic Observatory of Madrid). Pendulum owned by The National Geographic
Institute of Spain (IGN).
Pendulum measurements were affected by several sources of errors such as the
vibration of the pendulum support, the change in the pendulum length and the
influences of different non-gravitational forces and environmental conditions. In
1887 Von Sterneck developed a small nonreversible gravimeter pendulum that
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was not affected by the effects of temperature and pressure and which was used
for relative gravity measurements.

Pendulums, used for either absolute or relative measurements, were the initial
standard instruments of gravimetry. They have been used in various
configurations, dominating the field until the 1930’s and playing an important role
until the 1970’s; the relative pendulum gravimeters were superseded by the spring
gravimeters in the 1930’s. The absolute pendulums were the standard in the
measurement of absolute gravity until free-fall devices were developed in the
1960s. Since then, pendulum devices have rarely been used.
Bifilar Gravimeters
We should also do a brief remark on the bifilar gravimeters, even if these
gravimeters were not widely used (almost all the results were obtained before
1957, Melchior (1966)).
Their great interest is that this kind of gravimeter has been used in the first
attempts to measure the luni-solar variation of gravity by W. Schweydar (1914a,
1914b) at Potsdam, and by R. Tomaschek and W. Schaffernicht (1932, 1937) at
Marburg. A scheme of the bifilar suspension is shown in figure 2.2.4.

Fig. 2.2.4
2.2.4: Simplified scheme of a bifilar gravimeter, after Melchior (1966), and
picture of bifilar gravimeter owned by IPGS.
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In this kind of gravimeters, a mass of weight i (377 g in Schweydar’s apparatus
and 52.5 g in that of Tomaschek–Schaffernicht) is suspended from a spiral spring
which supports most of the weight (i − õ) while a small part õ is held up by two
wires of equal length: a rotation through an angle ¯ of the attachment point of the
spiral spring is brought about a with a twisting screw and this turns the mass
through an angle  and twists the two suspensory wires; this angle  will always
be such that there is an equilibrium between the moment of rotation of the spiral
and that of the bifilar suspension (Melchior, 1966).
2.2.2 Relative gravimeters
Relative gravimeters measure variations of the gravity field between two different
points or between two times, so they are suitable for either spatial surveys or timevariable gravity monitoring at a fixed point.

Different models have been developed over the last century. In a relative
gravimeter, the measurement of the variation of gravity is based on the principle of
a mass subjected to the acceleration of gravity; the displacements of the mass are
proportional to the variations of g. The mass can consist of a weight suspended to a
spring, which is the case of mechanical models where variations in gravity cause
variations in the extension of the spring. Or it may consist in a magnetic levitation
of a superconducting sphere, as for the superconducting gravimeters.
Spring gravimeters
The relative pendulum measurements were difficult and time consuming. This led
to the development of more accurate and portable gravity meters, the spring
gravimeters which replaced the pendulums in the 1930’s (Harrison and Sato,
1984).
A basic example of a mechanical relative gravimeter is typically composed of a
weight attached to a spring. Variations in gravity cause variations in the extension
of the spring, so the change in gravity force is linearly proportional to the change in
the length of the spring.

Historically, we can consider that the spring gravimeters have been divided in two
types: linear or stable type, in which the equilibrium conditions are between two
forces (elastic and gravitational) and unstable or astatized type, in which a
condition close to equilibrium is reached by equating the momentum of the
gravitational and elastic forces. Mostly, these types of gravimeters are mobile
instruments dedicated to field measurements.
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Stable-type spring gravimeters were much used in early times. The principle of
measurement is based on Hooke’s law. The simplest way to represent this physical
concept is to consider a mass suspended to a vertical spring (as in figure 2.2.4(a)).
The extension of the spring is related to gravity changes through the equation:
 = k = − ∙ ( −  ),

(2.19)

where  is the elastic constant of the spring, s0 is the initial position of the spring
and s its new position.
For two different stations or two different times, we can then compute the relative
gravity change by:
(2.20)
∆ =  −  =

∙(Ê Ê )


=  ∙ ∆ß,

where ß denotes the length of the spring, (ß¶ = ¶ −  ), So the changes in gravity
forces are linearly proportional to the changes in the length of the spring.
The major disadvantage of stable gravimeters is the great difficulties in measuring
small displacements. While the advantage of unstable type is that their sensitivity
can be greatly increased through the use of astatization, where a small change in
force results in a large change in position.

a

b

Fig. 2.2.5
2.2.5: Simplified scheme of stable gravimeter principle (a), and of unstable
gravimeter principle (b), after Steiner (1988).
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Unstable-type spring gravimeters are innovative with respect to stable-type
gravimeters in the way that an additional force acting in the same direction as
gravity is applied, resulting in a state of unstable equilibrium. Usually a proof mass
is attached to a horizontal beam which is suspended by a main spring, and
additional springs are applied to return the sensitive measuring part to
equilibrium (as in figure 2.2.4 (b)). Therefore, changes in gravity are measured in
terms of the restoring force (feedback) needed to return the mass to its standard
null position.

More than 30 different types of spring gravimeter were designed from 1930 to
1950, but an important break-through in relative gravimetry resulted from the
introduction of the zero length spring, invented by Lucien LaCoste (LaCoste, 1934).
The characteristic of this type of spring is that the restoring force is proportional to
the entire length of the spring.

The zero length spring was first introduced in the LaCoste-Romberg (LCR)
gravimeter. And thanks to it, relative gravimeters become much easier to build, to
calibrate and to use (LaCoste, 1988). Since 1934 when LaCoste designed his first
gravimeter based on the zero length spring, this type of gravimeter has dominated
the scene of relative gravimetry for about 50 years. Gravimeters with a zero-length
spring have a larger sensitivity (~0.01 mGal) than previous spring gravimeters
and the measurement can be made quicker, in a few minutes. Figure 2.2.3 shows a
schematic diagram of a LaCoste-Romberg gravity meter.

Fig. 2.2.6
2.2.6: Schematic diagram of a LaCoste-Romberg gravity meter, based on a Zero
Length Spring, LR instruments.
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In that case, the tension in the spring of length , is given by the expression;
 =  ∙ ( − ),

(2.21)

where  is the spring constant and is the unstretched length.
The moment balance about the pivot in figure 2.2.6, gives;
k ∙  ∙  ∙ ®Â =  ∙ ( − ) ∙  ∙ Ã´¯
using the law of sines;
k ∙  ∙  ∙ ®Â =  ∙ ( − ) ∙  ∙
Then,

=

(2.22)

∙ ®Â


 
∙ (1 − ) ∙
k 


When  increases by u, the spring length increases by u where
u =

 
∙ ∙ ∙ ∙ u
k   

More recently, different easy-to-use automatic gravimeters have been developed
(as for example Scintrex CG-3 and CG-5 which have a resolution of 1 µGal and a
field repeatability of 5 µGal, and which were the first self-leveling instruments), or
the gPhone Gravimeter, which has very high resolution (0.1 µGal). In these
gravimeters, the most critical components are housed in an insulated double-oven
for better temperature stability.
Unfortunately, despite the most recent advances, the spring gravimeters have still
some serious limitations. The principal problem is the elastic variability of the
spring; the calibration factor often suffers from time variations and the
measurements present a strong time drift, which depends as well on temperature
changes. Also, these kinds of gravimeters suffer from the effects of mechanical
shocks and vibrations.
But, despite all these limitations, most practical measurements of gravity are still
made with these relative spring gravimeters since they are small, light, easy and
quick to operate (they are currently the only portable relative gravimeters used for
repetitive structural gravimetry), and are cheaper compared to the absolute or the
superconducting gravimeters.
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Superconducting gravimeters
Superconducting gravimeters (SGs) are also relative devices. Here, the spring
suspension of the mass is replaced by the magnetic levitation of a superconducting
sphere (which is a niobium sphere), where the magnetic field is generated by two
induction coils, being superconducting themselves. The sphere and the coils are
temperature regulated. To maintain this state of superconductivity, it is necessary
to immerse the assembly in a liquid helium bath (temperature 4.2 Kelvins). The
relative motion between the ground and the sphere, or any other perturbation of
the gravity potential, moves the sphere away from its equilibrium position. The
position of the sphere is detected by a phase-sensitive lock-in amplifier in
conjunction with a capacitance bridge. Three capacitor plates surround the sphere
with 1 mm clearance (Figure 2.2.7).
The AC signal from the center ring plate is proportional to the displacement of the
sphere from the center of the bridge. The sensor is operated in feedback mode to
take advantage of the increased linear dynamic range and rapid response
compared to open-loop operation. The AC signal is amplified, demodulated,
filtered, and applied to an integrator network. The DC output is connected to a
precision resistor in series with a five-turn coil wound on the copper magnetic
form below the sphere. The resulting feedback force is proportional to the product
of the feedback current and the current on the surface of the sphere. This force is
given by (Hinderer et al, 2007):
 = Î þ(

ÙÚ

+

Ùþ )

where þ is the feedback current, ÙÚ is the current induced on the surface of the
sphere by the levitation field, Ùþ is the current induced on the surface of the sphere
by the feedback field, and C is a constant.
Because ÙÚ is proportional to g and ÙÚ is almost the maximum amplitude of the
tides, the maximum nonlinearity is ( Ùþ / ÙÚ )û ~10 .

Therefore, the sensor is extremely linear. The gain (scale factor) of the sensor is
determined by the geometry, the resistor size, the number of turns on the coils,
and the mass of the sphere (usually 4 to 6 g for standard Observatory SGs).

First superconducting gravimeters were developed by William Prothero and John
Goodkind (1968) and were manufactured since then by GWR Instruments Inc. The
introduction of SGs in the 1980s drastically improved all studies of temporal
gravity variations over a wide range of frequencies, ranging from minutes to years,
compared to conventional spring gravimeters (Crossley et al., 1999).
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The superconducting gravimeter can measure variations of gravity continuously
with a precision a hundred times better than the spring instruments. They are the
most sensitive and stable gravity sensors currently available for ground-based
measurements. But in contrast with spring gravimeters, the SGs are not mobile so
they are used as stationary observatory instrument.
The characteristics of the construction and operation of SGs are described in
details in Goodkind (1999). The basic principle for the essential sensor elements is
shown in figure 2.2.7.
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Fig. 2.2.7
2.2.7: Main components of the superconducting gravimeter dewar and sensor
(extracted from GWR website, http://www.gwrinstruments.com).
These gravimeters have a very small and linear instrumental drift, greatly
improving the problem of spring gravimeters. Also by using magnetic levitation
rather than a mechanical device, the problems of mechanical and thermal effects
are avoided (Crossley et al., 2013).

Compared to mechanical spring instruments, SGs are characterized by a higher
accuracy (in the range of the nGal (1 nGal =0.01 nm/s2) in the spectral domain
after time integration of a year long record) and a significantly lower instrumental
drift (of the order of few µGal per year (1 µGal = 10 nm/s2)). They also provide
unprecedented long term stability. All these improvements allow the study of
gravity variations related to geophysical phenomena over a very broad band of
periods ranging from minutes to years (Richter et al. 1995; Hinderer and Crossley
2004).
36

During the last years, major improvements that have been conducted are:
significant reduction in size of the dewar and sensor, removal of the need for liquid
helium refills and availability of sophisticated data acquisition system that allow
remote monitoring. Also some dual-sphere gravimeters have been manufactured,
which are equipped with two vertically aligned sensor units. These gravimeters
were developed in order to detect small (a few nm/s2) instrument-induced offsets
in the gravity data, (Richter and Warburton, 1997). Recently, GWR has introduced
a new model of SG, called iGrav (figure 2.2.8) which is much smaller and more
portable than previous models (Warburton et al 2010a, 2010b). The iGrav was
designed to reduce size and weight of the SG, to make it more portable and to be
much less complicated for field setup and use.

Fig. 2.2.8
2.2.8: New iGrav superconducting gravimeter, manufactured by GWR
Instruments (extracted from GWR website, http://www.gwrinstruments.com).
In view of the worldwide development of SG sites and in order to coordinate SGbased research works, the pioneer SG groups decided to form the GGP (Global
Geodynamics Project). This project began in 1997 as a long term initiative to
establish a worldwide network of SG stations, with an open database and unified
data formats. It aims to exchange data gravity, atmospheric pressure and
sometimes environmental parameters, to facilitate studies on a global scale
(Crossley et al., 1999). The high accuracy and time stability of these gravimeters
are useful to study a wide range of geophysical applications (Hinderer et al., 2007)
ranging from seismic modes, tides and seasonal to long-term tectonic processes.
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Fig. 2.2.9
2.2.9: Map of the global network of superconducting gravimeters grouped
within the GGP project for the period 1997-2013, including new sites. (Extracted
from GGP website, http://www.eas.slu.edu/GGP/ggphome.html).
All relative gravimeters, spring or superconducting models, require to be
accurately calibrated in order to determine how changes of spring length or of
electrical current, correspond to given gravity changes. This is usually performed
using parallel absolute gravity measurements.
2.2.3 Absolute gravimeters
A distinction is drawn between relative gravimeters, which measure local
variations of gravity in time or gravity differences between observation sites, and
absolute gravimeters (AGs), which measure the local and instantaneous gravity
value.
The advantage of such measurements is that they are independent of a reference
system; they can determine the gravity at any location to a known accuracy.
Besides they are not affected by instrumental drift. But on the other hand, they are
very sensitive to site-specific conditions; indeed the accuracy of AG measurements
is highly dependent on the quality of the site (level of microseismic noise, thermal
stability, earthquakes, etc...). Moreover, because of mechanical degradation
(dropping object) and logistical reasons, AGs are rarely used for continuous
monitoring.
As previously mentioned, absolute pendulum gravimeters were largely replaced by
instruments using the free-fall method. First AG built in the sixteenth century
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(pendulums) could measure the value of g with an accuracy of about 10-5g. While
now, the most accurate AGs are able to measure the acceleration of a falling body
with a relative accuracy of about 10-9g.

In 1946,
1946 the first free-fall measurements were carried out in Sevres by C. H. Volet.
In 1963,
1963 after the first instruments which used geometrical optics (Martsyniak
(1956), Preston-Thomas et al. (1960) and Thulin (1960)), J. E. Faller developed
the first free-fall interferometric instrument. The same year also appeared the riseand-fall interferometric instrument designed by A. Sakuma. In 1967,
1967 the absolute
gravimeter of Alan H. Cook was presented, and also the first transportable AG of
the free-fall type, from Hammond and Faller. By the early 1970s the best
measurements were in the range of 0.01 to 0.05 mGal (Sakuma 1973).
The first commercial AGs were produced in 1986, when 6 identical AGs were
constructed by the Joint Institute for Laboratory Astrophysics (JILA) (Niebauer,
1987), reaching a precision of a few µGal. At the same time, the National Institute
of Standards and Technology (NIST), the National Oceanic and Atmospheric
Administration (NOAA), and the Institute for Applied Geodesy (IFAG), Germany,
joined forces to develop the ballistic FG5 device. This new instrument appeared in
the 1990s and became the worldwide standard for absolute gravimetry. It is
manufactured by Micro-g-solutions (USA) and routinely provides 1−2 μGal
accuracy measurements at a site with runs lasting from a few hours to several days
(Niebauer et al 1995).

This type of AG is based on measuring the acceleration of a body in free fall, where
g can be directly determined by measuring length and time. A freely falling
reflective test mass is dropped into a vacuum chamber (figure 2.2.10.). The
trajectory of the mass is determined with a precision of about ~ 10-6 m by laser
interferometry, while the fall time is measured by a Rubidium atomic clock
(sometimes controlled by GPS) with a precision of 2 ∙ 10 Hz. The height of the
fall is about 0.2 m and it takes around 0.2 s for the test mass to fall.
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Fig. 2.2.10
2.2.10:
10: Simplified scheme of measure principle of a FG5 free-fall absolute
gravimeter. Copyright © 2008 Micro-g LaCoste, Inc.
For each drop, the value of g is determined by a least squares fit of the trajectory
data using approximately 700 pairs of time and distance traveled by the mass. The
trajectory of the test mass at the time t is given by (FG5 absolute gravimeter user’s
manual, microglacoste, 2008):
(2.23)
1
µ¶ = µ +  ¸¶ +  ¸¶
2

where µ ,  and  are the initial position, velocity and acceleration of the mass at
¸=0

In practice, this situation is more complex due to the local vertical gradient of
gravity  (which is usually ~ -3 μGal/cm, corresponding to the free-air gravity
gradient 2g0/r) that generates changes in the value of g during the trajectory of the
mass. So, the standard equation should be modified as follows:
(2.24)
1
µ ¸¶  ¸¶  ¸¶»

+
+
µ¶ = µ +  ¸¶ +  ¸¶ +
2
2
6
24

and taking into account the different time delays:

1
µ ¸  ¸  ¸»
µ¶ = µ +  ¸¶ +  ¸ +
+
+
2
2
6
24

with:
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¸̃¶ = ¸ −

(µ¶ − µ )


where  is the speed of the light.

A mean value of g is given for each set (about 100 drops are averaged to give a set
value). Several sets must be performed. The whole measurement system is isolated
from seismic noise by using a "superspring" unit that compensates the highfrequency ground vibrations.
In the following years, the time of the falling distances got smaller and the number
of drops per set increased, appearing the A10 gravimeter which is a portable AG
developed also by Micro-g LaCoste, Inc. (MGL) designed for use in the field. It has
the same working principle and processing than the FG5, but is lighter, has a
smaller drop chamber, and is easier to use. The A10 measurement possesses an
accuracy of 10 μGal, mainly due to the use of a less stable laser. Also, more recently,
some modifications of the FG5 have been introduced to give birth to the smaller
FG5-L and extended FGX devices.
Even if the absolute gravity world is dominated by free-fall-type instruments (FG5,
A10, JILAg), other AG prototypes have been developed over the years, as for
example the IMGC-02 developed by the Italian Institute for Metrological ResearchINRIM (D’Agostino et al., 2002), a memory of the original IMGC instrument which
is based on the principle of Sakuma’s instrument.

But the most relevant ones are based on cold-atom interferometry (CAG), which
opens up a new way to perform the free-fall experiment (Peters et al. 1999). In this
new kind of instruments there is no dropping or launching mechanisms of a solid
body in free fall but atoms are dropped. So there is no mechanical friction and
hence no mechanical limitation in the duration of measurements, except for the
laser power. Another important advantage is that CAG can measure more
frequently (several times a second) than the optical types. Initial results compared
with the FG5, by B. Desruelle et al. at the 2013 AGU meeting, seem promising even
if no complete precise inter-comparison has been performed yet.

Since 1981, periodic inter-comparisons of AG campaigns are conducted in order to
detect possible systematic errors and to define the accuracy level of the
methodology. The Bureau International des Poids et Mesures, Sèvres, France, has
hosted eight campaigns (1981, 1985, 1989, 1994, 1997, 2001, 2005, 2009), and
also several comparisons were held in Walferdange, Luxemburg at the European
Center for Geodynamics and Seismology (ECGS) (2003, 2007, 2011, 2013).
Not only gravimeters have been used for measuring variations of the Earth’s
gravitational field, but there have been several other types of instruments, less
used or very specific, such as the torsion balance developed by Baron Roland van
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Eötvös in 1896 and used to measure the gradients of gravity and differential
curvature. Also the vibrating string gravimeter (Lozhiskaya, 1959, Breiner et al.,
1981) was used in Russian and in China. The borehole gravity meters, which were
first developed in the 1950s in response to the need by the petroleum industry for
accurate down-hole gravity data. The underwater gravity instruments, the
shipborne gravity instruments and the gravity gradiometers can also be quoted.
2.2.4 Instruments used in this study
Throughout this thesis, we have used data recorded by different types of relative
and absolute gravimeters.

Regarding the relative gravimeters, data from several models of spring
gravimeters have been analyzed. Most of these mechanical models are astatized,
such as the Lacoste and Romberg (L&R) or the North-American gravimeters. Data
from stable types have been used too, like the Askania model.

A large number of superconducting gravimeters has also been used; few of them
belong to the first models built in the 1980s, although most of them belong to the
compact type (like the SG C026 at J9) or to the new generation of OSG
(Observatory SG). There are even a few double-sphere instruments among them.
Regarding the absolute gravimeters, only records from FG5 models have been
analyzed in detail, though data from JILAg instrument, already treated, have been
also used.
Table 2.2.1
2.2.1: General specifications of different gravimeters used in this study.
Instrument

Resolution
(µGal)

Spring*
1.0
Superconducting 0.01
Absolute
10.0

Precision
(µGal)

0.1
0.001
2.0

Drift rate (µGal/period)

~15/day
few/year
NO

(*) As several types of spring gravimeter have been used, with different
specifications, in the table we have only indicated the characteristics of a Lacoste
and Romberg type, since we have mainly used data from two gravimeters of this
type, the L&R ET005 and the L&R ET19 installed at J9 Observatory and Black
Forest Observatory respectively.
A list of relevant papers on the use of superconducting gravimeters can be found
at: http://www.gwrinstruments.com/published-papers.html
A list of relevant papers on the use of absolute gravimeters can be found at:
http://www.microglacoste.com/grav bib.php
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As a large part of this thesis is devoted to data treatment and analyses of relative
gravimeters, in the next part we will detail the pre-processing of raw data and then
the analysis methods used to retrieve some information on the Earth’s response to
tidal forcing.

2.3 Gravimetric data analyses
The classical analysis tools (tidal analysis software, spectral FFT methods) require
having relatively clean data series. So before introducing the tidal analysis
software, we present the pre-processing method which aims at preparing data
before exploitation.
2.3.1 PrePre-processing of both spring and SG records
As most of the geophysical signals, any gravity time series requires specialized preprocessing before we can use it with fullest advantage. Indeed, some tools can deal
with irregularly sampled data or series with missing samples (gaps) such as
statistical spectral method (for instance the Lomb-Scargle periodogram, Lomb,
1976). Nevertheless, we will show in the following that our pre-processing does
not impact our tidal analysis results, but, on the contrary, by filling up gaps with a
well-known local tidal model (inferred from long-term observations at the station)
we will be able to take full advantage of the length of our time-series.
So, in this section we will explain the methodology that we have applied to all the
series from different gravimeters that we will use in the next sections.

The main disturbances contained in the raw gravity series are spikes, steps
(sudden offsets) and gaps (missing samples), which are mainly due to
instrumental problems, human intervention, and also from true geophysical
signals such as earthquakes. These corrections are done to avoid that the
disturbances alter any treatment realized on these series, such as tidal analysis or
spectral estimation. A simple example of preprocessing is shown in figure 2.3.1.
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Fig. 2.3.1
2.3.1: Example of correction of gravity residuals. Upper plot shows 1 month
(May 2005) of SG raw data at J9 Observatory. Second plot shows g (residuals)
when g (removed) consists of a local tide model + a nominal pressure correction.
Third plot shows the cleaned residuals, where all the spikes and earthquakes were
previously replaced by a simple linear interpolation. And finally, corrected series is
shown in the bottom.
As it is well described in Hinderer et al. (2002), many different processing
methods are available and almost any user group possesses its own strategy to
pre-process the data. They also show that not just the applied methodology is
significant, but there are also ‘human factors’, because even when using the same
processing tool, personal factors can enter into the treatment leading to significant
long period changes in the gravity signal after different cumulative corrections.
Independently of the treatment used later to clean them, first we have to compute
the gravity residuals from our raw data series. Usually, the classical preliminary
step consists of subtracting from the gravity series, g (observed), all the
contributions that can be modeled with some confidence g (removed), leading to
the gravity residual series, g (residual).
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g (residual) = g (observed) – g (removed),
where

g (removed) = contributions than we can model at our station

(2.25)
(2.26)

These gravity residuals are usually small amplitude signals which permit us to
detect and correct more easily any kind of disturbance than if we use the original
observed gravity series. When all problems have been fixed in g (residual), we just
have to add back the previously removed signals, to obtain the corrected gravity
series, g (corrected).
g (corrected) = g*(residual) + g (removed)

(2.27)

where g*(residual) is the g (residual) corrected (“clean residuals”).
Removed Effects
Depending on the quality of the data and the auxiliary information available at
each station, we are able to model the contributions of the largest amplitude
signals that can be removed from the observed gravity series. We can decompose
our temporal gravity observed series into a series of additive effects:

g(observed) = g(disturbances)
+g(tides)

( instrument and site origin, earthquakes)

(solid Earth, ocean) the largest periodic contribution

+g(non-tidal loading)(atmosphere, ocean currents) second largest

effect

+g(polar)

(polar motion effect)

+g(hydro)

(rainfall, soil moisture, groundwater, surface water,
ice)

+g(drift )

(instrument drift function)

+g(other) (tectonics, deformations, slow earthquakes and all other
possible signals)
(2.28)
We can divide all these contributions into two types of signals:

 Periodic signals: tides, polar motion (annual forced motion and Chandler
wobble), seismic elastic normal modes.
 Non periodic signals: atmospheric pressure, hydrology, volcanic, non-tidal
ocean circulation and general Earth deformation.
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In our case, to calculate the residual gravity data we have only subtracted the
standard models (local tides, local atmospheric pressure effect, polar motion and
instrument drift). For each series of this study we have performed the following
steps:

* We have first calibrated the raw gravity records by using the appropriate
amplitude calibration factor (expressed in µGal/V or nms-²/V) for each instrument
to convert the observed gravity to their equivalent gravity values. Calibration
issues are discussed in more detail in section 4.5.

* We have subtracted the body tides and the ocean tidal loading using a local tidal
model. In some of the stations, this model could be computed from the luni-solar
tidal potential using tidal parameters (amplitude and phase factors) originating
from a previous tidal analysis at the same station. In the stations where such
previous analysis was not available, we have computed a synthetic local tidal
model using latitude dependent tidal factors, obtained for an inelastic nonhydrostatic Earth model like DDW99 model (Dehant et al., 1999).
Gravity data are principally dominated by the tidal signal. The amplitude of this
contribution usually varies between 100 and 300 µGals, depending mainly on the
station latitude and the phase of the luni-solar cycle.

* We have subtracted the local pressure effects using a standard empirical
barometric admittance of – 0.3 µGal/hPa (e.g., Spratt, 1982; Müller and Zürn, 1983;
Richter, 1983, Crossley et al. 1995) for the spring gravimeter series (because
sometimes the pressure series are also affected by gaps or offsets, they should be
corrected before removing their effects to the gravity series, in order to avoid
introducing artificial signals in the gravity residuals). For the SG stations we have
used the complete (local + non-local) atmospheric loading effects estimated at
each GGP station by Jean-Paul Boy, available at http://loading.u-strasbg.fr/GGP/.
These atmospheric loading effects are computed by convolving surface pressure
fields provided by the European Centre for Medium-Range Weather Forecasts
(ECMWF) and the appropriate Green's functions (Boy et al., 2002) describing the
elastic Earth response and the direct Newtonian attraction to the atmospheric
pressure loading.

Up to 10% of the signal may come from the atmosphere. Atmospheric effects on
gravity became an important consideration with the higher precision and lower
noise of the SG compared to previous instruments (Warburton and Goodkind
1977). A number of well-studied empirical and physical methods exist for making
a pressure correction to the gravity data, but even with the most sophisticated
treatments it is not possible to completely remove the atmospheric pressure effect.
Among the different approaches used to correct gravity changes for the effects of
atmospheric pressure changes we can find (Hinderer et al., 2014):
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- A first option (which we have used for all the spring gravimeter stations) is to use
a single barometric admittance (Crossley et al., 1995). This coefficient is computed,
in the time domain, by minimizing (in the least squares sense) the difference
between observed gravity residuals (¸) and the observed barometric pressure
õ(¸) and solving for the real coefficient α (which means no phase lag) to determine
the corrected gravity residual:
 (¸) = (¸) − ¯õ(¸)

Minimizing (¨) 
uncorrelated.



(2.29)

assumes that errors in (¸) and residuals  (¸) are

The nominal value of ¯ is close to – 0.3 µGal/hPa and corresponds to a model
where pure attraction (– 0.42 µGal/hPa for a Bouguer plate) is partly reduced by
crustal elastic deformation and the Earth’s curvature (Niebauer, 1998; Warburton
and Goodkind, 1977).
We should point out that in this case there is no change either in time or in
frequency of this factor; however this simple model is able to cover 90% of the
total air pressure effect.

- A second option is the frequency-dependent admittance (Neumeyer, 1995;
Kroner and Jentzsch, 1999; Abd El-Gelil et al., 2008).

A frequency dependent correction coefficient can be estimated by cross spectral
analysis, a method to determinate the frequency response function for a single
input – single output model. For this model, the frequency response function (ø)
can be calculated after Bendat and Piersol (1986) by:
(2.30)
§ (ø)
 (ø) =

§§ (ø)
where §§ is the auto spectral density and § the cross spectral density of the
input series µ(¸) and the output series (¸), sampled at equally spaced time
intervals (´ = 0,1, … , ö − 1).
The gain factor (ø) and the phase factor (ø) of the frequency response function
can be estimated at a frequency ø, varying from 0 to Nyquist, by:
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 (ø) =


ª© § (ø) + k§ (ø)
§§ (ø)

(ø) = ¢¸´ !

k§ (ø)
"
© § (ø)

After determination of the frequency response function, the frequency dependent
atmospheric pressure correction can be carried out for the gravity data, using FFT
techniques in the frequency domain, or using convolution techniques in the time
domain (Neumeyer, 1995).
This approach is still constant in time, and some studies have shown that the
admittance may also vary as a function of time (Merriam, 1995; Crossley et al.,
2002). An approach based on a wavelet technique to filter out the atmospheric
pressure effect simultaneously in time and frequency was proposed by Hu et al.
(2005). Such approaches remain incomplete as they deal only with the local
atmospheric pressure effect.
- The last option, which we have used for the SG stations, is to consider not only
local pressure changes but rather a pressure distribution around the gravity
station which may not be uniformly distributed. This leads then to a loading
computation including both Newtonian attraction and elastic deformation (Farrell,
1972; Spratt, 1982). There are several loading approaches; from 2D pressure
loading (Sun, 1995; Boy et al., 1998, 2001, 2002; Mukai et al., 1995) to the full 3D
atmospheric models, where the atmospheric parameters are available at different
vertical levels (Swenson and Wahr, 2002; Boy and Chao, 2005; Neumeyer et al.,
2004; Kroner and Jentzsch, 1999; Klügel and Wziontek, 2009; Abe et al., 2010).

In this approach, the response of the Earth to pressure forcing is expressed using
Green’s functions (Farrell, 1972).
** The Newtonian effect corresponds to a direct gravitational attraction by air
masses on the gravimeter (Merriam 1992):
Ï(#, ) =

ä − ( + )®#ç

ä + ( + ) − 2( + )®#ç

$


(2.31)

where is the altitude of the atmospheric elementary volume of density %û and
spherical coordinates (Â ÷ , Å÷ ),  is the Newtonian constant of gravitation, # is the
angular distance between the gravimeter of coordinates (Â, Å) and the elementary
atmospheric mass.
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** The elastic effects at (Â, Å) is equal to:
²


°ä2ℎ±÷ − (´ + 1)±÷ çi±( ®#)
ú(#) = −
 
±³

(2.32)

For a comparison of 2D (surface loading), 2.5D and 3D models at two SG locations,
Strasbourg (France) and Djougou (Benin), we refer the reader to Hinderer et al.
(2014).
These loading computations are usually based on global models whose data
assimilation systems contain observations from ground stations, radiosondes,
satellites and many other sources; as for example the reanalysis models from the
ECMWF, http://www.ecmwf.int/.

* We have corrected for the gravity effect induced by polar motion using IERS data
(http://www.iers.org/). This signal, mainly composed of an annual term and the
14-month oscillation of the rotation pole (Chandler Wobble) is very well defined
by IERS data, although at a level of only 5 µGal/yr (or 0.01 µGal/day) it is not
important for gaps of less than a week or so.

A simple conversion is usually made between the coordinates’ (µ, ) amplitudes of
polar motion (k , k ) in radians and the gravity effect δg in µGal through the
centrifugal effect (Wahr, 1985):
u = u Ω²¢Ã´2Âäcos(k Å) − sin (k Å)ç

(2.33)

where (Â, Å) are station latitude and longitude, Ω the Earth’s rotation rate. u is the
gravimetric factor of degree-2, expressing the response of the Earth to the
variation of rotational potential and is equal to 1.16 for a purely elastic Earth,
whereas fitted solutions are usually closer to u = 1.18 (e.g. Loyer et al, 1999,
Harnisch and Harnisch 2006), that is to say closer to the response of an elastic
Earth with a static global ocean.

* We have finally subtracted the instrument drift. From an instrumental point of
view (e.g. Goodkind 1999) drift is likely to be either a linear or exponential
function of time, but its amplitude is not easy to predict. Drift in the spring
gravimeters is irregular and strong, even though in the 1980s they have
incorporated electrostatic feedback that considerably improved their linearity and
drift performance (Larson and Harrison 1986). For the SGs, drifts are
characterized by a small initial exponential followed by a small linear term.
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Representative values of instrument drift are usually less than 4 µGal/yr for the
linear part where these have been checked carefully with AGs.

Instrument drift is not to be confused with a secular change of gravity, even though
the two cannot be separated except using combined SG-AG observations. An
example of SG drift correction using parallel AG measurements at J9 is shown in
figure 2.3.2.
All these steps lead us to the gravity residuals series, which we then have to clean
from disturbances (as shown in figure 2.3.1).
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Fig. 2.3.2
2.3.2: Correction of the SG drift using 132 independent absolute
measurements, recorded in parallel at J9 Observatory. Upper plot: superposition of
AG measurements (red dots with the respective error bars) and the C026 residuals
(blue line). Lower plot: superposition of AG measurements and the C026 residuals
corrected from the estimated instrumental drift.
Once we have obtained all our gravity residuals series, we carried out the
treatment of the disturbances with the help of the TSOFT pre-processing package
developed by the Royal Observatory of Belgium (Van Camp and Vauterin, 2005) to
50

detect and visualize the disturbances in the data series, and to apply different
manual corrections to remove spikes and offsets, reduce the earthquake
perturbations and fill up gaps.

This software offers us the possibility of applying several manual corrections such
as linear and cubic interpolations, or removing steps or gaps.

Fig. 2.3.3
2.3.3: Graphical representation of the different correctors offer by TSOFT, in
unapplied state (upper) and in applied state (bottom). Left: linear and cubic
interpolations; middle: step; right: gap (from TSOFT manual).
Earthquakes: we corrected the residuals for any earthquake disturbance by
replacing it by a linear segment or by a cubic interpolation, depending on its
length.
Spikes: we also removed spikes contained in the signal by replacing them by a
linear interpolation.
Offsets: the offset correction (especially the one with small amplitude) is the most
delicate step and has always been debated because sometimes it is impossible to
decide without auxiliary information whether they are purely instrumental or due
to geophysical phenomena (e.g. rain). The consequences are important for the
study of the long term gravity changes because of the cumulative effect of the offset
corrections. In particular, the drift estimate of the SG will be affected by this effect.
One constraint can be introduced by repeating absolute gravity measurements at
the same site which will clearly help in determining the physical long term gravity
evolution (Hinderer et al., 2002).
Gaps: in our series, the smaller ones (up to some hours) have been filled up using
the local tidal model for the station, and the longer ones (from few days up to 10
months for the L&R ET005) were not filled up at all. In this case, the total series
remained divided into several blocks.
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The problem of data gaps is in fact different for spikes and offsets because the
information is missing rather than corrupted, leading to unevenly spaced data sets
with all the inherent restrictions in using standard codes such as ETERNA (Wenzel
1996b) or simply an FFT (Hinderer et al, 2002).

The processing explained above has been applied with several small differences
depending on the raw data and information available to us for each station:
- For the superconducting gravimeter stations, data were obtained from the GGP
database (http://isdc.gfz-potsdam.de/), so we disposed both of raw gravity and
pressure data, and all the necessary information such as the calibration factor and
the time delay specific for each gravimeter. Also some of the stations provided
information files indicating instrumental problems, offsets due to helium refills,
changes in the electronics, etc. This information is very useful when deciding
which type of corrections should apply to the series.
- Regarding the data from spring gravimeters, we had the air pressure
measurements at the different stations except at Walferdange, where 40 year
reanalysis data from the ECMWF were used (Uppala et al., 2005).

For these types of instruments, data were calibrated by comparing with theoretical
tides as suggested by (Goodkind 1996) (while the SGs were calibrated using
parallel absolute gravity measurements). Because these gravimeters underwent
several improvements during our study period, it was necessary to re-estimate the
amplitude calibration factors and the phase lags for each time block, while for SG
data a single value was used for the total series (except for stations where the
acquisition system has been updated and new phase lag had to be estimated for
the new system). Moreover the irregular and strong instrumental drift affecting
the spring gravimeters requires careful modeling, because of its impact on the
calibration errors.
Since the spring gravimeters are very sensitive to the changes of temperature and
air pressure, the thermal and atmospheric contributions are important for the
noise in the diurnal and semidiurnal bands. So to avoid these perturbations the
spring gravimeters should be installed in particular conditions. For example, at
Potsdam, the Askania GS15 222 gravimeter was installed in an insulating chamber
inside an airtight container, with a temperature stabilized about 23 ºC and a
relative humidity not higher than 40%. The ET-19 at Black Forest Observatory is
installed behind two airlocks in a container with an air-drying system, at a
constant temperature of 10 ºC stable to 0.003 ºC in the gravimeter vault. And the
ET-005 was installed in an isolated box thermostatically controlled at 35 ºC. The
box was located in a room at 25 ºC inside an old underground fort (J9
Observatory). The sealed box protected also the sensor against the direct influence
of barometric pressure variations.
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There are two different approaches used to solve problems in the data: the first
one consists on leaving gaps in the series when there is a problem in a segment.
The second one consists on removing the disturbances in the residuals and to fill
the gaps with a synthetic signal using a local tidal model.
In our case we have chosen the second approach (except for the really large gaps),
which indeed is the preferred approach within the gravity community, although it
requires more caution about what level of disturbances to correct or not. We have
chosen it in order to have a uniformly sampled time series for applying, as much as
possible, the same treatment to all gravity series (filtering, tidal analysis and
spectral comparisons). Mainly because it is more convenient dealing with
continuous data rather than series of data divided in sequences of blocks and gaps
and because computer algorithms are also easier to implement for continuous data
than for discontinuous ones.

The question of filling gaps and removing disturbances rather than maintaining the
integrity of the signal with a Least Square Spectral Analysis (LSSA) technique like
in Pagiatakis (2000) or with BAYTAP-G, which is a tidal analysis code using
Bayesian information adapted to data with irregularities in drift, occasional steps
and other disturbances (Tamura et al. 1991), is often a matter of debate, even if the
percentage of the disturbances and gaps is very small with respect to the data
length (mainly in the SGs series where the gap proportion is almost negligible, of
about ~2% for J9 series).

To estimate the impact that the manual correction of these disturbances (using
Tsoft) could have on the stability of the tidal analysis that we will compute in
chapter 4, we have performed the following test, which is shown in detail in Annex
A:
 We have generated a synthetic series for J9 station using DDW99 non
hydrostatic Earth’s model (Dehant et al., 1999) and NAO99 ocean model
(Matsumoto et al. 2000).
 This series has been degraded by adding Gaussian white noise (with a standard
deviation of 10 nm/s2), random gaps (up to 2500h in total, corresponding to
about 3% of our time length), 4 offsets of different size (5, 10, 15 and 20 nm/s2)
and 10% of spikes distributed all along the series.
 Finally, we have corrected this degraded series manually with the help of
TSOFT, in a similar way as we have done for all the observed series used in this
study.

We have performed similar tidal analysis on all these synthetic signals (pure
synthetic tides, synthetic tides degraded with white noise, synthetic tides degraded
with disturbances, synthetic tides degraded with both white noise and
disturbances and finally the worst degraded synthetic signal after manual
correction with TSOFT package). These tidal analyses have been performed using
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ETERNA 3.4 software on yearly segments shifted month by month, in all the series
and they have been used to compute the variability of the main diurnal and semidiurnal tides.
From the obtained time variability of the main diurnal and semi-diurnal tidal as
computed in Annex A, we can infer the following remarks:
- We found that the variations due to numerical effects in the tidal analysis are
almost negligible.

- We found that the presence of disturbances (offsets, spikes and gaps) increases
the variability. This variability is much higher when white noise is added.

- We found that the variations of delta-factors after manual corrections (preprocessing) are similar to the variations obtained from the noisy series before preprocessing. So no variability is added by the pre-processing itself.

Therefore, we can conclude that the corrections applied to our observed series do
not distort the tidal results that will be shown in the following sections. Thus, the
variations that we will study in chapter 4 on the tidal parameters, can neither be
due to numerical and analysis noise, nor to the pre-processing of gaps, spikes and
offsets. Rather, we will see that they are related to the noise contained in the signal
(Calvo et al. 2014a).
We then present the tidal analysis methods that were developed in the past and
the one that will be employed in this thesis.
2.3.2 Earth tides analysis
The Earth tides have been studied in different ways, although the background of all
analyses is based on the early development of tidal potential by George Darwin
(1883). About 1867, William Thomson (Lord Kelvin) introduced the method of
harmonic analyses, and it was Laplace who realized that tides might be expressed
by the cosine of an angle increasing uniformly with time, applying the essential
principles of the harmonic analysis to the reduction of high and low waters. In the
20th Century different methods appeared, such as the combinations of Doodson
(1921, 1954), the summations of Lecolazet (1956b, 1958a), the Pertsev’s method
(1958, 1961), before the development of the least squares method with Chjonicki
(1972) or Venedikov (1961, 1966a). Throughout the century, the tidal analysis
techniques evolved from the use of complicated analysis tables to determine a
restricted number of tidal parameters, to the modern tidal analysis, which are
computational methods. Nevertheless, most of the past and present methodologies
kept the basic Darwin principle unchanged (Melchior 1966).
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Essentially, tidal analysis consists of determining the tidal parameters (observed
amplitudes and phases) of tidal waves at specific frequencies using observed data.
An Earth tides analysis method basically establishes a comparison between the
theoretical gravity signal at a station (which is computed for a given Earth’s model;
for example the Wahr-Dehant-Zschau Earth model (Dehant 1987) is used in
ETERNA software) using the coordinates of the station and a tidal potential
catalogue and the cleaned observed tidal gravity signal, to estimate a suite of tidal
parameters for the station. However, as the oceanic tidal waves have practically
the same spectrum, they cannot be separated from the body tides and what we get
in our results is the superposition of both solid Earth and ocean tide effects.
The number of tidal waves that can be determined and the precision obtained in
our analyses depend on the record data length and on the noise characteristics of
the instrument used.
Spectral separation of tidal waves

The number of tidal groups that can be separated depends on the data length.
However, even if we have very long records it is not possible to determinate the
tidal parameters for each wave listed in the tidal potential catalogue. So, following
the Rayleigh-criterion we assemble the closest waves in groups assumed to have
similar properties. For each of these groups the tidal parameters are then
estimated.
In principle, two tidal frequencies 'and ' can be separated on an interval of ´
equally spaced observations if their angular speeds differ at least by 360º/´
(Rayleigh criterion).
(' − ' ) ≥ 360º

where T is the data length (number of samples n times the sampling rate ∆¸). It is
equivalent to request that their periods are within the interval  = ´ ∙ ∆¸
≥

Sampling rate

 ∙ 
 − 

Besides, the sampling interval of the records, ∆¸, limits the maximum frequency
that can be achieved because of the Shannon-Nyquist theorem. Hence a two-hour
interval between samples is well sufficient for the Earth tides analysis, although
the usual procedure is to use hourly readings. Because of the Nyquist-Shannon
criterion, for ∆¸ = 1h, the maximum frequency is 12 cpd (Nyquist frequency).
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The 1 minute sampling rate has been conventionally adopted by the GGP network
of superconducting gravimeters, even if most of the stations use higher sampling
rates from 1 to 10 seconds. A first decimation (after applying a low-pass filter to
avoid aliasing of high-frequency content) is then performed on the original data to
get one minute sampled data.
2.3.3 Modern tidal analysis software

As said before, an analysis program basically establishes a comparison between
the theoretical gravity signal for the station and the corrected observed tidal
gravity signal to estimate a set of tidal parameters for the station.

Currently, three programs are mainly used for Earth tidal analysis within the SG
community; two of them are based on the least squares approach: ETERNA
(moving window filtering and global evaluation of the tidal families following T.
Chojnicki) and VAV (non overlapping filtering and separation of the tidal families
following A. P. Venedikov), and the third one is based on a Bayesian method
(BAYTAP-G).

ETERNA. This package became the most popular one and its associated data
format became the official transfer format adopted by the International Centre for
Earth Tides (ICET). It was developed over many years by H. G. Wenzel (1994a,
1994b, 1996b), who generated a set of several FORTRAN codes for dealing with all
the common aspects of processing gravimeter data. Among these codes, ANALYZE
is the one used for tidal analysis, which is based on a method first developed by
Chojnicki (1972) and improved later by Schüller (1977).
It is based on a least squares adjustment to estimate simultaneously the tidal
parameters, the meteorological and hydrological regression parameters, the pole
tide regression parameters and the Tschebyscheff polynomial bias parameters for
drift determination. It is valid for all tidal components: potential, gravity, tilt,
strain, displacements. The user can decide to use different sampling rates, and also
can choose among different tidal development catalogues: from less than 400
waves (Doodson’s catalogue) up to more than 10,000 waves for the tidal potential
catalogue of Hartmann and Wenzel (1995).
The model used for least squares adjustment is:
*

 ∙  (¸± ) + ° © ∙
ß(¸) + (¸) = °()Ô ∙ ÎvÔ + +Ô ∙ Ï Ô ) + ° É
Ô³



Where

(¨)

(2.34)

ß(¸) = Observed gravity signal
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(¸)= Improvements to the observations

)Ô, +Ô = Linear form of unknown parameters (amplitude factor Ô  and phase

differences, lÔ  for each wave group ,:

)Ô = Ô ∙ cos lÔ
+Ô = Ô ∙ sin lÔ

ÎvÔ, Ï Ô = Factor of theoretical tidal parameters ÞÔ (amplitude) and ΦÔ (phase) for
each wave of frequency ø¶ in the wave group ,, starting with wave ¶ and ending
with wave ¶ :
0
¶∗ Þ¶ ∙ cos(2Æø¶ ¸ + Φ¶ )
ÎvÔ = ∑¶³¾
0

¦

0
Ï Ô = ∑¶³¾
¶∗ Þ¶ ∙ sin(2Æø¶ ¸ + Φ¶ )
0

¦

¶∗ = Amplification factor from digital highpass filter (equal to 1 if the drift is
approximated by polynomials)
É , =

© ,

=

Coefficients (É ) of TSCHEBYSCHEFF-polynomials  of degree 
Regression coefficients (© ) of additional channel number m (

)

A possible drift in the data can be eliminated by highpass filtering (the filter
coefficients for different numerical digital filters are included in the ETERNApackage) or is approximated by TSCHEBYSCHEFF–polynomials ( ) whose
coefficients (É ) are also estimated in the least square adjustment.
VAV. It is based on the method of tidal harmonic analysis called MV66, developed
by Angel P. Venedikov (1966a, 1966b), and its improvements through the
successive program code SV and NSV (Venedikov et al., 1997). VAV is also
widespread used for tidal analysis purposes. The last version of VAV was described
most recently by Venedikov et al. (2003; 2005). In addition to the modelling of the
tidal signal, according to the last published version, the following features of VAV
can be highlighted:
- Transformation of the observed data from the time domain into a time/frequency
domain and application of the method of least squares on the transformed data,
allowing frequency-dependent estimates of the tidal parameters.

- A flexible model of the drift calculated using low power polynomials in the
filtered data.
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- A model for the estimation and/or elimination of the effect of perturbing signals
such as the air pressure effect, through the own filtering process.

- Processing of data with arbitrary time step, and also with gaps without the need
of interpolation.
As it is explained in Venedikov et al. (2001), the fundamental idea of the program
consists in 2 steps:

1. Filtering of the original data on independent (without overlapping) intervals to
eliminate the drift and to transform the data in separate pairs of series, each pair
corresponding to one of the tides the user is interested in (a wide spectrum of
frequencies can be chosen by the user).
2. Processing of the filtered numbers by the method of the Least Squares applied in
the time/frequency domain. The series are processed independently, and the
parameters for each tidal species are determined individually, although
simultaneously (using all the separated tidal species in a single least squares
adjustment).

The original data set + is divided into ö intervals ()
 =  ,  … 1

of central epochs

Each interval contains ´ data points(´ ∙ ö = j = total number of data points), ´
differs between the intervals if the data are unequally spaced.

In a first stage of VAV, the hourly data (¸) in every () are transformed by
filtering into even and odd filtered numbers(á, ) , as shown by (2.33):
2

(á (),  ()) = °  (Ä) ( + Ä)

(2.35)

3³2

For hourly data we can define 12 frequency bands 0 ≤ ø ≤ 11 õl

Due to the use of a time window ∆ we can relate the processing in an initial stage
to a limited number of basic frequencies that we denote as Ω = Ω , … Ω5 .

For evenly spaced data, VAV uses the same filters for all () while for unevenly
spaced data, the filters are built up separately for every ():
The transformation in the time/frequency domain of the tidal data is a classical
idea which was already used by Doodson (1928) and Lecolazet (1958a). These
methods applied narrow band-pass filters, aimed to separate perfectly the main
tidal species, concentrated at the first frequencies. The VAV program applies more
simple filters that used in MV66 and NSS, closer to cosine/sine Fourier filters,
which do not attempt to get a complete separation of the main tidal species.
58

VAV constructs the filters as follows; first stage consists in the creation of the
cosine/sine complex vectors, for a given () and all frequencies Ω
(, Ω) = (úµõ(ÃΩ¸ ) … úµõ(ÃΩ¸± ))Ü ,

Ω = Ω , … , Ω5

(2.36)

Later, VAV transforms the (, Ω) into the filters ø(, Ω); which are vectors with
the same structure as (, Ω): The transformation is made as follows:
(i)

(ii)

(iii)

ø(, Ω) is a linear combination of õ(), (, Ω ), … , , Ω5 ,
ø(, Ω ), … , ø, Ω5  are orthonormal, so that;

© ø(, Ω¶ )Ü © ø , ΩÔ  = kø(, Ω¶ )Ü k, ΩÔ  = 6

0 ø®¢ Ã ≠ ,8
1 ø®¢ Ã = ,

with respect to the matrix of drift coefficients õ(), ø(, Ω)Ü õ(¸) = 0

when Δ = 24 ℎ; Ω = 15, 30, 45, 60, 75, 90 l /ℎ , for evenly hourly data we have
the trivial transformation:
ø(, Ω) = (, Ω)92⁄Δ

These are pure cosine/sine filters, having also the property.
ø(, Ω¶ )∗ , ΩÔ  = :

0 ø®¢ Ã ≠ ,

9Δ⁄2 ø®¢ Ã = ,

8

Which implies that the filter ø(, Ω¶ ) amplifies its corresponding frequency Ω =
Ω¶ and eliminates all other main frequencies.
For other situations, we have some deviations from this last equation.

The application of the filters ø(, Ω) on the () consists in the computation of the
complex filtered numbers
á(, Ω) = ø(, Ω)Ü ()

(2.37)

Once that filters have been applied, VAV implements the least squares on (á, ) as
if (á, ) are the observations. As a result, it provides the estimates of the
unknowns, in which we are interested, the adjusted (á;, ;) of the observed (á, )
and the residuals
∆á () = á () − á; ()
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∆ () =  () −  ()

for all the values of  and ø.

BAYTAP-G. This method was developed by Tamura et al., (1991) during the 1980s.
It is based on a method called Bayesian prediction from Harrison and Stevens
(1976) adapted to the use of Earth tide data. The user can choose between the tidal
potential catalogues of Tamura (Tamura 1987) or Cartwright-Taylor-Edden
(1973).

It is a hybrid method using a combination of harmonic series and the response
method (Lambert 1974) to estimate the various components of a gravity record.
These components (tidal parameters, drift and meteorological parameters) are
estimated through an iterative method similar to least squares adjustment, by
minimizing the term (Tamura 1990) using Akaike’s Bayesian Information Criterion
(Akaike, 1979, Tamura et al. 1991):
±
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(2.38)

where:

Þ ´l ù are the linear expressions of the unknowns amplitude factor and phase
lead for each k of the M groups at all.
ÎÔ ´l ÏÔ are computed from the tidal potential catalogue using all j waves
contained in the mth wave group.

The tidal part is subtracted from each observation ¶ (n datapoints in total)
together with the drift-value l¶ and the term describing the influence of additional
channels µ(¸) onto the measurement. É and WEIGHT are called hyperparameters
and can be defined in the parameters file.

60

2.3.4 Comparative analysis ETERNA 3.4/VAV
Dierks and Neumeyer (2002) compared all three programs using both synthetic
data and a 1-year observed SG data set from station Sutherland (SU). They found
the performance of the three programs to be similar, but with different treatments
of the statistics between signals (tides, air pressure, and drift) and residual gravity.
Also, several comparisons exist between ETERNA and VAV programs (Ducarme et
al. 2006b). Ducarme pointed out that the computation of the root mean square
errors (RMS) carried out by ETERNA was not done in the most appropriate way in
the least square method. Wenzel improved the program, and here we used the
latest version, ETERNA 3.4, which was corrected for the error in the SNR
computation.

In our case, we have realized several comparisons between ETERNA 3.4 and VAV
06 software to compare their results in terms of delta amplitudes and phase
differences. We don’t take into account the differences obtained in term of error
evaluations, because both programs estimated them in a different way; VAV
evaluate it through the RMS error on the unit weight Ï , while least square
solutions generally underestimate the errors as they suppose a white noise
structure and uncorrelated observations i.e. a unit variance-covariance matrix
(Ducarme e al. 2006b).
Program BAYTAP-G was discarded because it is not able to use more than 31 wave
groups, and in the next sections we will be interested in analyzing as many waves
as possible using very long records.
Synthetic data; first, we have generated synthetic series for J9 station using an
elastic DDW99 non hydrostatic Earth’s model (Dehant et al., 1999) and the tidal
potential catalogue from Hartmann and Wenzel (1995):
 A short series of 1 month data
 A medium series of 1 year data
 A long series of 10 years data

Observed data; we have selected data intervals from the total record in J9
Observatory, with the same length as the theoretical records:
 A short series of 1 month data
 A medium series of 1 year data
 A long series of 10 years data

(2001/01/01 – 2001/01/31)
(2000/01/01 – 2000/12/31)
(1997/01/01/ - 2006/12/31)

All these series have been analyzed using ETERNA 3.4 and VAV 06 software. The
wave grouping used was the same in both cases.
- In a first step, all analyses have been carried out using Tamura’s catalogue in both
software.
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- In a second step, new ETERNA analyses have been carried out with Hartmann
and Wenzel’s (HW) catalogue.
The obtained results for 1 month data are compared in Table 2.3.1 for the
synthetic data and in Table 2.3.2 for the observed data. The results for the more
detailed analysis of 1 year and 10 year data are shown in Annex B.
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Synthetic data

* 1 month data

Table
Table 2.3.1
2.3.1: Comparison of the results (amplitude factor, phase differences and standard deviations) obtained in the diurnal band (up)
semi-diurnal band (middle) and ter-diurnal band (down) for the same synthetic data series (1 month data) using VAV 06 (left columns),
ETERNA 3.4 with TAMURA catalogue (middle columns) and ETERNA 3.4 with HW catalogue (right columns).
Diurnal
Q1
O1
K1
J1
OO1
Semi
diurnal
2N2
N2
M2
L2
S2
Ter
diurnal
M3

δ
1.1510
1.1523
1.1363
1.1579
1.1753

VAV 06
MSD
κ
0.0008 0.0220
0.0002 0.0070
0.0001 -0.0970
0.0016 0.2870
0.0064 -0.5920

MSD
0.0370
0.0090
0.0110
0.0810
0.3100

δ
1.1533
1.1532
1.1322
1.1558
1.1542

VAV 06
δ
1.1570
1.1573
1.1571
1.1543
1.1575

MSD
0.0006
0.0002
0.0000
0.0016
0.0001

κ
-0.0430
0.0130
0.0050
0.1720
0.0260

VAV 06
MSD
δ
1.0697 0.0015

ETERNA (TAMURA)
stdv
κ
0.0001 -0.0068
0.0000 -0.0074
0.0001 -0.0162
0.0004 -0.0152
0.0012
0.2339

stdv
0.0064
0.0016
0.0061
0.0180
0.0616

δ
1.1534
1.1532
1.1322
1.1552
1.1545

ETERNA (TAMURA)
MSD
0.0320
0.0090
0.0020
0.0810
0.0110

δ
1.1569
1.1575
1.1574
1.1583
1.1574

stdv
0.0003
0.0001
0.0000
0.0007
0.0001

κ
-0.0230
-0.0168
-0.0066
0.0500
-0.0118
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stdv
0.0001
0.0000
0.0001
0.0002
0.0006

ETERNA (HW)
stdv
0.0137
0.0036
0.0009
0.0363
0.0069

ETERNA (TAMURA)

MSD
stdv
κ
δ
0.2890 0.0790 1.0695 0.0003

ETERNA (HW)
stdv
κ
0.000001 0.0001
0.000000 0.0002
0.000001 0.0002
0.000004 0.0001
0.000013 0.0008

δ
1.1575
1.1575
1.1575
1.1575
1.1575

stdv
0.000001
0.000000
0.000000
0.000003
0.000001

κ
0.0004
0.0004
0.0004
0.0003
0.0004

stdv
0.0001
0.0000
0.0000
0.0002
0.0000

ETERNA (HW)

stdv
stdv
stdv
κ
δ
κ
-0.0529 0.0172 1.0694 0.00001 0.0005 0.0003

Observed data

* 1 month data

Table 2.3.2
2.3.2: Comparison of the results (amplitude factor, phase differences and standard deviations) obtained in the diurnal band (up)
semi diurnal band (middlel) and ter diurnal band (down) for the same observed data series recorded at J9 (1 month data, 2001/01/01–
2001/01/31) using VAV 06 (left columns), ETERNA 3.4 with TAMURA catalogue (middle columns) and ETERNA 3.4 with HW catalogue
(right columns).
Diurnal
Q1
O1
K1
J1
OO1
Semi
diurnal
2N2
N2
M2
L2
S2
Ter
diurnal
M3

δ
1.1476
1.1495
1.1422
1.1667
1.1793

VAV 06
MSD
κ
0.0019 -0.2520
0.0005
0.0770
0.0002
0.1920
0.0041
0.3470
0.0161 -0.4320

MSD
0.0930
0.0230
0.0290
0.2040
0.7770

δ
1.1495
1.1503
1.1383
1.1631
1.1611

VAV 06

δ
1.1529
1.1733
1.1880
1.2079
1.1901

MSD
0.0016
0.0005
0.0001
0.0041
0.0003

κ
2.6560
2.6330
2.1680
3.5600
0.6720

VAV 06
MSD
δ
κ
1.0664 0.0033 0.9630

ETERNA (TAMURA)
stdv
stdv
κ
0.0006 -0.3116 0.0287
0.0001 0.0629 0.0070
0.0005 0.2763 0.0272
0.0017 0.1266 0.0803
0.0056 0.4141 0.2742

δ
1.1496
1.1503
1.1383
1.1625
1.1613

ETERNA
ETERNA (TAMURA)
MSD
0.0810
0.0220
0.0050
0.1960
0.0280

δ
1.1544
1.1730
1.1883
1.2076
1.1893

stdv
0.0011
0.0003
0.0001
0.0029
0.0006

κ
2.6306
2.6043
2.1523
3.2865
0.6723

ETERNA (TAMURA)
(TAMURA)
MSD
stdv
δ
κ
0.1690 1.0633 0.0063 0.4561
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ETERNA (HW)
stdv
κ
0.0005 -0.3048
0.0001 0.0704
0.0005 0.2927
0.0016 0.1417
0.0052 0.1801

stdv
0.0271
0.0066
0.0257
0.0757
0.2584

ETERNA (HW)
stdv
0.0545
0.0140
0.0034
0.1379
0.0268

δ
1.1549
1.1730
1.1884
1.2068
1.1893

stdv
0.0012
0.0003
0.0001
0.0032
0.0006

κ
2.6538
2.6214
2.1593
3.2380
0.6847

stdv
0.0600
0.0154
0.0037
0.1522
0.0296

ETERNA (HW)
stdv
stdv
stdv
δ
κ
0.3411 1.0632 0.0062 0.5098 0.3351

In both cases, using theoretical or observed data, the numerical results for the
amplitude ratio and phase difference obtained with VAV 06 do not significantly
differ to those obtained with ETERNA 3.4. (<0.08% for vand 0.02% for j for
theoretical data, and <0.07% for vand 0.02% for j for observed data) Also the
results from ETERNA 3.4 using different tidal potential catalogues (TAMURA or
Hartmann & Wenzel) are almost same, being the ones with HW potential the more
accurate.
We can conclude that none of these softwares is clearly better than the other.
Nevertheless, we have chosen to use ETERNA 3.4 all along this thesis instead of
using VAV 06, mainly due to the fact that ETERNA 3.4 allows us to use the newest
tidal potential catalogue from Hartmann and Wenzel (1995), which is not possible
with VAV.
We have finished introducing the theory, the methods and the instruments. Before
turning to the analyses of real data and to the results we have obtained during this
thesis, we will present the gravimetric observatory in Strasbourg which has been
our reference site for various studies.
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Throughout this thesis we analyze data recorded by different types of gravimeters
installed in several gravimetric stations located in Europe. The gravity records at
the station in Strasbourg will be studied more in detail and we will use this station
as comparison site to study the differences and improvements between data sets
obtained from different kinds of gravimeters. Therefore in this section we will deal
with some historical aspects and will show some major results obtained at the two
Gravimetric observatories, belonging to the EOST (Ecole et Observatoire des
Sciences de la Terre), located in Strasbourg along the last six decades.
There is a traditional gravity recording of Earth tides at Strasbourg which was
initiated by Pr. Robert Lecolazet (1910 – 1990) in the 50s. Since 1937 he was
working at the ‘Institut de Physique du Globe de Strasbourg (IPGS)’. After 1948 he
focused his work in the gravity field, especially devoted to the study of Earth tides.

Hence since the 1950s, the surface time gravity changes have been measured
locally using different kinds of gravimeters (spring, absolute and superconducting
types) at two different stations (figure 3.0); first in the Seismological Observatory
of Strasbourg for almost 20 years and later on in the 70s at the J9 Observatory, 10
km far away from Strasbourg city. Over these years many kinds of improvements
have been observed in terms of instrumentation, of tidal potential developments
and more specifically in terms of data analysis techniques, which have allowed
obtaining some fundamental results as we will see later.

Fig. 3.0:
3.0: Summary of the time periods when various gravimeters have been recording at the Seismological Observatory of Strasbourg
(1954-1967), and later at J9 Observatory (1970-today).
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3.0 Gravimetric tides before 1954

΄Le Bureau des Recherches Géologiques et Géophysiques a fait
procéder durant quatre jours, du 5 au 9 juillet 1948, à une longue
série de mesures de la gravité en un même point. Les déterminations,
effectuées d’heure en heure, avaient un double objet : d’une part,
examiner le comportement du gravimètre ‘North-American’ au point
de vue de la stabilité et de la sensibilité ; d’autre part, étudier
l’influence de l’action luni-solaire sur les mesures gravimétriques de
précision. Le Service Hydrographique de la Marine, en se chargeant
du dépouillement des résultats, a permis de donner à cette
expérience une portée plus générale.˙

We transcribed in this epigraph the beginning of the text from Bollo and Gougenheim
(1949). This text, which is one of the first texts published in Europe, describes the
state of the study of tidal gravity at that date. It even reproduces the same title as an
article of Truman (1939) published in the United States, which somehow marked the
renewal of the instrumentation developed since the design of the zero-length spring
gravimeter, invented by Lucien Lacoste in 1934.

The data shown by Bollo and Gougenheim were not, of course, the first
measurements of the Earth’s tides. It is easy to scan the previous results, through the
reports on the tides of the Earth’s crust presented by W. D. Lambert, in the reports of
the International Union of Geodesy and Geophysics (IUGG).
Rebeur (1882) estimated a γ factor using a pendulum measurement, registered at
Strasbourg. But the first measurement using data recorded by gravimeters was made
in 1913 by Schweydar with a bifilar gravimeter in Potsdam. He found a value of
δ=1.20 for the gravimetric factor (Schweydar, 1914a).
Almost 20 years later, there were new observations by Tomaschek and Schaffermigh
at Marburg, using also a bifilar gravimeter. Unfortunately their results were not good
and they found δ < 1 (Lambert, 1936).
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These early works seem to have been intended for research on the Earth’s elasticity
and especially to improve the knowledge of Love numbers insofar as the combination
(1 +  ∙ ℎ), which were already known from the observation of the deflection of the
vertical.
From the 1935s began a study of gravity anomalies to better constrain geophysical
exploration using more accurate and portable instruments. However, to achieve
greater precision it was also necessary to correct the measurements of tidal effects.
This was a major cause to boost interest in the study of Earth’s tides.

There were many trials, but the most significant results were those of Truman
between 1936 and 1937 (Lambert 1939), where he found an average δ=1.13. And
also the works performed in USA by the ‘Gulf Research and Development
Corporations’ in 1939, described by Eckhardt (Lambert 1939) where using 11 gravity
records, they found an average δ=1.57, ranging from 1.36 to 2.25.
In France, the first campaigns to obtain a map of gravity anomalies began in 1940 and
persisted after the 2nd World War. This led to the paper cited above (Bollo and
Gougenheim, 1949) where they presented a four day series registered at Chambon la
Forêt, 100 km south of Paris, using a North American gravimeter. These results were
indicative of the state of the art (figure 3.1)

Fig. 3. 1: Theoretical (lower plot) and observed (upper plot) gravity variations from
5/07/1948 to 9/07/1948 at Chambon la Forêt Observatory.
Few years later, in 1953 Prof. R. Lecolazet from IPGS acquired a North American
gravimeter to be used for teaching geophysics, but also for the study of tidal gravity.
Thereby, the studies of Earth’s tides begun in Strasbourg.
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3.1. Seismological Observatory of Strasbourg (1950(1950-1970)
The first location where Pr. R. Lecolazet chose to install permanent gravimeters to
record Earth tides was inside the Seismological Observatory of Strasbourg (figure
3.2), a building belonging to the University of Strasbourg in the city center (48.583 N,
7.767 E, 138 m). The first observations were carried out in 1954 using a spring
gravimeter, the North American 138, which was equipped with a photographic
recording device (figure 3.3).

Fig. 3.2
3.2: Building of the Seismological Observatory of Strasbourg, where the first
spring gravimeter devoted to record gravity Earth tides was installed.

Fig. 3.3
3.3: North American 138 which was installed at the Seismological Observatory of
Strasbourg in consecutive periods from 1955 until 1967.
Pr. Lecolazet and co-workers obtained more than 5 months of consecutive record,
precisely 163 days from October 1954 to March 1955. This series was published as
the longest series recorded at that time (Lecolazet, 1956a, Melchior 1957). Since then,
they continued to gradually improve their equipment obtaining longer and better
data series. In November 1964 they installed the sensor in an isolated box
thermostatically controlled. The gravimeter was equipped, among other
improvements, with a permanent electrostatic calibration device. Moreover the
photographic recording system was highly improved. As expected, the instrumental
drift became much more regular and decreased, making it possible to study longperiod waves.
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3.1.1. Observation of Long Period tidal waves
Since November 1964 this gravimeter was continuously recording for almost 3 years.
Using the first 13 months of this series, they were able to observe for the first time
the monthly, fortnightly and ter-monthly tidal waves Mm, Mf and Mtm (figure 3.4 Lecolazet and Steinmetz, 1966). These first results were still not precise enough but
were very encouraging. Such observations were possible not only because of the data
quality, but also because of the use of new techniques of signal processing.

Fig 3.4
3.4: First observation of the monthly, fortnightly and ter-monthly waves Mm, Mf
and Mtm, using the 3 year series recorded by the North American 138 gravimeter
installed in Strasbourg from 1964 until 1967 (extracted from Lecolazet and
Steinmetz, 1966). Upper plot: theoretical waves. Medium plot: observed waves.
Lower plot: observed air pressure variation.
The North American 138 continued recording at the same site until 1967. Another
North American gravimeter (NA 167) was recording in parallel during 82 days at the
end of 1957 and beginning of 1958. The aim was to study and compare the sensitivity
and accuracy of both instruments (Lecolazet 1958b). Using the last period of data
recorded by the North American 138 (1012 days between November 1964 and
August 1967) they were able to observe the Free Core Nutation resonance (section
3.1.2).
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Finally, we have to mention that a Geodynamics model, the GEO730 owned by J.T.
Kuo, recorded during 79 days between September and December 1970. Within the
international context of the station, these data were included in different
international tidal gravimetry profiles and networks (Melchior et al., 1976, Melchior
et al., 1981).
3.1.2. First observation of Free Core Nutation resonance with gravimetric data
As previously described, the fluid core resonance phenomenon affects the amplitude
of the tidal waves close to the Free Core Nutation (FCN) period in the diurnal
frequency band. As the rest of the gravity community, Lecolazet became interested in
searching evidence for the FCN in gravity records after the theoretical works of
Jeffreys, Vicente and Molodensky in the middle of last century, concentrating much
effort to try to detect it in the data series recorded at Strasbourg station.

In a first step, the study of the existence of the Earth’s FCN focused on the relative
values of the gravimetric delta factors δ of the main diurnal tides (O1 and K1).
Lecolazet initiated the search for a clear evidence of the FCN by its associated
resonance effects on the diurnal tides using the 5-month data recorded with the
North American AG 138 from October 1954 until March 1955. Unfortunately, the first
results he published were in disagreement with the theoretical models (Lecolazet
1957, Melchior 1957). Two years later, using the series from 1957 to 1958, he
published the first clear observation of δ(O1) > δ(K1) in agreement with Jeffreys’
theory (Lecolazet, 1959). Then Lecolazet (1960) obtained even better results using
the complete series of 860 days of the NA 138 registered between August 1957 and
December 1960.

In a second step, once the existence of this resonance was confirmed, efforts were
focused on the search for its frequency. After some failed attempts (Lecolazet and
Steinmetz, 1973) where they were not able to locate correctly the frequency,
Lecolazet and Steinmetz published in 1974 the first results of the discovery of the
resonance of the core (Lecolazet and Steinmetz, 1974) determining that it would be
either between K1 and PSI1, or between K1 and PHI1. In both publications they used
the same dataset, i.e. almost 3 continuous years between 1964 and 1967 obtained
with the North-American AG 138 installed at the Seismological Observatory in
Strasbourg. The major difference in the results was then due to the different
methodology used in the data analysis; in 1974 they performed a tidal analysis using
an improved least-squares method proposed by T. Chojnicki (Chojnicki, 1972), which
is based on Venedikov’s method of tidal analysis (Venedikov 1961, 1966b).
These results were then much improved by using a longer series recorded between
1973 and 1975 with a LaCoste-Romberg Earth-Tide gravimeter (LR-ET005),
equipped with a feedback system installed at the J9 Gravimetric Observatory of
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Strasbourg, definitively confirming that the FCN frequency lies between K1 and PSI1
frequencies (Abours and Lecolazet, 1978, Lecolazet and Melchior, 1977).

The instrumental precision of the LR-ET005 was not only better than that of the
North American, but also the tidal analysis technique was improved with the help of
computer processing conducted at the International Center for Earth Tides, where the
Chojnicki's least-squares procedure was applied and complemented with a spectral
analysis of the residuals.
Since then, developments in both theory and observations have allowed substantial
improvements in the estimation of the FCN resonance parameters, especially with the
development of the superconducting gravimeters (SGs) in the 80s.
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3.2. Gravimetric Observatory of Strasbourg J9 (1970s - today)
At the beginning of the 70s, R. Lecolazet and co-workers decided to move the
gravimetric observatory to a quietest place situated outside the city. The chosen place
is located about 10 km from Strasbourg in a bunker named J9 (figure 3.5) built by the
Germans after the 1870 war on the top of a sedimentary hill (48.622 N, 7.684 E, 180
m).

Fig.
Fig. 3.5
3.5: Pictures of the outside and the inside corridor of the bunker J9, where the
gravimetric observatory is located.
The new gravimetric observatory is settled at J9 since 1970. Thereafter, time-variable
gravity variations have been observed and recorded at J9 with various spring and
superconducting gravimeters (figure 3.6). Besides, since 1997, absolute gravity
measurements are also performed regularly. During this long period, the relative
gravimeters (sensors and electronics) and the acquisition systems were drastically
improved. These improvements allowed increasing the measurement accuracy by
more than 10 times (Calvo et al. 2014b).
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Fig. 3.6
3.6: Time-varying gravity measured at the Gravimetric Observatory J9, located
near Strasbourg, from 1970 to 2013. The first 3 series were recorded by spring
gravimeters: Askania model in brown, Geodynamics model in black and Lacoste and
Romberg model in green. The last 2 series were obtained by superconducting
gravimeters: TT70 model in red and C026 model in blue.
3.2.1. Spring gravimeters
The first 10 years of observations were carried out by different models of spring
meters: the first one was an Askania gravimeter belonging to M. Bonatz, ASK206,
which was recording for 77 days at the end of 1971 and beginning of 1972. After that,
a Geodynamics gravimeter GEO721, was installed by P. Melchior and J.T. Kuo during
82 days in 1973. Later a Lacoste&Romberg ET005 (figure 3.7) modified in order to
record Earth tides by R. Lecolazet and J. Gostoli in 1970 with an electrostatic feedback
system and a digital recording, was recording with a sampling rate of 1 hour (J.
Gostoli, 1970). This later gravimeter was operational during two periods of 2100 and
1120 days respectively from October 1973 until middle 1985. This series was used in
several studies, including the observation of the FCN resonance as seen in section 6.3.

As we have already explained in section 2.2.2, the spring meters are too sensitive to
the changes of temperature, so to avoid such perturbations the L&R ET005 was
installed in an isolated box thermostatically controlled. The box was located in a room
itself thermally stable of the underground fort; the sealed box protected also the
sensor against the direct influence of barometric pressure variations. This gravimeter
was calibrated by a direct comparison with an Askania gravimeter GS15 in 1972
(Abours, 1977).
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2015

Fig 3.7
3.7: Pictures of the thermal insulated boxes where the spring gravimeters L&R
ET005 (left picture) and the L&R ET11 (right picture) were installed at J9
Observatory.

More recently, there have been also different spring gravimeters temporarily
installed in J9, such as the Microg-LaCoste gPhone 054 owned by IGN-Spain (figure
3.8) and which was recording for almost 1 year between 2008 and 2009 (Riccardi et
al., 2011). A LaCoste & Romberg Graviton-EG1194 from Instituto de Geociencias
(CSIC, UCM) of Spain was operating there for 3 months during 2011, aiming to check
its instrumental response, both in amplitude and phase as well as its time stability
(Arnoso et al., 2014). Currently a Lacoste-Romberg ET11, belonging to BFO was
installed by W. Zürn and is recording since 2012 (figure 3.7- right).
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Fig 3.8
3.8: Spring gravimeter Microg-LaCoste gPhone 054 owned by IGN-Spain, installed
at J9 Observatory between 2008 and 2009.
3.2.2. Superconducting gravimeters

Since 1987 two different superconducting gravimeters have been recording in two
consecutive periods at J9. The first superconducting gravimeter was a TT70 model
from GWR Instruments installed in 1987. This meter was recording for almost 10
years. Using the first 8 years of this series, Florsch et al. (1995) were able to observe
for the first time 3 of the quart-diurnal tidal waves M4, N4, K4 (degree 4 and order 4)
with extremely small amplitude. Later on, Boy et al. (2004) definitively confirmed
these observations by comparing observed gravity changes with loading estimates
using different models of non-linear tides over the North-Western European shelf.
The loading contribution of non-linear oceanic tides has already been clearly
observed using measurements from spring gravimeter (Baker, 1980). In 1990,
Wenzel and Zürn identified tidal terms of 4th order in the 1 to 3 cycle/day frequency
bands using the data from the Lacoste-Romberg ET19 installed in the Black Forest
Observatory (Wenzel and Zürn, 1990) but thanks to the high precision of SG data,
Florsch et al. (1995) could also identified quarter-diurnal tidal waves (degree and
order 4) of lunisolar origin (figure. 3.9).

Fig.
Fig. 3.9
3.9: Gravity spectra recorded by the T005 SG at Strasbourg (France) and Cantley
(Quebec) and comparison with that of the theoretically predicted tide calculated at
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Strasbourg, highlighting 3 of the quart-diurnal tides waves M4, N4, K4. Extracted from
Florsch et al. 1995.

In 1996 this SG was replaced by a more compact model, the C026, which is still
recording. These data are continuously collected within the global GGP (Global
Geodynamics Project) network (Crossley et al., 1999). As explained in section 2.2.2,
SGs are using magnetic levitation against gravity on the contrary to the mechanical
meters which use a spring. The SG long term stability is hence much better than in the
case of spring meters mainly because of the unavoidable creep of the spring whatever
its constitutive material (Torge 1989). The high sensitivity of the SGs is achieved by
an efficient adjustment of the vertical magnetic gradient, so compared to the spring
instruments, the superconducting gravimeters are characterized both by a higher
accuracy and a significantly lower instrumental drift.

Fig.
Fig. 3.10
3.10:
10: Superconducting gravimeters installed at the J9 Observatory. Left one: TT70
model (T005). Right one: compact SG model (C026).

As we will see later on in section 4.3, the model C026 was also improved with respect
to the previous T005 version in terms of noise levels (Rosat et al., 2002) and drift
rates (Amalvict et al., 2001) both because of the instrument itself and also the data
acquisition system upgrade. The high quality of this gravimeter records has allowed
to carry out extensive researches on different topics in global geodynamics such as
the study of global Earth deformation (tides, loading, etc.), non-linear ocean tides
(Boy et al. 2004), hydrology (Longuevergne et al., 2009, Rosat et al., 2009a) and
metrological aspects such as calibration (Amalvict et al., 2002), long-term drift
determination (Amalvict et al., 2001; Boy et al., 2000), noise level estimates (Rosat et
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al., 2004; Rosat and Hinderer, 2011) and comparisons with other temporarily
instrumentation like the gPhone previously mentioned (Riccardi et al. 2011) and the
L&R Graviton-EG (Arnoso et al., 2014; Rosat et al., 2014).
Considering only the J9 Observatory, we have almost 40 years of time-varying gravity
record, more than 26 years of which have been registered with superconducting
gravimeters, leading to the longest series ever recorded by SGs.
Later on, in chapter 5 (Contribution of long series to tides studies) we will show the
importance of long records.
3.2.3. Absolute gravimeters
Since 1997, there is also a portable absolute gravimeter FG5 # 206 manufactured by
Micro-g Solutions which is regularly measuring at the J9 Observatory in parallel with
the SG, but also at different sites in France and abroad. The main purposes of these AG
measurements performed at J9 are the drift control and the calibration of the
superconducting gravimeter (C026).

To determinate the instrumental drift of SGs, the long-term behavior is constrained
by regular absolute gravity measurements, which are performed in parallel. For the
T005, the absolute measurements were carried out by J. Mäkinen with the absolute
gravimeter JILAg-5 belonging to FGI (Finnish Geodetic Institute). We only dispose of
6 measurements for all the T005 period. For the C026, there have been numerous
absolute measurements since its installation with instruments of the new generation
of ballistic gravimeters, mainly the FG5#206. There was also one measurement
realized in parallel with both instruments (JILAg-5 and FG5#206) in 1996 for
comparison.

Fig.
Fig. 3.11
3.11:
11: Picture of both absolute gravimeter models, JILAg-5 and FG5#206 during
the co-located measurement made in 1996 at J9 Observatory.
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The SG gravity residuals obtained after removing the local tides, polar motion and
atmospheric pressure effects are plotted in figure 3.12 with the corresponding
parallel absolute gravity measurements.
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Fig. 3.12
3.12:
12: Superposition of SG gravity residuals (blue continuous line) with AG
measurements (red dots with error bars) (left) between SG (T005) and AG (JILAg-5)
for the period 1987–1996, (right) between SG (C026) and AG (FG5#206) data for the
period 1996–2014. Please note that the instrumental drift was removed from these
superpositions.
We have also used the AG measurements to determine the SG amplitude scale factor.
Several scale factor experiments of different durations (from several hours to 9 days)
were regularly performed since 1996. These results allow us to discuss the time
stability of the calibration of the SG (Hinderer et al., 1991a; Amalvict et al., 1999,
2001, 2002; Calvo et al., 2014b). Due to the importance of the time stability of the
scale factor of the SGs, a detailed study using these experiments is carried out in
section 4.5.

Furthermore, these absolute measurements have been combined with GPS data or
hydrological data in different studies to investigate the long term evolution of gravity
that was observed at J9 (Amalvict et al., 2004; Rosat et al., 2009).
In addition to all the gravimetric instrumentation, there are other auxiliary
instrumentation installed at the observatory, such as a weather station, GPS
permanent antenna, and different hydrological sensors (piezometers, soil moisture
sensors).
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4.1. Introduction
As we will see in section 5, long gravity records are of great interest when performing
tidal analyses. Indeed, long series enable to separate contributions of near-frequency
waves (the frequency resolution is the inverse of the data length) and also to detect
low frequency signals (e.g. long period tides and polar motion) (the lowest detectable
frequency is also the inverse of the data length). In addition to the length of the series,
the quality of the data and the temporal stability of the noise are also very important.

In this section we use some of the longest gravity records available in Europe to study
the time stability of the response (instrument + Earth) to tidal forcing. We expect this
response to be solely dependent on the stability of the instrument and merely to
geophysical phenomenon. The stability at each station is investigated using the
temporal variations of the tidal parameters (amplitude factor and phase difference)
for the main diurnal and semidiurnal tidal waves (O1, P1, K1, M2, S2 and K2) as well as
for the M2/O1 delta factor ratio. This ratio, being independent of the instrumental
calibration, is a very good indicator of the stability of the instrument. Once the time
variability of these temporal series has been estimated, we have to consider the
possible origins of time varying tidal parameters (instrumental noise, numerical
effect, analysis effect, pre-processing effect, geophysical effects, etc…).
Most of the results described in this chapter have been published in Calvo et al.
2014a.

To carry out these studies, we used 3 data sets recorded with different models of
spring gravimeters in Black Forest Observatory (Germany, 1980-2012), Walferdange
(Luxemburg, 1980-1995) and Potsdam (Germany, 1974-1998) as well as several
superconducting gravimeters (SGs) data sets, with at least 9 years of continuous
records, at different European GGP (Global Geodynamics Project) sites (Bad
Homburg, Brussels, Medicina, Membach, Moxa, Vienna, Wettzell and Strasbourg).
The long term stability of the tidal observations is also dependent on the stability of
the scale factor of the relative gravimeters. Unluckily, we only have a long series of
calibration experiments for the SG C026 installed at the J9 Gravimetric Observatory of
Strasbourg. Therefore we have checked the time stability of the scale factor for the SG
C026 using numerous calibration experiments carried out by co-located absolute
gravimeter (AG) measurements during the last 15 years. The reproducibility of the
scale factor and the achievable precision are investigated by comparing the results of
all these calibration campaigns.
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4.1.1 Stations
Temporal gravity variation measurements have been a long historical tradition in
Europe with some sites recording for decades. Among the oldest gravity stations we
can quote Walferdange (Luxembourg), the Black Forest Observatory (BFO, near
Schiltach, Germany), Potsdam (in Germany) and J9 (10 km north of Strasbourg,
France) where various kinds of gravimeters have been recording. Since the
development of the Global Geodynamics Project in 1996 (Crossley et al. 1999), many
Superconducting Gravimeter (SG) stations were installed in Europe. For the oldest
ones, the gravity data sets have reached more than 9 years of continuous records for
instance at Bad Homburg, Moxa and Wettzell in Germany, Brussels in Belgium, J9,
Medicina in Italy, Membach in Belgium, and Vienna in Austria (Fig. 4.1). We have
chosen all these stations to realize our stability study not only because of their length,
but also because of their quality in terms of noise.

Fig.
Fig. 4.1
4.1: Map of the location of the permanent gravity stations in Europe used in this
study (blue, SG gravimeter stations, brown, spring gravimeter stations). BFO: Black
Forest Observatory, BE: Brussels, MB: Membach, BH: Bad-Homburg, MC: Medicina,
MO: Moxa, VI: Vienna and WE: Wettzell.
In view of the long duration of these continuous records, we can investigate the
question of the stability in time of the instruments, particularly in terms of noise level
and of response function (calibration factor).
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4.1.2. Time stability
When dealing with long gravity records, time stability is very important because
temporal changes of the instrumental sensitivity may introduce a related systematic
error in tidal analysis. Therefore it is essential to ensure that the sensitivity of the
instrument is as stable as possible to avoid possible errors arising from these
temporal changes.

For each station the sensitivity of the instrument is investigated through the temporal
variations of the tidal parameters (amplitude factor and phase difference) for the
main tidal waves in the diurnal and semi-diurnal frequency bands (O1, P1, K1, M2, S2
and K2), as well as for the M2/O1 ratio of gravimetric factors. To evaluate these
temporal variations we have performed for each data series a tidal analysis using
ETERNA 3.4 software (Wenzel, 1996b), applied to segments of one year data, shifted
month by month (there is hence an overlap of 11 months between two consecutive
analyses). Here we have used the HW95 catalogue which predicts gravity tides with
an error of 0.1 nGal (~10-12g) in frequency (Hartmann and Wenzel 1995). A
barometric admittance is also retrieved using a least-square fit to barometric records
available at the station. As we fit a tidal model to the observed gravity records, both
the solid and the oceanic tides are adjusted together. We refer to section 2.3 for a
description of ETERNA.
For all the tidal analyses presented in the next two sections, the ETERNA software is
applied on 1 h data using 23 groups of waves between 0.000146 cpd and 4 cpd (cycle
per day). These groups can be found in Annex C.

Using all these tidal analyses we can easily compare the different evolutions of the
amplitude factors and phase delays of the major semi-diurnal and diurnal tides
obtained for each type of gravimeters. However, before performing the tidal analysis
in our series, they have to be pre-processed. In section 2.3, we have already explained
the pre-processing steps that we have performed on all the observed data series to
correct them from the different kinds of disturbances that could be contained in the
signal. We refer the reader to the section 2.3.1, where a detailed description of the
gravity data pre-processing is given. In particular, in Annex A, we recall the fact that
the pre-processing does not affect the time-stability of the retrieved gravimetric
factors.
To analyze the time stability of these series, we suppose that any time variability in
the Earth’s response to tides (gravimetric Love numbers) cannot be induced by
internal process inside the Earth but could be due to some variability in the surface
loading (oceanic load, atmospheric load). In fact, the tidal parameters being the
transfer function of the Earth to tidal forces should be constant in time (at least on
our investigated time-spans). We will try to find out if the tidal parameters from
different waves vary in time in the same way and why.
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4.2 Time variation of tidal parameters in spring gravimeter series

nm/s

2

We first use the data series which have been recorded by different models of spring
gravimeters (Fig. 4.2): 1.) The Askania GS15 222 gravimeter was installed during
almost 24 consecutive years in the Gravimetric Observatory in Potsdam, obtaining
what was at that time the longest gravimetric series in the world digitally recorded
from a spring gravimeter. 2.) The LaCoste-Romberg Earth-Tide gravimeter ET-19 is
installed since 1980 inside an abandoned mine that was transformed into a
seismological observatory (Black Forest Observatory). 3.) The Askania GS15 233
gravimeter was installed during 16 years in an old gypsum mine, north of Luxemburg
city, in the Walferdange Underground Laboratory for Geodynamics.
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Fig. 4.2
4.2: Temporal gravity variations recorded with spring gravimeters at the
Gravimetric Observatory Potsdam, Walferdange Observatory and Black Forest
Observatory. The complete time series have been corrected for any disturbance, and
we have also removed a linear (Walferdange and BFO) or exponential (Potsdam)
instrument drift.
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Once these three raw datasets have been pre-processed to obtain clean series, we
have performed tidal analyses as mentioned above (using ETERNA 3.4 software,
applied on 1 h yearly segments shifted month by month, using 23 groups of waves),
obtaining temporal series for the amplitude factors and phase differences of the main
tidal waves in the diurnal and semi-diurnal frequency bands. Those temporal series
are represented in figures 4.3a and 4.3b.
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4.3a: Temporal variations of the tidal amplitude factors and phase differences (in
degrees) for the 3 main diurnal waves (O1, K1 and P1), obtained from the tidal
analysis using ETERNA 3.4 software on yearly segments shifted month by month of 3
spring gravimeters at Potsdam, BFO and Walferdange. The resulting tidal parameters
are associated to the central epoch of the analyzed interval. The gravimetric factors
have not been corrected for any ocean tide loading.
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Fig. 4.3b: Temporal variations of the tidal amplitude factors and phase differences (in
degrees) for the 3 main semidiurnal waves (M2, S2 and K2), obtained from the tidal
analysis using ETERNA 3.4 software on yearly segments shifted month by month of 3
spring gravimeters at Potsdam, BFO and Walferdange. The resulting tidal parameters
are associated to the central epoch of the analyzed interval. The gravimetric factors
have not been corrected for any ocean tide loading.
We have removed certain intervals of the series, where data were affected by purely
instrumental problems, as for instance when the instruments were updated. Some of
the eliminated intervals were detected thanks to information provided by the
gravimeter’s owners. When this information was not available, we easily detected
them by looking for anomalies in the residual gravity signal that correspond to
abnormal values in the tidal amplitudes and phases, as shown in the example for
Walferdange in figure 4.4.
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4.4: Example of how anomalies found in the residual gravity signal (left plot)
correspond to abnormal values in the tidal amplitudes. In that case, the tidal
amplitude obtained from the tidal analysis made on yearly segments where the
affected interval (December 1988-January 1989) is included, are influenced.
The variations of amplitude factors for the three spring gravimeter stations (Fig. 4.3a
and 4.3b) around the mean value, are of the order of 1% for the diurnal waves (O1, P1,
K1) and slightly higher for the semidiurnal waves (M2, S2, K2) (Table 4.1). These
variations are estimated using the statistics toolbox from Matlab 7.5., by computing
for each of the main tides the distribution of the delta values (examples of the
distribution are shown in figure 4.5). This leads to a mean value (δm) and to a
standard deviation (σ) for each tide. We will use this standard deviation as a stability
criterion and compute the ratio σ / δm for each tide.
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4.5: Example of distribution of the delta values for a diurnal wave (O1 at Potsdam
station), upper plot, and distribution for the delta factor ratio M2/O1 at Walferdange
station, lower plot.
As the tidal amplitude factor distribution is close to a Gaussian, 95% of the tidal factor
variations are within the ± 2σ quoted intervals. In table 4.1 we indicate the time
stability for each of the four main tides, assuming ± 2σ confidence interval.
Table 4.1
4.1: Time stability (± 2σ confidence interval) computed for the main tidal
harmonic components based on their amplitude factors and the respective
gravimetric factor ratios M2/O1 for the 3 spring gravimeter stations BFO, Potsdam
and Walferdange. Periods with instrumental problems were not taken into account in
the computation.

Spring grav. Stations

Black Forest
Observatory
Potsdam
Walferdange

O1

P1

K1

M2

S2

K2

M2/O1

0.85 %

1.50 %

0.80 %

0.71 %

1.93 %

1.67 %

0.56 %

0.52 %
1.49 %

1.26 %
1.19 %

0.44 %
1.39 %

0.39 %
1.25 %

0.94 %
1.96 %

1.93 %
1.99 %

0.33 %
0.51 %
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As mentioned before, the variations in amplitude and phase are larger mainly within
the intervals where instrument problems or changes in the instrument insulation
occurred. So, such periods were dismissed when computing these variations, in order
to check the time stability during quieter time intervals.
We have also computed for each instrument the temporal variations of the ratio
δM2/δO1. From the distribution of values around the mean value, we found temporal
variations of the order of 0.3% for Potsdam and almost 0.5% for BFO and
Walferdange stations (figure 4.6).

M2 and O1 are chosen because they are waves of the largest amplitude in their
respective frequency bands. This ratio, being independent of the gravimeter’s
calibration, is a very good indicator of the stability of the instrument. Thanks to its
stability, we can detect if there is any inconsistency at some point between these two
waves, independent from variations (if any) on instrument calibration.
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4.6: Temporal variations of the gravimetric factor ratio δM2/δO1, derived from
the results of the tidal analysis using ETERNA 3.4 software on yearly segments shifted
month by month for the 3 spring gravimeters at Potsdam, BFO and Walferdange.
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Some periodic fluctuations seem to appear in the individual gravimetric factors, and
also in their respective δM2/δO1 ratios, best visible in the longest and less noisy
Potsdam series (see figure 4.9 for comparison of the noise) at diurnal and semidiurnal frequencies. The origin of such fluctuations, if geophysical, could be due for
example to some time-variations in the oceanic or atmospheric loading, which have
never been really observed or computed.

Before interpreting any time variability in the delta factors as being geophysical, it is
important to check if there is any correlation with the remaining noise (including
instrumental and environmental noise). We compare then, the time evolution of two
of the main waves (O1 and M2) with respect to the time evolution of the noise level in
their respective frequency band (diurnal and semidiurnal) in figure 4.7. The
corresponding noise levels were calculated with ETERNA 3.4. ETERNA computes the
average noise levels from the mean FFT of the estimated residuals, in several
frequency bands.
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4.7: Time evolution of diurnal gravimetric factor (O1) compared with time
evolution of the noise level in the 1 cpd frequency band (upper plots), and of
semidiurnal gravimetric factors (M2) compared with noise level in the 2 cpd
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frequency band (lower plots), for the spring gravimeters recording at BFO (left),
Walferdange (middle) and Potsdam (right) stations.

In some of the cases, the correlation between the periodic fluctuations observed in
the time variability of the delta factors and the time evolution of the noise in the tidal
frequency bands (1 and 2 cpd respectively) is weak. However, if we compare the
noise with the absolute differences of the delta factors (e.g. |δO1– mean δO1|), these
correlations are higher for all the waves in the three stations (Fig 4.8).

|δO1−δmean O1|

0.04

0.02

0.00

-0.02
0.2

0.3

0.4

0.5

0.6

0.7

-2

noise at 1cpd (nm/s )

Fig. 4.8
4.8: Example of correlation between the noise level in the 1 cpd frequency band
and the variation of the tidal amplitude factor for O1 (|δO1 –mean δO1|) at
Walferdange Observatory (correlation coefficient = 0.73).
Also, for all three spring gravimeters, the greatest variations in tidal parameters
(either positive or negative) are indeed related to the noisiest periods (see figure
4.7).

We also check if similar variations in tidal factors appear in SG data, since, as already
shown in section 2.2, SGs are instruments with a better precision than spring
gravimeters. In the next section we will emphasize the better performances of SGs
with respect to spring gravimeters.

As the ambient noise is one of the possible sources than can affect the tidal parameter
stability, we have also calculated the time evolution of the noise amplitude for the
three spring gravimeters and also for the SG C026 at J9, using the same time-windows
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as for the stability of the gravimetric factors (figure 4.9) to compare them. It is
obvious that the amplitude of SG noise is not only much smaller than the noise
amplitude from the spring gravimeters, but it is also much more stable.
We will push forward this comparison at J9 between spring gravimeters and SGs in
the next part.
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4.9: Time evolution of the amplitude of the noise levels in various frequency
bands ( 1, 2 and 3 cpd) obtained from the tidal analysis calculated using ETERNA 3.4
software on yearly segments shifted month by month of 3 spring gravimeters at
Potsdam, BFO and Walferdange, and of the superconducting gravimeter C026 at J9
site.
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4.3 Comparison of spring and superconducting gravimeters at J9
As previously mentioned in section 2.2.2, the first superconducting gravimeter was
installed in the early 80s. Since then, numerous instruments have been installed
worldwide providing us with long gravity records of excellent quality (higher
sensitivity with a smaller and more stable instrument drift than spring gravimeters)
that allow us to carry out investigations in a wide range of geophysical phenomena
(Richter et al., 1995, Hinderer et al., 2007).

We compare now the average noise levels in the main tidal bands computed using
ETERNA 3.4 software (ETERNA computes the average noise levels from the mean FFT
of the estimated residuals in a given frequency band) of the 3 spring gravimeters
which data has just been discussed in the previous section 4.2, with the average noise
level of the SG C026 of Strasbourg (Fig. 4.10) to demonstrate the improvement from a
mechanical spring gravimeter to a modern cryogenic instrument. The noise levels
have been roughly decreased by a factor 5 in amplitude.
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4.10:
10: Comparison of the amplitude of noise levels for the 3 spring gravimeters
(Askania GS15 222 at Potsdam, LaCoste-Romberg ET-19 at BFO, Askania GS15 233 at
Walferdange) and the superconducting gravimeter C026 at J9 station. The average
noise levels were calculated with ETERNA for every instrument in the tidal frequency
bands 1, 2 and 3 cpd, normalized by the record length.
However, it is not possible to separate the environmental noise from the instrument
noise using a single instrument at a single site (environmental noise, as opposed to
instrumental noise, is due to unmodeled geophysical phenomena at the observing
site, as well as local noise created by some other instrumentation installed beside like
air conditioning, human noise generated around the site, nearby traffic, oceanic
micro-seismic noise, etc…). So to better compare the noise levels of the spring
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gravimeters with respect to the noise levels of the SGs we use the two series of spring
gravimeters (Askania and LaCoste-Romberg
LaCoste Romberg models) and the two series of SGs (T005
and C026), which have been recording at the same place (J9 Observatory), although
during different epochs. Thus, we can compare their
their respective instrument noise
assuming no difference due to site noise (some differences would occur because of
the varying oceanic noise, although this part was filtered out as we are using low-pass
low
filtered 1h-decimated
decimated data), to highlight the improvement
improvement in instrument noise (the
last includes sensor, electronics and acquisition system). The resulting average noise
levels are plotted in figure 4.11 for the 1, 2 and 3 cpd frequency bands.
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4.11:
11: Comparison of the amplitude of noise levels for 2 spring gravimeters
(Askania 206 and L&R ET005) and 2 superconducting gravimeters (SG T005 and SG
C026), all of them installed at observing site J9. The amplitudes have been normalized
by the record length.
Major improvements in terms of noise level of the SGs over the spring gravimeters
have already been shown in Riccardi et al. 2011 and Rosat el al. 2014. It has also been
shown that L&R Earth Tide gravimeters (Fig. 4.12 for the ET-005
ET 005 and ET-11
ET
at J9, or
ET-19
19 at BFO in Zürn et al. 1991)
19
perform better than the Portable
ortable Earth Tide (PET)
spring gravimeters at periods shorter than 3 h. They are comparable, however, to
good isolated ET (like ET-005
005 or ET-19)
ET 19) at tidal frequencies. The later can even
compete with SGs (Zürn et al. 1991a).
1991
Concerning the L&R ET-11,
11, which is still
recording at J9, its higher noise level at sub-seismic
sub seismic frequencies is due the fact that
the sensor is not air-tight
tight any more (Rosat et al. 2014).
Banka (1997) developed a standard procedure to estimate the noise level at an
observing site. This procedure was generalized to compute the noise levels of SG sites
belonging to the GGP by Rosat et al. (2004), and in 2011 an updated comparison of
the SG seismic noise was published showing that the noise at the GGP sites was quite
q
stable in time (Rosat and Hinderer 2011). In Fig. 4.12, the procedure summarized in
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Rosat et al. (2004) has been used for each data series. This procedure is based on the
computation of the residual power spectral densities (PSDs) over a quiet time period
in the seismic (periods smaller than 1h) and in the sub-seismic (between 1h and 6h)
frequency bands. Using the raw calibrated gravity records from each gravimeter, the
residual data is computed by removing a local tidal model and the local atmospheric
pressure effect (by a nominal admittance of -3 (nm/s²)/hPa). The quietest periods of
15 continuous days are considered and a linear drift is removed before applying a
high-pass filtering with a cut-off period of 8 h. The PSD is then estimated using a
smoothed periodogram.
From the mean of the Fourier transforms of the 15 quietest days, we estimate the PSD
using the periodogram definition:
i(ø) =

|)(ø)|


where  is the time duration and )(ø) is the Fourier transform of the signal.

The PSDs are then normalized according to Parseval’s theorem, meaning that the
integrated PSD from zero to Nyquist frequency corresponds to the variance of the
time series. Then we apply a smoothing of the periodogram using a Parzen window of
101 points. The smoothing does not affect the PSD level and makes the periodogram
consistent (Rosat and Hinderer, 2011). Following Banka (1997), from the mean PSD
in the period range 340–600 s, we can compute the seismic noise magnitude (SNM)
defined by:
SNM = ß® ämeanPSD(Aß  / )ç + 2.5

where the mean PSD is defined in Aß  /
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Fig. 4.12
4.12:
12: Power Spectral Densities on the quietest period of 15 days of L&R ET005,
L&R ET-11, SG T005, SG C026, Scintrex CG5 and gPhone-054. The NLNM (New Low
Noise Model) of Peterson (1993) is plotted for reference (after Rosat et al. 2014).
As for the tidal analysis, we can check that the variability in the barometric
admittance decreases in time when moving from the spring meter L&R ET005 to the
SG T005 and SG C026. This is most likely due to lower noise in the gravity and
pressure data (fig. 4.13).
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Fig. 4.13
4.13:
13: Temporal changes of the yearly atmospheric gravity-pressure admittance,
derived from the results of the tidal analysis using ETERNA 3.4 software on yearly
segments shifted month by month for the L&R ET005, SG T005 and SG C026
recording at J9.
To have more insight on the question of the stability in time of the SG data, we will
first focus on the 2 SG series recorded at the Gravimetric Observatory of J9. As said in
section 3, at this station two different superconducting gravimeters have been
recording consecutively since 1987 until nowadays. The first SG was a TT70-T005
model from GWR Instruments installed in July 1987. This gravimeter was recording
for almost 10 years. In 1996 this gravimeter was replaced by a more compact type,
the C026, which is still recording. As both instruments have been installed not only in
the same observatory, but also on the same pillar, we can merge them into one single
series of almost 26 years of data. Both series have been pre-processed and corrected
independently (using for each one its own calibration factor and phase delay) before
merging them. The gap (several days) between the removal of the old gravimeter and
the installation of the new one was filled using a local tidal model obtained from tidal
analyses at J9.

The phase lag for the C026 was determined experimentally in 1999 (Van Camp et al.
2000), while that of T005 was determined from the phase differences of the eight
major diurnal and semidiurnal waves between tidal analyses of the C026 and T005.
For the C026 a linear instrumental drift was removed while for the T005 an
exponential drift model was fitted.
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As for the spring gravimeter series of the previous section, we check the time stability
of the tidal parameters by performing for each data series a tidal analysis using
ETERNA 3.4 software over periods of one year, shifted month by month. The obtained
time-varying gravimetric factors and phase differences are plotted in Fig. 4.14.
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Fig. 4.14
4.14:
14: Temporal variations of the gravimetric factors and phases differences
(degrees) for the main diurnal and semidiurnal waves (O1, P1, K1, M2, S2, K2),
obtained from the tidal analyses using ETERNA 3.4 on yearly segments shifted month
by month of the merged series of 2 superconducting gravimeters recording at J9
station. The resulting tidal parameters are associated to the central epoch of the
analyzed interval. The gravimetric factors and phase differences were not corrected
for any ocean tide loading.
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Similar study has been carried out with the delta factor ratio δM2/δO1 and the
respective temporal variation is shown in figure 4.15.
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4.15:
15: Temporal variations of the delta factor ratio δM2/δO1, computed from the
tidal analyses using ETERNA 3.4 software on yearly segments shifted month by
month of the merged series of 2 superconducting gravimeters (SG T005 & SG C026)
at J9 site.
At a first glance, we can notice the large improvement in the stability of the SG series
with respect to the results from the different spring gravimeters that we have
presented in section 2.2. The SG compact model C026 has also improved with respect
to the previous version of SG, T005, not only in terms of stability, but also in terms of
noise levels (Rosat et al. 2004, Rosat and Hinderer, 2011), and drift rates (Amalvict et
al.,2001) due to both instrument and data acquisition system upgrades. Despite the
high temporal stability that is achieved, we can still observe some temporal variations
with an annual periodicity, particularly visible on the variations of the ratio δM2/δO1
after 1996 (series of SG C026) in Fig. 4.15.
These variations must be carefully interpreted because it is difficult to distinguish
whether they are due to geophysical processes or to instrumental noise and/or
numerical effects. For example, large fluctuations in noise levels and in delta factors
for the C026 occur around early 2007, when the tilt-compensation system failed and
in 2010 when the electronics was changed. Apart from these known troubles, some
correlation appears between the variations of the noise level (fig. 4.16) and the
variations of the delta factors. For the rest of the series the variations are extremely
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small, reaching stability around 0.1% for the diurnal band, 0.16% for the semidiurnal
band and 0.5 % for the ratio δM2/δO1 (see Table 4.3).

We check that, as for spring gravimeters, the greatest variations in tidal parameters
for the SG C026 are also related to the noisiest periods. For this purpose, we compare
the time variations of the delta factor for the main diurnal and semidiurnal waves (O1,
P1, K1, M2, S2 and K2), to the time evolution of the noise level in their respective
frequency bands (1 cpd and 2 cpd). Results are plotted in figure 4.16.
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Fig. 4.16
4.16:
16: Time evolution of diurnal delta factors (O1, P1, and K1) compared with time
evolution of the noise level in the 1 cpd frequency band (left plots), and of
semidiurnal delta factors (S2, M2 and K2) compared with noise level in the 2 cpd
frequency band (right plots) for the superconducting gravimeter C026 recording at
J9.
The comparison of the time variations of the delta factors for the main diurnal and
semidiurnal waves with the time evolution of the noise level computed in their
respective frequency bands, shows that when the noise is increasing, the
corresponding delta factor is varying much more (towards either larger or smaller
values than the mean value) than during quieter periods. Also, if we compare the
noise with the absolute differences of the delta factors (e.g. |δO1– mean δO1|) similar
as we have done previously with the spring gravimeters (Fig 4.8), we obtained
correlation coefficients between 0.59 and 0.79.
We have shown the improvements from a spring gravimeter to an SG and found some
time variability in the gravimetric tidal response of the Earth. These variations seem
to be mostly related to noise variability. In order to check if these time-variations of
gravimetric factors are local, we consider now other SG sites in Europe to verify if we
can find similar trends in the variability of the delta factors.
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4.4 Superconducting gravimeters in Europe
Before interpreting the time variations of the delta factors at J9 station as being
geophysical, similar variations should be observed at other European sites. Hence we
analyzed also the time-variations of the gravimetric factors for the main diurnal and
semi-diurnal tidal waves using the SG data from several European GGP stations: BadHomburg (10 years), Brussels (18 years), Medicina (14 years), Membach (16 years),
Moxa (11 years), Vienna (9 years) and Wettzell (13 years). These European sites
were chosen because of the length of their records and because they are far from the
oceans. The scale factors and phase lags of their respective instruments are
summarized in Table 4.2.
The analysis procedure is the same as the one used before for the spring gravimeter
data and for the SG data at J9 station. The results are presented in Fig. 4.17 for the
diurnal and in Fig 4.18 for the semidiurnal main waves. The time fluctuations of the
ratio δM2/δO1 are presented in Fig. 4.19 for the 8 European stations.

Table 4.2
4.2: List of superconducting gravimeter stations and their respective period of
observation used in this study. The corresponding scale factors and phase lags for
each instrument are also given.

Superconducting gravimeter
Stations
Bad Homburg
Brussels
J9 (T005)
J9 (C026)
Medicina
Membach
Moxa
Vienna
Wettzell

Period

2001-2011
1982-2000
1987-1996
1996-2013
1998-2012
1995-2012
2000-2011
1997-2007
1998-2011
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Scale Factor
(µGal/V)
-73.95
-58.15
-76.02
-79.20
-74.82
-78.42
-60.65
-77.82
-81.58

Phase Lag (s)
45.0 / 10.09
30.0
36.0
17.18 / 9.7
43.0 / 11.1
9.9
12.0
9.36
45.0 / 14.17

Bad Homburg
Brussels
J9
Medicina
Membach
Moxa
Vienna
Wettzell

δO 1

1.16

1.15

1984

1988

1992

1996

2000

2004

2008

2012

1984

1988

1992

1996

2000

2004

2008

2012

δP1

1.16

1.15

1.14

δK1

1.15

1.14

1.13
1984

1988

1992

1996

2000

2004

2008

2012

Fig. 4.17
4.17:
17: Temporal variations of the tidal amplitude factors for the main diurnal
waves (O1, P1, K1), obtained from the tidal analysis using ETERNA 3.4 software on
yearly segments shifted month by month for 8 European SGs, with no ocean loading
correction applied. The resulting tidal parameters are associated to the central epoch
of the analyzed interval.
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4.18:
18: Temporal variations of the tidal amplitude factors for the main semidiurnal
waves (M2,S2, K2), obtained from the tidal analysis using ETERNA 3.4 software on
yearly segments shifted month by month of 8 European SGs, with no ocean loading
correction applied. The resulting tidal parameters are associated to the central epoch
of the analyzed interval.
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4.19:
19: Temporal variations of the delta factor ratio δM2/δO1, calculated from the
results of the tidal analysis using ETERNA 3.4 software on yearly segments shifted
month by month of 8 superconducting gravimeter stations in Europe.
There is no clear correlation between the time variations of the delta factors at the
different SG sites, even if some common fluctuations are visible at several sites. So it
is hard to interpret the time variations of the delta factors at these stations as being
caused by global or regional geophysical effects. Examples of these weak correlations
for a diurnal (O1) and semidiurnal (M2) waves between different SGs are shown in
figure 4.20.
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4.20:
20: Example of weak correlation between time variations of delta gravimetric
factors at different SG sites. For O1, between Bad Homburg and Medicina, during their
10 years common period, left plot (correlations coefficients=-0.39). For M2, between
Membach and J9 (C026), during their 14 years in common, on the right plot
(correlations coefficients= -0.11).
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In Table 4.3 we compare the stability of the observed temporal evolution of the tidal
delta factors at Strasbourg with results from other European SG stations, proving that
all stations have almost the same rate of variation. These stabilities are calculated in
the same way as for the spring gravimeter series of the previous section 4.2. We
compute for each of the main tides the distribution of the delta values, leading to a
mean value (δm) and to a standard deviation (σ) for each tide, using the statistics
toolbox from Matlab 7.5. We use then this standard deviation as a stability criterion
and compute the ratio σ / δm for each one. As the tidal amplitude factor distribution is
close to a Gaussian, 95% of the tidal factor variations are within the ± 2σ quoted
intervals. In table 4.3 are indicated the time stability for each of the six main tides, as
well as for the M2/O1 delta factor ratio, assuming a ± 2σ confidence interval.

These variations, ranging from 0.03% to 0.18% in the diurnal band and from 0.05%
to 0.29% in the semidiurnal band, show the strong stability reached by SGs in general,
much better than the stability obtained with series from spring gravimeters. For
instance, the stability for the most stable spring gravimeter (Potsdam) is nearly four
times lower than the worst stability of the results obtained with SGs. It is well known
that noise in the diurnal and semidiurnal bands has an important thermal and
atmospheric contribution (Crossley et al., 2013). Despite the fact that the spring
gravimeters were installed as stable and thermally isolated as possible, the changes in
pressure and temperature have still a much larger effect than on SGs.
Managers of some of the SG stations (Wettzell and Medicina) gave us very useful
auxiliary information to safely interpret some of these variations as being purely
instrumental (for instance changes in the electronics).

Table 4.3
4.3: Time stability (± 2σ confidence interval) of the main tidal parameters and
the delta factor ratio for the 8 SG European stations with at least 9 years of
continuous data. Periods with instrumental problems were not taken into account in
the computation.
SG Stations

Bad Homburg
Brussels
J9 (T005)
J9 (C026)
Medicina
Membach
Moxa
Vienna
Wettzell

O1

0.10%
0.12%
0.15%
0.09%
0.10%
0.06%
0.03%
0.04%
0.09%

P1

0.25%
0.28%
0.31%
0.11%
0.28%
0.16%
0.07%
0.05%
0.12%

K1

0.14%
0.13%
0.11%
0.09%
0.11%
0.06%
0.02%
0.02%
0.11%

M2

0.13%
0.14%
0.16%
0.08%
0.06%
0.07%
0.04%
0.02%
0.09%

S2

0.19%
0.24%
0.51%
0.12%
0.13%
0.11%
0.05%
0.04%
0.13%

K2

0.23%
0.46%
0.63%
0.29%
0.26%
0.29%
0.19%
0.12%
0.16%

M2/O1

0.03%
0.07%
0.11%
0.06%
0.05%
0.05%
0.03%
0.03%
0.05%

In Table 4.4, we list the respective average noise level calculated for 1, 2 and 3 cpd,
with ETERNA 3.4 software, for the 8 SG stations.
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Table 4.4
4.4: Amplitude of the average noise levels calculated with ETERNA for every
instrument in the tidal frequency bands 1, 2 and 3 cpd.
SG Stations
Bad Homburg
Brussels
J9 (T005)
J9 (C026)
Medicina
Membach
Membach
Moxa
Vienna
Wettzell

1cpd (nm/s2)
0.01765
0.03366
0.05993
0.01107
0.02247
0.01357
0.01516
0.01534
0.02553

2cpd (nm/s2)
0.00929
0.01544
0.03388
0.00750
0.00962
0.01357
0.00899
0.00619
0.01347

3cpd (nm/s2)
0.00445
0.00834
0.01719
0.00348
0.00462
0.00284
0.00386
0.00356
0.00378

The temporal variations of the main tidal parameters were previously investigated
(Meurers 2004, Harnisch and Harnisch, 2006) using SG records. Meurers (2004)
focused on small amplitude variations in the time domain by analyzing gravity data
sets of 1995 hour long, shifted by steps of 332 hours over the entire records, using
different GGP stations. He found that most of the stations showed a distinct seasonal
variation in the tidal amplitude factors, especially for M2, concluding that the
observed amplitude factor variations are caused less by numerical deficits of the
analysis procedures than by physically meaningful loading processes.

In our investigation, we have not found any clear annual modulation in the M2 tidal
amplitude factors for the European SGs studied. However, an annual modulation of K2
appears indeed in some of the European SGs (Vienna and Membach stations),
although with amplitudes (less than 3. 10-4) smaller than the variations obtained by
Meurers (2004) and never during the entire series (see an enlargement of delta K2 for
Vienna station in Fig. 4.21). At other SG sites such seasonal variability is not seen.
Therefore, it is difficult to interpret such modulation as being geophysical (Membach
is close to the ocean while Vienna is far; maybe some atmospheric or hydrological
effects, although in that case they should also appear at nearby sites, which is not the
case). Note that we rely on successive analyses performed with one year of data,
while Meurers (2004) performed its analysis on periods of 2.5 months. Any annual
modulation in the tides hence cannot be separated by analyses of 2.5 month duration,
on the contrary to our case.

More generally, the interpretation of these temporal variations in the tidal
parameters is hard to carry on; it is difficult to distinguish whether they could reflect
a geophysical meaningful process or if they are only due to instrumental instability
and/or numerical effects. Atmospheric loading is one of the candidates for influencing
the amplitude factors, as well as long term amplitude changes in ocean tides and
hence in ocean tide loading (see Müller et al., 2011; Meurers 2012; Tai & Tanaka
2014).
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4.21:
21: Temporal variation of the K2 amplitude factor in Vienna from 1998 to 2002,
obtained from the tidal analysis using ETERNA 3.4 software on yearly segments
shifted month by month, exhibiting a small annual modulation.
It is known that tidal amplitude factors and phase delays may vary according to the
location (see Melchior & de Becker 1983) because of ocean tidal loading (e.g. Baker &
Bos 2003), Earth’s ellipticity (Wang 1997), large scale mantle heterogeneities
(Métivier and Conrad, 2008). However, possible changes in time of the Earth’s tidal
response are almost never mentioned except in some seismotectonic studies where
there is a change in the ambient stress field (Westerhaus 1997).

The fact that any temporal variation in the tidal amplitude factor is highly improbable
from a physical point of view and that the ratio δM2/δO1 is much smaller, it leads us
to consider changes of instrumental origin, namely the scale factor converting
observed feedback voltages to gravity, which may vary in time. For all the SG stations
used in this study (for J9 two scale factors were used, one for each SG according to the
period of observations) we have assumed that the instrumental scale factor was
constant during the total period.
In section 4.5 we will check the time stability of the instrument scale factor for the SG
C026 installed at J9 Observatory, for which we possess a large number of parallel
absolute gravity measurements spanning a large time interval (1997-2012).
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4.5.
4.5. Time stability of SG instrumental scale factor at J9
The long-term tidal stability is directly dependent on the stability of the scale factor of
the relative gravimeters. This stability is even more critical for the spring gravimeters
than for the SGs.

For each of the spring gravimeters used in this study the scale factors were obtained
by different methods. The Askania gravimeter of Potsdam was calibrated in 1975 on
the Czechoslovak Gravimetric Calibration Base and in 1992 by intercomparison with
two LaCoste-Romberg G-meters, 156 and 249, belonging to the Geodetic Institute of
Karlsruhe University. The L&R ET-19 installed at BFO was calibrated in 1988 using
the same gravimeters L&R-G156 and L&R-G249. These instruments were repeatedly
calibrated on the Hannover vertical calibration line. The Askania gravimeter in
Walferdange was calibrated by adjustment with a Scintrex CG3M -265. We could
check that these values did not fit well throughout the entire records, especially after
some technical improvements of the instruments. Therefore, we decided to reestimate the scale factors by comparing with theoretical tides as suggested by
Goodkind (1996).
For SGs, the scale factor is much more stable in time than for the spring-type
gravimeters. However, even for such a precise instrument the stability should be
checked. It depends on specific properties of the gravity sensor and it is variable
among different instruments so it must be determined experimentally for each one
(GWR Instruments 1985). This factor is typically of the order of 10-6 ms-2V-1; this
means that a signal as small as 10-12m s-2 could be recorded with a nominal resolution
of 1 μV. It is usually derived from a direct comparison with repeated absolute gravity
(AG) measurements, which is the most widely used method (e.g. Francis, 1997, 2002;
Tamura et al., 2001; Imanishi et al., 2002, Fukuda et al., 2005), although it can be done
in several other ways, as for example by moving the instruments using an
acceleration platform (Richter et al. 1995), by moving an external mass (Achilli et al.
1995, Falk et al. 2001) around the sensor or even using spring gravimeters (Riccardi
et al., 2012; Meurers, 2012). It has been demonstrated repeatedly (e.g. Goodkind et al.
1991; Hinderer et al. 1994) that SG calibrations are very stable over time. It is known
that the instrument can keep its calibration to better than one part in ten thousand
(10-4) over periods as long as several years (Merriam, 1993).

To have more insight on this effect, we have focused on the long (1996-2013) series
recorded by the SG C026 installed at the J9 Gravimetric Observatory of Strasbourg,
checking the stability of its instrumental sensitivity with the help of numerous
calibration experiments of different durations (from 2 to 10 consecutive days)
carried out by co-located AG measurements since 1997. I have been directly involved
in the experiments conducted from June 2008.
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Fig. 4.22
4.22:
22: Pictures of both, the superconducting gravimeter SG C026 (left) installed at
the J9 Gravimetric Observatory of Strasbourg, and the absolute gravimeter FG5#206
(right), used in most of the calibration experiments carried out at J9 Observatory
since 1996.
The usual procedure to estimate the scale factor is by linear least-squares adjustment
of the SG gravity data (usually in volts) with an absolute gravimeter used as
reference. The method relies on the basic assumption that both sensors experience
exactly the same gravity variations.

We have already mentioned in section 2.2 how is the raw data recorded by each kind
of gravimeter. These raw SG and AG records must be corrected for any earthquake
occurring at the time of calibration and cleaned for spikes, gaps and offsets if any. No
other correction is applied (data from AG is treated with g v.8 software, developed by
Micro-g Solutions). Then, we fit the two raw data sets using a least squares approach
according to the linear relation:
±

= µ± + 

where;
±

represents the AG data and is expressed in µGal,

µ± represents the SG feedback output and is expressed in volt,

 represents the scale factor and is expressed in µGal/volt,
 is the offset and is expressed in µGal.
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Assuming that the measurement error of ± follows a normal distribution, we find the
values of  and  that minimize the weighted sum of the squared residuals:
1

Ï = ° '± (
¶³

±

− µ± − )

where ö is the number of data values and '± is the weight. We minimize Ï with
respect to the unknown parameters leading to the well-known normal equations.

We calculate the scale factors considering two different kinds of AG raw
measurements (an example of each raw AG data, drop values and set values, is shown
in Fig. 4.23):
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Fig. 4.23
4.23:
23: Example of raw drop data (blue dots) and raw set data (red dots) from one
of the AG measurements used in one of the SG calibration experiments carried out by
direct comparison at J9 observing site (June, 2009).
* First we used the individual drop gravity values of the AG measurement (as we have
explained in section 2.2, each drop corresponds to an individual free fall experiment,
where the value of g is determined by a least squares fit of the trajectory data using
approximately 700 pairs of time and distance traveled by the mass, using the
equation 2.24) and we superimpose the SG output by comparing each drop of the AG
to the closest sample of the SG and then apply the linear least squares method. In this
case we have a large number of points for the adjustment but with large error bars on
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the AG drop values. Usually, there is one drop every 10 s, during sessions which last
from 3 to 8 days.

* Second we use the set gravity values of the AG, (each ‘set value’ represents the
gravity averaged over the set interval (typically up to 60 min)). From the 1 or 2
second sampled SG records (depending of the available data acquisition system) we
pick up the SG values for all the time interval corresponding to each set, and we
estimate the average values for each of these set periods (same averaging length for
SG and AG) before applying the linear least squares method. In this case, we have less
data for the adjustment but with smaller error bars on the AG set values as previously
on the drop values.
Once we have estimated for each experiment the scale factors using each of the two
kinds of AG data (drop/set values), we investigate their temporal evolution from
1997 to 2012. The values of the scale factors estimated using either the drop or the
sets are close, with a better standard deviation when using individual drops method,
although with a slightly better time stability in case of the sets (Table 4.4).

Other experiments have been conducted to estimate the temporal evolution of these
scale factors at several stations. Meurers (2004, 2012) found that for the GWR C025
installed in Vienna the scale factor was temporarily stable with a maximum variation
less than 0.01%. Also Kroner et al. (2005) obtained a variation in the range of 0.01%
for the dual-sphere SG sensor in Jena. For Strasbourg variations of about 0.3 % were
found (Amalvict et al. 2001; Rosat et al. 2009) using the AG set values and their error
bars. Our results agree with these previous two studies (Fig. 4.24). The mean scale
factors with their uncertainty and their stability are given in Table 4.5. The first
column is the weighted mean value and uncertainty computed from all the individual
scale factors including their error bars. The second column is the relative uncertainty
and, as before for the tidal factors, we use the distribution of the scale factors to
compute the time stability at 2σ.
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4.24:
24: Time stability of the scale factors of the SG C026 at J9 station, from 1997 to
2012. The numbers of sets used for the intercomparison with the AG measurements
are represented by the column bars. These calibration factors have been calculated
using the individual drop values. Mean weighted value is indicated by a red line and
the dotted lines represent the ±2σ confidence interval.
For the SG C026, we usually employ a constant scale factor of -792 nm/s²/V,
corresponding to the mean value plotted in figure 4.24.
Table 4.5
4.5: Scale factor determinations (mean weighted value, absolute and relative
uncertainty and time stability (± 2σ confidence interval) according to the AG set by
set or AG drop by drop processing of SG/AG data at J9 station.
Methodology

Set by set
Drop by drop

Scale factor
(nm/s2/V)
-790.76 ± 2.34
-791.96 ± 0.91
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uncertainty

Stability (2σ)

0.29 %
0.11%

1.48 %
1.55 %

Notice that we have weighted the AG measurements using the set errors from AG
measurements in the fit of the scale factor, even if the resulting uncertainty is larger
than without weights (Table 4.6). The calibration accuracy is in fact limited by the AG
drop to drop scatter.

Table 4.6
4.6: Scale factor determinations (mean weighted value) with (left) and without
(right) the errors from AG measurements in each individual calibration experiment at
J9 station.
Methodology

Scale factor
(nm/s2/V)

with AG errors

Set by set
Drop by drop

-790.76 ± 2.34
-791.96 ± 0.91

δ O1

1.151

-750

Scale factor
factor
(nm/s2/V)

without AG errors
-789.98 ± 0.74
-792.27 ± 0.23
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4.25:
25: Temporal variations of the tidal amplitude factors for the main diurnal and
semidiurnal waves (O1, P1, K1, M2, S2 and K2) compared to the temporal variations
of the scale factor at J9 station.
To check any possible correlation between the time variations of the scale and delta
factors, we have superposed them in Fig. 4.25. There is no clear correlation between
any of them (as show the examples in figure 4.26 where the correlation coefficients
are -0.25 and 0.09 respectively).

Therefore, the observed time variations of delta factors may be mainly due to noise
variations, as suggested in section 4.3. It turns out that the internal SG C026 stability
(~ 0.10%) we derived by averaging the values obtained for the diurnal and
semidiurnal tidal bands is much better than the one that can be achieved by SG
calibration repetitions using AG data (~ 1.4%).

Since a clear part of the time changes of the delta factors is due to variable noise
content, we can infer that the intrinsic instrumental stability of the SGs is very high, at
least better than 0.15% in general or even 0.05% for some SGs (as in Moxa or Vienna
stations).
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4.26:
26: Example of weak correlation between the temporal variations of the tidal
amplitude factors and the temporal variation of the scale factors at J9 station, for a
diurnal wave (O1, left plot, (correlation coefficient = -0.25)) and for a semidiurnal
wave (M2, right plot (correlation coefficient = 0.09)).
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4.6. Summary of chapter 4
We used very long gravity records available in Europe: 3 data sets recorded by spring
gravimeters at BFO, Potsdam and Walferdange, and 8 long SG data sets recorded at
different European GGP sites with at least 9 years of continuous data to investigate
the sensitivity of each instrument, using the temporal variations of the delta factors
for the main tidal waves (O1, P1, K1, M2, S2 and K2) as well as the δM2/δO1 ratio. These
tidal analyses have been performed on the gravity records rearranged in temporal
subsets (yearly data sets, shifted month by month) to check the time stability of the
tidal responses. For each instrument, the temporal evolutions of the tidal parameters
were investigated in detail and compared among them. We also retrieved the
evolution of the ratio δM2/δO1, which is independent of the calibration. One of the
main limitations in the use of spring gravimeters is their large irregular instrumental
drift (see figure 4.27).
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4.27:
27 Comparison of the instrumental drift of a spring gravimeter, the L&R ET005
(upper plot) and a superconducting gravimeter, SG T005 (lower plot) both of them
installed at J9 Observatory.

126

Compared to the spring gravimeters, the superconducting gravimeters provide
unprecedented long term stability (for instance, the stability for the most stable
spring gravimeter (Potsdam) is nearly four times lower than the worst stability of the
results obtained with SGs). The observed temporal evolution of the tidal delta factors
in Strasbourg is found to be very similar to other European SG stations with stability
between 0.03% and 0.3%, and some time fluctuations with a seasonal oscillation at a
few sites.

In case that these temporal variations reflect a geophysical process, they should
reflect it similarly at most European sites, which is not the case in our results. It is
possible that variations in ocean loading could generate small variations in the delta
factors at some European stations (for which ocean loading is similar). It may be
more or less hidden by ambient noise, instrumental problems, hydrological effects,
etc.

As the variations of the ratio δM2/δO1 are much smaller than the variations for each
individual gravimetric factor, it led us to consider that some part of the tidal factor
fluctuations could be due to changes of instrumental origin (e.g. calibration).
Therefore, we investigated the long-term stability of the scale factors of the
gravimeters. In particular, we checked the stability of the scale factor for the SG C026
installed at J9 for the period 1997-2012 where numerous AG/SG calibration
experiments were available. It turns out that the internal SG C026 stability (~ 0.1%)
as derived from the tidal analyses is more than 10 times better than the one that can
be achieved by SG/AG calibration repetitions (~ 1.4%), no matter which AG/SG
fitting method have been used to calculate the values of the scale factors. We do not
find any clear correlation between variations of tidal factors and variations of scale
factors. Consequently, it is highly possible that the observed time variations of delta
factors are due mostly to the noise variations as shown by the correlation found
between delta factor deviations and noise level changes.
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Some of the results presented in this chapter (sections 5.2 and 5.3) have been
published in Calvo et al. (2014a).

5.1. Introduction
Long term gravity records are of great interest when performing tidal analyses.
Indeed, long series enable to separate contributions of near-frequency waves (the
frequency resolution is the inverse of the data length) to detect very weak amplitude
signals and also to detect low frequency signals (e.g. long period tides and the
gravimetric effect of the pole tide) (the lowest frequency in the spectrum is also the
inverse of the data length). In addition to the length of the series, the quality of the
data and the temporal stability of the noise are also very important. As we have seen
in previous chapter the long superconducting gravimeter records are preferred to the
long spring gravimeter records, even when they are slightly shorter, mainly because
of their long-term stability, lower noise level and very small linear instrumental drift.
Previously in chapter 3 we have already referred to the long tradition of recording
solid Earth tides at Strasbourg, and we have also mentioned the gravimeters of
different types that have been recorded at J9 Observatory. Considering only the
longest series, we have therefore almost 40 years of consecutive gravimetric records
(from 1973 when the L&R ET005 was first installed, to nowadays) at J9. Among these
data, over 27 years have been registered by two models (T005 and C026) of
superconducting gravimeters consecutively installed there, leading after merging to
the longest available series ever recorded by SGs at the same site.

As both SGs have been installed not only in the same observatory but also on the
same pillar, and that there were only few days between the removal of the old
gravimeter and the installation of the new one (11 days compared to 27 years, almost
negligible), we can merge the SG T005 and SG C026 series into one series filling up
the gaps between instruments using a local tidal model obtained from tidal analyses
at the station. Before merging them, both series have been pre-processed and
corrected independently (using for each one its own calibration factor and phase
shift).
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5.1: Temporal gravity recorded by superconducting gravimeters at the
Gravimetric Observatory J9, from 1987 to 2014.
We expect to benefit from this unprecedented length both in achieving high spectral
resolution in the tidal bands and also in obtaining higher precision in the tidal
determination. Thus, we will attempt to retrieve small amplitude waves in the major
tidal groups (e.g. tides generated by the third-degree potential), to separate waves
close in frequency and to detect very low frequency signals that have never been
observed in gravity data of shorter duration.
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5.2 Analysis of smallsmall-amplitude tidal constituents
Firstly we are going to investigate some of the very weak amplitude tidal signals
contained in the gravity data that can be observed using long gravity records. Thus,
we compare the spectral analysis from two of the observed gravity series that we
have already studied in section 4.2 and 4.3; the spring gravimeter series recorded at
Black Forest Observatory (L&R ET19) and the SG series recorded at J9 with two SGs
(T005&C026).

We use 8400 days (~23 years) of data for each station, corresponding to the common
interval between both stations (1988-2012). Even if the length is the same for both
series, the lower noise level of the SG series with respect to the spring gravimeter
allows us to detect some low-amplitude tidal waves. An example is given in the
diurnal tidal band with the tidal wave 2NO1 (amplitude 1.98 nm/s2), and in the semidiurnal tidal band with the waves BET2 (amplitude 1.2 nm/s2) and LAM2 (amplitude
3.5 nm/s2). These tidal waves are clearly hidden in the instrumental noise of the
spring gravimeter (figure 5.2). Our noise analyses in previous section and the
knowledge that BFO is a low-noise site over a wide frequency range (Zürn et al.,
1991a; Widmer et al, 1992) enable us to state that the observed noise is mostly
instrumental.
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5.2: Amplitude spectra of J9 gravity series (SG) and BFO series (L&R) from the
same time span (8400 days) in the diurnal (up) and in the semi-diurnal
semi
nal (down) tidal
bands.
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Now that the advantage of using SG series instead of spring series has been clearly
demonstrated, we will focus for the rest of this chapter on the 2 SG series recorded at
J9. If we compare the spectral analysis from the 9 year series of the SG T005 to the
merged 27-year series recorded by T005 and C026 at J9, we observe that the total
length of the series allows us to detect some new low-amplitude tidal waves that
were hidden in the shorter series such as the diurnal k1x- (amplitude 8.5 nm/s2), and
the semi diurnal 3KM2 (amplitude 0.51 nm/s2) tidal waves (figure 5.3).
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5.3: Amplitude spectra of J9 gravity series, 9 year of T005 in brown, and 27 years
of T005&C026 in blue, in the diurnal (up) and in the semidiurnal (down) tidal bands.
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However, the signal-to-noise
noise ratio (SNR) is not only improved by increasing the
length of the data set, but it is also strongly influenced by the quality of data.

In our case the C026 series is 9 years shorter
shorter than the total series (T005+C026),
although being less noisy than the total series (due
(
to noise contributed by the T005)
we are able to detect in the spectral analysis of C026 series some low--amplitude tidal
waves that are hidden by the instrument noise in the total (T005+C026) series as for
example SO1 (frequency = 1.0704 cpd) and 2NO1 (frequency = 0.93015 cpd) (cf.
figure 5.4).
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Fig. 5.4
5.4: Spectral analyses in the diurnal frequency band of the 18 years series of the
SG C026
026 in red, and of the merged 27 year series recorded both by T005 and C026 in
black, at Strasbourg J9 Observatory.
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We have determined that we still have to wait 5 more years until the SNR of the full
series is larger than the SNR of the C026 alone. This comes from the fact that the SNR
of an undamped harmonic signal is given by:
N
SNR = A
2∙B
where:

A is the amplitude of a periodic signal,
N the number of samples

σ the white noise amplitude (root mean square).
In our case, BÜC ~2BÚD

Then, to achieve a Ïö©ÜEÜûF ≥ Ïö©ÚD being

BÜEÜûF
=



öÜC BÜC
+ öÚD BÚD
öÜC + öÚD

We need the length of the C026 series to be öÚD = 23 years. That is, 5 more years
that we have currently available.
In Annex E some other examples of detection of weak amplitude tidal signal are
shown.

Another example of small tidal wave detection is given in figure 5.5, which exhibits
the delta factors of the diurnal tidal waves (3MK1, M1 and 3MO1) caused by the
potential of degree 3 around the FCN (Free Core Nutation) resonance frequency. It is
interesting to note that the resonance only alters the amplitude of the degree 2 tides
as expected from the theory (e.g. Hinderer & Legros 1989). Small amplitude tides of
degree 2 that can be separated thanks to the length of the data nicely superimpose
onto the resonance curve (least squares fitted) in a way similar to the more classical
waves like O1, K1, PSI1 and PHI1 (Florsch & Hinderer 2000; Rosat et al. 2009b).
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Fig. 5.5
5.5: Amplitude factors in the diurnal frequency band using the complete (9760
days, 26.7 years) SG record (T005 + C026) in Strasbourg J9 Observatory. Degree-2
tidal factors are shown in blue dots and degree-3 tidal factors (3MK1, M1, 3MO1) in
red dots.
Some of the main tidal waves generated by the tidal potential of third degree in the
diurnal, semi diurnal and ter diurnal bands have already been determined. The ter
diurnal M3 was determined very early (Melchior and Venedikov, 1968), despite of its
small amplitude. Using the 17 year long observation at Potsdam (Askania 222),
Dittfeld (1991) succeeded for the first time in separating the diurnal (M1) and two
semidiurnal (3MK2 and 3MO2) waves from their neighboring second degree terms.
Melchior et al (1996) used 12 year series of observations with the SG T003 at
Brussels to separate M1, 3MK2 and 3MO2 with a precision better than 0.5%. More
recently, Ducarme (2011) was able to determinate M1, 3MK2, 3MO2 and M3 with a
precision of 0.1%, using long series from 17 SGs.
If we consider the development of the tidal potential expressed as a function of the
coordinates of the observation point on the surface of the Earth and the celestial body
as a combination of geocentric and celestial coordinates (equation 2.7), we can see
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that the tidal potential of degree 3 is generating tidal waves in the Long Period
(m=0), Diurnal (m=1), semi diurnal (m=2) and ter diurnal (m=3) frequencies.

Expressing the potential as a function of the astronomical arguments, it can be
developed in a sum of harmonic constituents (equation 2.8). In table 5.1 we show a
selection of the third degree tides from Doodson’s full development.
Table 5.1
5.1: Principal constituents deriving from  in the diurnal and semidiurnal
frequency bands.

Symbol
ëG
ëa
ë

Doodson
Argument
135·555
145·655
155·555

Astronomical
Argument
Ä − 2
Ä−+õ
Ä

ëH
ëIJ
ëGJ
ëHJ
ëKJ
GëJ
ëL
ë

175·555
235·655
245·555
265·555
275·455
285·555
345·655
355·555

Ä + 2
2Ä − 2 + õ
2Ä − 
2Ä + 
2Ä + 2 − õ
2Ä + 3
3Ä −  + õ
3Ä

Angular
Amplitud
Origin
2
speed (º/h) e (nm/s )
(L, lunar; S, solar)
13.394020
2.01
L decl.
13.947677
1.03
Ellipt. M1
14.492052
6.28
1st order elliptic tide
from w1k
15.590085
2.29
L decl.
27.890713
1.78
Ellipt. 3jw2
28.435088
6.47
L decl.
29.533121
5.97
L decl.
30.077495
0.33
Ellipt. 3jv2
30.631154
0.55
L declinational wave
42.931782
1.44
Ellipt. j3
43.476156
5.23
Principal terdiurnal
lunar tide.
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5.3 Analysis of near frequency tidal components
Another benefit provided by the long term data series is that they allow us to
separate contributions of near frequencies (e.g. the annual and the Chandlerian
components of the Earth’s polar motion). The minimum frequency resolution
required to separate two neighboring waves is inversely proportional to the length of
the data set. Now we have nearly 10.000 days of data recorded continuously at J9 by
SGs, leading to a frequency resolution of 10-4 cpd.
As shown in figure 5.5 for the diurnal band, performing a tidal analysis on the total
length series enables to separate several groups of tidal waves that were not
separable before with shorter data series. There are also several new tidal waves that
can be separated in the semi-diurnal, ter-diurnal and quart-diurnal frequency bands,
as shown respectively in figures 5.6, 5.7 and 5.8.
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5.6: Amplitude factors in the semi diurnal frequency band using the complete
(9760 days, 26.7 years) SG record (T005 + C026) in Strasbourg J9 Observatory.
Degree-2 tidal factors are shown in blue dots and degree-3 tidal factors (3MJ2, 3MKx,
3MK2, 3MO2, 3KM2) in red dots.
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5.7: Amplitude factors in the ter diurnal frequency band using the complete (9760
days, 26.7 years) SG record (T005 + C026) in Strasbourg J9 Observatory.
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5.8: Amplitude factors in the quart diurnal frequency band using the complete
(9760 days, 26.7 years) SG record (T005 + C026) in Strasbourg J9 Observatory.
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A complete list of the different groups of tidal waves that we have separated by
performing a tidal analysis on the complete data series using ETERNA 3.4, is shown in
Tables 5.2, 5.3, 5.4 and 5.5, respectively for the diurnal, semi-diurnal, ter-diurnal and
quart-diurnal groups.
Unfortunately, the phase values for 2J1, LK1x , NU1x , TET1, 3KM2, and 2K2d waves are not
properly estimated.
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Table 5.2
5.2: Tidal amplitudes, gravimetric factors (δ) and phases (κ, with respect to
local tidal potential and lags negative) with their respective uncertainties obtained
for the diurnal groups using ETERNA 3.4 software on the complete SG data series at
J9 Observatory. The tidal potential used is Hartmann and Wenzel (1995).
Frequency
(cpd)

Wave

0.8234
0.856497
0.856806
0.859691
0.861663
0.892332
0.892951
0.893098
0.89613
0.906316
0.92939
0.929846
0.93045
0.940488
0.963857
0.965681
0.965828
0.966285
0.966447
0.966757
0.974189
0.995144
0.997116
0.998029
1.002445
1.002592
1.002739
1.003652
1.005624
1.01369
1.034468
1.039031
1.039031
1.039193
1.039649
1.071084
1.075779
1.075941
1.080945
1.112233
1.216398

1158
SGQ1
2Q1x
2Q1
SGMx
SGM1
3MK1
Q1x
Q1
RO1
O1x
O1
2NO1
TAU1
NTAU
LK1x
LK1
M1
NO1
NO1x
CHI1
PI1
P1x
P1
S1
K1xK1
K1x+
PSI1
PHI1
TET1
J1
J1x
3MO1
SO1
2J1
OO1
OO1x
NU1
NU1x

Observed
amplitude
(nm/s2)
1.0260
2.6408
1.7013
9.0330
2.0446
10.8381
2.4655
12.7893
67.7533
12.8713
66.9471
354.3307
2.2684
4.6281
2.6113
1.8429
10.0408
7.6918
27.9417
5.6226
5.3310
9.6243
1.7953
164.9565
3.9923
9.6301
492.9588
67.0119
4.3061
7.2447
5.3707
28.0974
5.5709
2.7974
4.6393
2.2975
15.3445
9.8319
2.9440
1.8727

δ
1.1679
1.1604
1.1549
1.1564
1.1507
1.1506
1.0848
1.1489
1.1478
1.1488
1.1511
1.1493
1.1421
1.1517
1.1486
1.1425
1.1520
1.0818
1.1530
1.1561
1.1496
1.1478
1.1135
1.1501
1.1774
1.1220
1.1374
1.1393
1.2693
1.1738
1.1585
1.1590
1.1594
1.0779
1.1539
1.1561
1.1571
1.1571
1.1593
1.1517

142

stdv

κ (deg)

stdv

0.0098
0.0041
0.0059
0.0012
0.0053
0.0010
0.0036
0.0008
0.0002
0.0008
0.0002
0.0000
0.0044
0.0021
0.0037
0.0055
0.0010
0.0012
0.0004
0.0018
0.0018
0.0011
0.0055
0.0001
0.0037
0.0010
0.0000
0.0002
0.0026
0.0015
0.0019
0.0004
0.0019
0.0031
0.0022
0.0044
0.0007
0.0011
0.0035
0.0053

-0.1053
-0.9205
-0.0879
-0.6764
-0.7929
-0.5208
1.5651
-0.4252
-0.2811
-0.2071
-0.0199
0.0785
1.2396
0.0855
0.2364
-0.0753
0.2291
0.8654
0.1859
0.2508
0.1942
0.1386
3.2266
0.2103
2.0137
1.2057
0.2556
0.5420
0.3289
0.2687
0.0850
0.1377
0.3450
0.7709
0.1454
-0.0739
0.0928
0.1280
0.4437
0.2149

0.4812
0.2027
0.2948
0.0602
0.2634
0.0496
0.1900
0.0410
0.0077
0.0393
0.0077
0.0014
0.2197
0.1051
0.1864
0.2750
0.0504
0.0653
0.0181
0.0902
0.0916
0.0525
0.2828
0.0031
0.1830
0.0527
0.0010
0.0076
0.1162
0.0707
0.0926
0.0183
0.0919
0.1654
0.1089
0.2176
0.0343
0.0519
0.1736
0.2630

Table 5.3
5.3: Tidal amplitudes, gravimetric factors (δ) and phases (κ, with respect to
local tidal potential and lags negative) with their respective uncertainties obtained
for the semi-diurnal groups using ETERNA 3.4 tidal analysis software on the total SG
series at J9 Observatory.
Frequency
(cpd)

1.8234
1.856954
1.859382
1.862429
1.89507
1.895526
1.895689
1.895836
1.896749
1.906463
1.927418
1.930155
1.932128
1.933188
1.935322
1.942754
1.942754
1.963709
1.968566
1.968876
1.96917
1.976927
1.998288
2.000767
2.003033
2.005167
2.005477
2.01369
2.037206
2.041768
2.041931
2.042387
2.07366
2.182844

Wave

3N2
EPS2
3MJ2
2N2
MU2
3MKx
3MK2
N2x
N2
NU2
GAM2
ALF2
M2x
M2
BET2
DEL2
LAM2
L2
3MO2
3MOx
KNO2
T2
S2
R2
3MQ2
K2
K2x
ZET2
ETA2
ETAx
3KM2
2S2
2K2

Observed
amplitude
(nm/s2)
1.0591
2.7671
1.7644
9.5911
11.5958
1.1014
6.4015
2.7686
73.8431
14.0534
1.1607
1.3788
14.4286
389.9426
1.1851
0.4809
2.8647
11.0564
5.8996
1.1517
2.7606
10.6265
181.7413
1.4877
0.3371
49.4807
14.7552
0.5235
2.7604
1.2119
0.5438
0.4621
0.7241

δ

stdv

κ (deg)

stdv

1.1310
1.1401
1.0707
1.1524
1.1544
1.0796
1.0661
1.1791
1.1741
1.1763
1.1771
1.2214
1.1772
1.1871
1.1917
1.2488
1.1827
1.1907
1.0652
1.1039
1.1893
1.1895
1.1893
1.1662
1.1175
1.1916
1.1923
1.1787
1.1884
1.1981
1.0656
1.1997
1.1913

0.0059
0.0025
0.0037
0.0007
0.0006
0.0059
0.0010
0.0026
0.0001
0.0005
0.0060
0.0053
0.0005
0.0000
0.0059
0.0124
0.0025
0.0006
0.0011
0.0058
0.0023
0.0007
0.0000
0.0038
0.0200
0.0001
0.0005
0.0123
0.0026
0.0061
0.0101
0.0146
0.0071

2.3595
2.3772
0.2700
3.1155
2.8257
0.3904
0.2236
3.3458
2.7579
2.7759
3.0630
0.8927
2.2672
2.1274
1.5735
3.8036
1.4722
1.5157
-0.2635
0.8611
1.4079
0.6081
0.6219
0.7217
-1.8150
0.8782
1.0320
0.2766
0.3930
0.3363
0.2882
-0.7022
0.1291

0.2977
0.1278
0.1979
0.0370
0.0303
0.3149
0.0549
0.1258
0.0047
0.0246
0.2904
0.2477
0.0238
0.0009
0.2811
0.5708
0.1190
0.0309
0.0579
0.3008
0.1096
0.0323
0.0020
0.1863
1.0251
0.0070
0.0231
0.5955
0.1274
0.2891
0.5416
0.6977
0.3412
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Table 5.4
5.4: Tidal amplitudes, gravimetric factors (δ) and phases (κ, with respect to
local tidal potential and lags negative) with their respective uncertainties obtained
for the ter-diurnal groups using ETERNA 3.4 tidal analysis software on the total SG
series at J9 Observatory.
Frequency
(cpd)
2.86212
2.86212
2.89826
2.89826
2.89841
2.93470
2.97161

Wave
MN3
M3x
M3
ML3
MK3

Observed
amplitude
(nm/s2)
1.2446
0.2558
4.5471
0.2556
0.5906

δ (nm/s2)
1.0637
1.0706
1.0649
1.0572
1.0617

stdv

κ (deg)

stdv

0.0023
0.0113
0.0006
0.0094
0.0042

0.3108
-0.8831
0.3024
-1.0707
0.5355

0.1240
0.6070
0.0344
0.5069
0.2261

Table 5.5
5.5: Tidal amplitudes, gravimetric factors (δ) and phases (κ, with respect to
local tidal potential and lags negative) with their respective uncertainties obtained
for the quart-diurnal groups using ETERNA 3.4 tidal analysis software on the total SG
series at J9 Observatory.
Frequency
(cpd)
3.82826
3.86455
3.93775

Wave

N4
M4
K4

Observed δ (nm/s2)
amplitude
(nm/s2)
1.7222
1.4718
0.0910
0.3808
5.9660
1.3972
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stdv

κ (deg)

stdv

0.1057
0.0397
0.2052

-104.9288
172.5050
25.4002

4.1157
5.9709
8.4141

5.4 Observation and search for very low frequency signals
In addition to exhibiting small amplitude signals and near frequency groups, another
advantage of the length of J9 SG record is to enable us to study also long-period
signals. In this part we will focus on the low frequency terms, such as the long period
tides (18.6 year, 9.3 year, annual to ter-monthly) and the Chandler Wobble (CW,
period of 435 days).
The theoretical aspect of these long period signals have already been explained in the
section 2.1.8.

We have already pointed out in section 2.2 that the SGs have a very small
instrumental drift compared to spring gravimeters. This is the main reason why
studies about long period tides are particularly suited to SG data. However, the
presence of long term drift leads to spectral noise which increases with decreasing
frequency (colored noise). This means that the detection of signals is more and more
difficult when the frequency of the signal decreases, even if the data set is long
enough to allow the spectral detection.
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Fig. 5.9
5.9: Amplitude factors in the long period tidal frequency band using the complete
(9760 days, 26.7 years) SG record (T005 + C026) in Strasbourg J9 Observatory.
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Studies of long period (LP) tides (usually Mf and Mm) using SGs can be found
elsewhere. In a recent paper, Boy et al. (2006c) analyzed long series from 18 GGP
stations to estimate the ocean tide loading for the monthly (Mm) and fortnightly (Mf)
tides. Also, Ducarme et al. (2004) determined different LP tidal waves using data
from different GGP superconducting gravimeter data. The determination of the tidal
parameters for all these tidal waves is very useful to retrieve some information on the
Earth’s rheology at such frequencies (e.g. Wahr and Bergen, 1986), as any deviation
from pure elasticity will increase with decreasing frequencies (Crossley et al., 2013).
The observation of these tides is believed to give us a good constraint for
investigating the anelastic response of the Earth (Sato et al., 1997a). Compared to
diurnal tidal periods where the Earth’s rheology is predominantly elastic, on very
long timescales the behavior of the mantle becomes viscoelastic.
In figure 5.10, we compare the spectral analyses for the observed and theoretical
signals in Strasbourg using the Hartmann and Wenzel (1995) tidal potential
development. The length of the data series allows us to separate some of the long
period signals that were not visible with shorter series. An example is given by the
separation of the annual term Sa and the Chandler component (CW), which requires
at least 6.5 years of data. The spectral agreement between the CW signature and the
prediction of the gravity change due to the polar motion (not shown here) is the basis
of more detailed studies on the amplitude factor of the pole tide that can be found
elsewhere (e.g. Ducarme et al. 2006).

146

80

observed J9
theoretical

18.6 years
Mf

nm/s

2

60

40

Ssa
CW Sa
943 days
Mm

20

0

Mtm

9.3 years
-3

-2

10

10

10

-1

cpd
Fig. 5.10
5.10:
10: Spectral amplitude of the merged 27 year series (T005 & C026) at
Strasbourg J9 Observatory showing the Chandler Wobble (CW) and the long-period
tides: the ter-monthly (Mtm), fortnightly (Mf), monthly (Mm), semi-annual (Ssa),
annual (Sa), 9.3-year and 18.6-year components.

Unfortunately, despite the 27-year length of our data series we are still not able to
retrieve the tidal waves of 9.3 and 18.6 year periods, which are of special interest for
investigating the rheological behavior of the solid Earth at such periods. Our spectral
peaks are obviously biased by the large noise still present in the SG data in the low
frequency band. In a few more years, the SNR of the complete data series should be
improved and we may expect to eventually detect the 18.6-yr tide. Finally, the long
term gravity time series retrieved from SG observations are crucially depending on
the amount of corrected offsets, for the determination of the polar motion and the
seasonal components. That is why we must pay a close attention to this point, when
correcting the raw gravity data, as already explained in section 2.3.1 (preprocessing).
However, it is evident that the ability of SGs to reliably measure effects at the 0.1 µGal
level has opened up many interesting scientific possibilities.
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The search of 18.6 and 9.3 year period signals
We have already indicated that the much lower instrumental drift of SGs versus
mechanical spring meters has enabled more precise studies of long period tides (Mf,
Mm, SSa, Sa) (Sato et al. 1997a; Hinderer et al. 1998; Mukai et al. 2001; Ducarme et al.
2004; Boy et al. 2006). However, at even longer periods, there are lunar nodal tidal
waves at 9.3 and 18.61 year period which are extremely difficult to identify in gravity.
The lunar nodal tide amplitude represents only about 5% of the amplitude of the
daily diurnal tide from the Moon.

The Earth’s nutation is a predictable cycle of the Earth’s spin in space, which has
inertial space periods equal to the orbital periods of the Sun and Moon. The four
dominant periods are cycles of 18.61 years, 9.3 years, 182.6 days and 13.66 days.
Unfortunately, the large tidal variations at annual and semiannual periods are
obscured in Earth rotation observations by meteorological effects, while those having
periods of 9.3 and 18.6 years are obscured by the decadal variations in the Earth’s
rotation (Gross, 2007). We will try to search any evidence of the presence of the 18.6
and 9.3 year lunar nodal tides in our long gravity records.

*Observations
5.4.1. Search of the 18.6 year period signal
The largest nutation term (18.6 y period) is of lunar origin. It arises from the
precession of the lunar orbit around the ecliptic and will be extremely difficult to
identify in gravity (Doodson & Warburg, 1941). We use first the long gravity record
form J9 Observatory (only the 27 year record with SGs from 1987 to 2014).

In figure 5.10, we have already shown that despite the 27-year length of our series
recorded at J9, we were not able to retrieve the tidal waves of 9.3 and 18.6 year
periods from the spectral analysis. We will try to check now if there is any clear
evidence of this signal in the residuals of our data series.

We have computed the theoretical 18.6 year wave for J9 station using PREDICT
(Wenzell, 1996b), which is a FORTRAN code contained in ETERNA package, used for
the computation at a specific station of Earth tide signals with constant time interval.
As with ANALYZE code, we can choose between seven different tidal potential
catalogs. We used here again Hartmann and Wenzel (1995) tidal potential. As shown
by figure 5.11, superposing this theoretical signal with the gravity residual series, we
cannot find any kind of correlation between both signals (correlation coefficient = 0.34), mostly because the residuals are too noisy, even for the second part inferred
from C026 (after the vertical blue line).
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5.11:
11: Superposition of the 27 year gravity residuals (in black) at J9 Observatory:
T005 (before vertical blue line) + C026 (after vertical blue line), and the theoretical
18.6y wave at the same location (red) (correlation coefficient = -0.34).
We have made similar comparisons with all the European SGs series previously
treated in section 4. The only station in which the residuals seem to have a better
correlation with the theoretical 18.6y wave is Membach (figure 5.12). But even at this
station, where the amplitude of the residuals is almost half of the amplitude from the
residuals from C026 at J9 and is also less noisy, the correlation is still not clear
enough (correlation coefficient = 0.47).
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5.12:
12: Superposition of the 16 year gravity residuals (in black) at Membach
Observatory (GWR C021) and the theoretical 18.6y wave at the same location (red)
(correlation coefficient = 0.47).
It will be really interesting to check if actually this correlation continues when more
years are available for this station, because currently the total series do not cover the
whole period of the principal nutation term.

The tidal potential amplitude is latitude dependent; the long-period tides have their
maximum values at the poles. So, since tidal observations at high latitudes are
advantageous for determining the LP tides, long-term observations with a
LaCoste&Romberg ET gravimeter have been set up at the Antarctic Amundsen-Scott
station (90º S), see e.g. Rydelek and Knopoff (1982). However, because of the large
drift inherent to spring gravimeters the very long period tides are unreachable.
Due to this latitude dependence, we have also checked using the series from
Metsahovi station, in Finland, which was not previously used in this study, but whose
latitude is higher than that of the other stations analyzed in this study (60.22º N).
Unfortunately, the result was deceiving as shown by figure 5.13 (correlation
coefficient = 0.02).
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5.13:
13: Superposition of the 13 year gravity residuals (in black) at Metsahovi
Observatory (GWR T020) and the theoretical 18.6y wave at the same location (red)
(correlation coefficient = 0.02).
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5.4.2. Search of the 9.3 year period signal
The 9.3 year wave has also been computed theoretically for the J9 station using
PREDICT software. The amplitude of this signal is almost 300 times smaller than the
amplitude of 18.6y. Thus, due to the noise in the data series at J9 site, it is completely
impossible to visualize it in the residuals, as shown by figure 5.14.
Maybe some stacking procedure could help improve the SNR of the 9.3-year
component. This could be part of future perspectives.
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5.14:
14: Theoretical amplitudes of the 9.3y (upper plot) and 18.6y (lower plot)
waves at J9 Observatory.
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5.5. Summary of Chapter 5
The purpose of this chapter was to show some of the benefits that can be obtained
from very long gravity records, to detect very weak amplitude signals and low
frequency signals.

We mainly use the 27 years gravity data registered at J9 Observatory by two different
SGs (T005&C026), which is the longest available series ever recorded by SG at the
same site. In fact, at that Observatory, there are available almost 40 years of
continuous data (if we consider also the gravity data registered by a spring
gravimeter). But we’ve checked that the SG records are preferred to the long spring
gravimeter records, even when they are shorter. This is because of the long-term
stability and very small linear instrumental drift of the SGs, as seen previously in
chapter 4. And in addition, because the signal-to-noise ratio is not only improved by
increasing the length of the data set, but it is also strongly influenced by the quality of
the data.
We perform a tidal analysis using ETERNA 3.4 over the SG series, being able to
separate several tidal waves in the diurnal, semi-diurnal, ter-diunal and quart-diurnal
frequency bands, some of them with very low amplitude, with a high precision.

We also show the spectral analysis from both SGs series separately and for the
merged series, obtaining in all cases a high spectral resolution in the tidal bands. Due
to the higher noise in the T005 data relative to the C026, we still have to wait 5 more
years, until the SNR of the merged series (T005+C026) will be larger than the SNR of
the C026 series. So in just 5 years we will be able to get even more advantage of this
merger. In these spectral analyses we can detect several low amplitude tidal waves
that were hidden in the shorter series. Clear examples of small amplitude tides in the
semi-diurnal and diurnal frequency bands are pointed out.
To conclude, the long-period part of the gravity spectrum is discussed. Unfortunately,
despite the length of our series, we are not able to retrieve the tidal waves of 18.6
year period. In addition, we try with the data from the 8 SGs European stations
previously studied in Chapter 4, obtaining also negative results. Furthermore, as the
long-period tides have their maximum amplitudes values at the poles (due to the
latitude dependence of the tidal potential) we try with the data from Metsahovi
station (60.22ºN), but even at that location, the results were not satisfactory.
In the case of the tidal wave of 9.3 year period is even more complicated; its
amplitude is almost 300 times smaller than the amplitude of the 18.6y.
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6.1 Introduction
We have already mentioned in the previous chapters some effects of tidal forces on a
solid Earth, but there are actually other effects that are related to the mechanics of a
spherical shell enclosing a fluid.
If a slight rotational motion is applied to such a shell, it will produce another slight
inertial rotational movement of the fluid, relative to the shell. If the shell is ellipsoidal,
there will be then a coupled rotation between the fluid part and the solid shell.

In the case of the Earth, we can consider that the shell is the mantle and the fluid is
the core. The small rotational movement of the mantle is produced by Earth’s tides,
hence inducing a rotational movement of the fluid part if there is a coupling between
the core and the mantle. The core-mantle system like all coupled systems will have a
number of eigenmodes which are denoted Rotational Normal Modes.

Fig. 6.1
6.1: Diagram of the different rotating layers in which the Earth can be divided
(the anelastic mantle, the liquid outer core and the solid inner core).
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The existence of more than one rotational normal mode for the Earth is due to the
presence of the fluid core and the consequent possibility of differential rotations
between different regions (Dehant 2007). These three regions (each one having an
instantaneous rotation vector), interact with each other because of pressures on the
boundaries, gravitational, electromagnetic and viscous couplings.
The principal rotational modes, which are presently known, are the following
(Mathews et al. 1991a, b):

• The Chandler Wobble (CW),
(CW) which was discovered in 1891 by the astronomer Seth
Carlo Chandler. It is a small deviation of the Earth’s axis of rotation relative to the
solid Earth (e.g. Mueller 1969) related to the ellipticity of the Earth. For a rigid Earth,
this mode corresponds to the Euler Wobble (Euler, 1758) and it exists also for an
Earth without a fluid core.

• The Free Core Nutation (FCN),
(FCN) which is a retrograde (opposite to the Earth’s
rotation) mode, related to the existence of a flattened fluid core inside the Earth. This
normal mode involves a relative rotation between the core and mantle. If observed in
the terrestrial reference frame its frequency is nearly diurnal, so this mode is also
called the Nearly Diurnal Free Wobble (NDFW). The existence of this nearly diurnal
free wobble mode was discovered by Hough (1895).

• The Free Inner Core Nutation (FICN),
(FICN) which is a mode related to the existence of a
flattened inner core inside the fluid core. Similarly to the FCN, the FICN has a nearly
diurnal prograde period in a terrestrial reference frame. The theoretical existence of
this mode was undoubtedly demonstrated in 1991 by Mathews et al. (1991a), but its
existence was already proposed by Toomre (1974) and is present in the results of
Jeffreys and Vicente (1957). This mode has not yet been clearly observed.
• The Inner Core Wobble (ICW), which is the longest free mode of rotation also related
to the existence of a flattened inner core inside the fluid core. It consists of a prograde
precession of the tilted figure of the inner core with respect to a fixed mantle. This
long-period oscillation of the inner core was first studied by Busse (1970) who
proposed a period around 7 years. This mode has never been observed.
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Fig. 6.2
6.2: Diagram of the whole-Earth axis of rotation, the axis of rotation of the inner
core, the angular velocity of the mantle and the differential rotation of the outer and
inner core with respect to the mantle.
The FCN and the CW were computed using the angular momentum conservation
equations in a reference frame tied to the Earth, for an elliptical uniformly rotating
Earth model with an elastic mantle and a liquid core (Sasao et al. 1980, Hinderer et al.
1982). The other two modes (ICW and FICN) were investigated later, once a solid
inner core was added to the model (Kakuta et al. 1975, Mathews et al. 1991b, Herring
et al., 1991).
To obtain the approximate frequencies of these rotational modes, we start with the
classical Liouville equations (1858) (that is, Euler’s equations modified to allow for
deformation and internal flow) in a form given by Dehant et al. (1993) (eq. 6.1).

The Liouville equations are applied to three rotating bodies (the mantle, the liquid
outer core and the solid inner core). If the Earth is submitted to a tidal volumic
), we have, in the lack of topographic torque
potential (involving an external torque 
at the core-mantle boundary (CMB) and at the inner core boundary (ICB):
Q
O
O


l
 = 

+R
 ∧ 
l¸
 Ú
l
 Ú = 
 Ú 8
−R
Ú ∧ 
P l¸
O
 ô
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 ô = Γ ô + 
 ô
 ∧ 
N l¸ + R
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(6.1)

Where R
 is the angular velocity of the mantle, R
Ú and R
 ô the differential rotation of
the fluid core and of the inner core, respectively, with respect to the mantle (figure
6.2).
 Ú and 
 ô are the frictional torques which may appear at the CMB and ICB and Γ ô is

the sum of the gravitational torque and the pressure torque acting on the inner core.

The angular momentum for the global Earth, the fluid outer core and the inner core
 Ú and 
 ô ) can be expressed as the product of its angular rotation
 , 
respectively (
and its mass redistribution, which is described by the inertia tensor for the entire
Earth, for the core and for the inner core respectively. So, to obtain the equatorial part
of the angular momentum equations for the global Earth, the liquid outer core and for
inner core, we note:

(Þ, Þ, Î), (ÞÚ , ÞÚ , Î Ú ) and (Þô , Þô , Î ô ) as the mean moments of inertia of the Earth, of
the outer core and of the inner core respectively

R
 = (R , R , Ω + ω ), R
Ú = (RÚ , RÚ , RÚ ) and R
 ô = (Rô , Rô , Rô ) being Ω the sidereal
rotation (in a linear approximation, we have: R¶ ≪ Ω, R¶Ú ≪ Ω and R¶ô ≪ Ω).
We also noted ¯, ¯ Ú and ¯ ô the dynamic flattening of the Earth, fluid core and inner
core respectively (¯, ¯ Ú , ¯ ô ≪ 1)
If we introduce now the complex notations for these components, such as:
R = R + ÃR ,

Î = Î + ÃÎ ,

 =  + Ã ,

RÚ = RÚ + ÃRÚ ,

Ú
Ú
Î Ú = Î
+ ÃÎ
,

Γ ô = Γô + ÃΓô ,

R ô = Rô + ÃRô

ô
ô
Î ô = Î
+ ÃÎ

 ô = ô + Ãô ,

 Ú = Ú + ÃÚ

In that case, the equatorial parts of the angular momentum equation can be written
as:
(6.2)
ÞRV − Ã¯ÞΩR + ÎV Ω + WΩ Î + ÞÚ RV Ú + Þô RV ôV + WΩ(ÞÚ R Ú + Þô R ô ) = 
8
U
ÞÚ RV + ÞÚ RV Ú + Ã(1 + ¯ Ú )ÞÚ ΩRÚ + ÎV Ú Ω = T X
Þô RV + Þô RV ô − Ã¯ ô ΩÞô R + ÎV ô Ω + ÃΩ Î ô + ÃΩÞô R ô = Γ ô +  ô

We should point that the instantaneous figure axis of the inner core is tilted with
respect to the principal axis of inertia by two instantaneous rotations.

We refer to Dehant et al. (1993) for the solution of this equatorial system to obtain
the approximate frequencies of the rotational modes:
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Where

(6.3)

Þ, Þ are the principal equatorial moments of inertia of the whole Earth and mantle
(Þ = Þ − Þ )
¯ Ú is the dynamical ellipticity of the core, ¯  of the inner core and ¯ of the Earth

ℎ, u and  are elastic parameters related to the deformations of the boundaries, to
mass redistribution, or to the tilt of the inner core
%Ú is the outer core density
%  is the inner core density
[ is the ratio of the centrifugal acceleration and the gravity at the Earth’s surface
[ ℎÚ ⁄2 represents the effect of deformation of the core
There is an additional rotational mode which depends on the rotation of the whole
Earth, which eigenperiod is not dependent of the shape, and which yields no
information on the inner structure or the shape of the body:

• The TiltTilt-Over Mode (TOM). This mode exists for every rotating body, and is basically
a rigid rotation of the body about an axis that does not match any of the axes of the
relative reference system. Its period corresponds to the spin period of the body.

The period of all these five modes are summarized in figure 6.3. The periods of the
FCN and FICN are nearly diurnal; the period of the TOM is diurnal; the period of the
CW is about 430 sidereal days. As for the ICW, its period has not yet been observed
either directly or indirectly (through the resonance effects). It has been computed of
the order of a few years (e.g. 7.5 yrs for PREM by Rochester and Crossley 2009, later
confirmed by Rogister 2010).
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Fig. 6.3
6.3: Diagram of the periods (in a terrestrial reference frame) for the principal
rotational modes (FCN, TOM, FICN, CW and ICW).
In this chapter we focus only on two of these rotational modes; the Free Core
Nutation and the Free Inner Core Nutation, which are nearly diurnal wobbles in a
rotating reference frame.
These free oscillations are associated with free nutations in space in addition to the
nutations forced by the Sun, the Moon and the planets (we call precession and
nutation the motions of the Earth’s rotation axis in the space reference frame).
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Free Core Nutation
This rotational normal mode of the Earth involves a relative rotation between the
core and mantle; it is caused by the misalignment of the rotational axis of the Earth's
mantle and of the rotational axis of the fluid core (figure 6.4).

If we consider a rotating elliptical Earth model, this mode will cause both,
displacement and deformation of the Earth simultaneously. However, the
displacement component related to the nutation is much larger (about 300 times)
than the deformation component related to the body tides. That is why this normal
mode is usually called Free Core Nutation (Wahr, 1981a) (and it is also called Nearly
Diurnal Free Wobble, when looking at its effect on Earth).

Fig. 6.4
6.4: Diagram of the misalignment of the rotational axis of the Earth’s mantle and
the rotational axis of the fluid core.
From the first theoretically discovery in 1895 until observational evidence was
obtained, it took a long way. Despite the fact that this mode has been studied for a
long time, the accuracy of the estimates of the most relevant parameters has
improved rather slowly.

The physical origin of this mode is due to the pressure coupling between the liquid
core and the solid mantle which acts as a restoring force (Florsch and Hinderer
2000). Its eigenperiod directly depends on the core–mantle boundary (CMB)
ellipticity, as well as on the Earth’s elasticity (Toomre, 1974; Sasao et al., 1980; Sasao
and Wahr, 1981). Hence, its observation can be considered as a useful tool to study
the Earth’s deep interior dynamics and structure.
The attenuation of the mode (defined by a quality factor ]) is a direct consequence of
damping and coupling mechanisms at the CMB, so it is also important to compute it.
162

Based on a given Earth’s model, the eigenperiod of the FCN can be theoretically
predicted. In a terrestrial reference frame, this normal mode has an eigenperiod T^X_
close to one sidereal day (sd). In the celestial reference frame, this mode corresponds
to a retrograde motion (in the opposite way of the Earth’s rotation) with a period
close to 435 sd. The luni-solar tidal forcing at such frequencies leads to an
amplification of the Earth’s nutational and deformational responses to the tidal
forcing (Hinderer et al., 1993a).

The difference obtained between the theoretical period of this mode (~460 sd) and
the observed period (~430 sd), has been attributed to violation of the hydrostatic
equilibrium at the core-mantle boundary: Herring et al. (1986) proposed a small
increase of about 500 m in the difference between the core equatorial and polar ratio
in order to explain the observed FCN period (see also Gwinn, Herring & Shapiro 1986;
Dehant 1990).
Because of the presence of dissipation processes in the Earth, such as the viscosity of
the mantle, the tidal friction in the bottom of oceans, the electro-magnetic and viscous
coupling between the core and the mantle, the FCN is a damped oscillation. As a
result, the attenuation of the mode amplitude is a direct consequence of damping and
coupling mechanisms at the CMB. So it should be taken into account when the FCN is
investigated by introducing a complex frequency.

Theoretical models of the rheological behavior of the mantle result in a Q-value not
less than 78000 (Wahr, 1987). However, there are large discrepancies in the quality
factor values obtained with different kinds of data or even with similar data but from
different areas. In general, ] values estimated from body tide observations (eg.
Neuberg et al. 1987; Sato et al. 1994; Hinderer, 1997) are much smaller than those
estimated from nutation data (e.g. Herring et al., 1986; Gwin et al. 1986; Defraigne et
al. 1994, 1995b). Rosat et al. (2009b) have demonstrated that the inadequation
between ground gravity estimates and space nutation estimates of Q comes from the
large uncertainties obtained on the estimate of the small amplitude PSI1 tidal wave.
Recently, Rosat and Lambert (2009) have reached an agreement between the
nutation observation and the gravimetric estimates of the ] value of the FCN. Also, it
has been pointed out the important impact of inaccurate ocean loading corrections in
the gravity observation, on the determination of the damping of the eigenmode
(Neuberg et al., 1990; Florsch and Hinderer 1998, 2000).
There have been several studies trying to identify if there is a time variation of the
frequency of the FCN resonance, either in VLBI nutation or in SG gravity data (e.g.
Roosbeek et al. 1999; Hinderer et al. 2000; Lambert and Dehant, 2007; Vondràk and
Ron, 2009; Cui et al., 2014). Most of these authors concluded that the apparent timevariation is not real but rather due to the time-variable excitation of the free mode.
However, the analysis of VLBI observations performed by some other authors
(Malkin 2004; Shirai et al. 2005; Malkin and Terentev 2007) showed that not only the
FCN amplitude and phase vary in time but also its period. Vondràk and Ron (2009)
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clearly distinguish the problem of the FCN mode which is forced mainly by
atmosphere and oceans through angular momentum exchanges from the observed
resonance of the FCN. Indeed, the latter depends only on physical properties of the
Earth (ellipticity at the CMB, Love numbers, etc.) and coupling mechanisms acting at
the CMB. So a varying resonant period would mean that such mechanisms are
changing in time (Cui et al. 2014). Such variability has never been computed or
demonstrated yet.
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6.2. Theoretical approach to FCN
The consequences of the FCN can be observed both in the motion of the celestial
intermediate pole in the celestial reference frame, and also in the resonance behavior
of the frequency-dependent Earth tidal response (in its diurnal band). Its period has
been deduced from the resonance effects found in nutation observations as well as in
tidal observations.
We are going to focus on its signature on the diurnal Earth tides. So we should
consider it in the rotating frame.
Theoretical investigations have evolved from the initial computations for hydrostatic
seismologically constrained Earth models (e.g. Jeffreys & Vicente 1957; Sasao et al.
1980; Wahr 1981a; Wu & Wahr 1997; Dehant et al. 1999), to the most current MHB
model (named after Mathews, Herring and Buffet), obtained from the VLBI
observations of non-rigid nutation (Mathews et al. 2002).

There are different models for the FCN resonance. We consider the use of a reference
gravimetric factor in the resonance model. In that case, the basic equation which
holds for describing the resonance model in tidal gravity can be written as equation
6.4 (Hinderer et al., 1991b), where the FCN resonance parameters (strength
amplitude, eigenperiod and quality factor) are combined in a resonance equation
involving some Earth’s interior properties. In the diurnal band, we can express the
complex gravimetric factor ùÔ (observed data) of a wave with frequency BÔ , as the sum
of the part independent from frequency (the normal amplitude factor which would
not be affected by the resonance, ù ) and a part which is frequency-dependent with
the tidal frequency B and the FCN resonant frequency BÌþÚ1 (Neuberg et al., 1987;
Hinderer et al., 1991b):
(6.4)
ùÔ = ù¦ +

a
BÔ − Ba±·

b
Ù
Where ù¦ = ù¦
+ Ãù¦
is the amplitude factor independent of the frequency (not

influenced by the resonance),



ù¦ can be obtained by ù¦ = 1 + ℎ −  

b
Ù
Ba±· = B±·
+ ÃB±·

is the complex eigenfrequency of the FCN,

a = b + ÃÙ
refers to the resonance strength corresponding to the response
of the whole Earth to the FCN (the resonance strength relating to the geometric shape
of the Earth and the rheological properties of the mantle).
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It is real for an elastic Earth model. However, for an anelastic model, both the
resonance strength and the FCN eigenfrequency should be complex with a very small
imaginary part.
a can be written as: a = − «
Where

ℎ and 
ℎ and 

û

ûÑ

¬ «ℎ −  ¬ «¯ − [ ¬ Ω
cd







are the classical Love numbers (effect of deformation + perturbation of
potential) which characterize the Earth’s response to the tidal forcing,

are the diurnal internal pressure Love numbers which characterize the
elastic response (effect of deformation + mass redistribution) of the
Earth to the inner pressure acting at the CMB

ℎ is the secular Love number expressing the deformation of the CMB induced by a
volumic potential evaluated at the CMB,

A and Ae
¯

q
Ω

are the equatorial moments of inertia of the entire Earth and the solid
mantle respectively,
is the dynamical ellipticity of the Earth,

is the ratio of the centrifugal force to gravity at the equator,
is the sidereal frequency of the Earth’s rotation.

Therefore, the eigenperiod of the FCN and the quality factor can be expressed in
sidereal days in the rotating frame by (Defraigne et al., 1994):
þÚ1 =
]=

2π
b
B±·

b
B±·
Ù
2B±·

(6.5)

In order to retrieve the FCN parameters (] and þÚ1 ) from observations, we have to
solve the non-linear equation (6.4). Hereafter, we will introduce two methods
classically used to deal with this inverse problem.
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6.2.1. Linearized leastleast-squares approach
The frequency of the wave O1 is far away from the resonant one, so this wave is less
influenced by the FCN resonance (~ in the order of 10-4). Moreover, with a large
amplitude and high signal to noise ratio, this wave can be observed very accurately.
Therefore, it can be considered as quasi-static, and we can use it as a reference in the
retrieval of the FCN parameters.

In that case, the fitting equations can be deduced by modeling the observed complex
diurnal tidal gravity parameter (more than three waves should be considered) to
theoretical ones and removing the signals of wave O1, obtaining:
(6.6)
b + ÃÙ
b + ÃÙ
−
u(B, ,) − u(O , ,) =
b
Ù
b
Ù
B − (B±·
+ ÃB±·
) B(O ) − (B±·
+ ÃB±·
)
where , stands for the station number (in the case that data from several stations are
analyzed). This will eliminate systematic errors such as a general bias in the tidal
factors.

This equation is still non-linear, so to solve these equations when ´ tidal waves are
included, the error function g  should be minimized after linearization using the
Marquardt’s optimization algorithm (Marquardt 1963):
(6.7)

b + ÃÙ
b + ÃÙ
g = ° R(B, ,) hiu(B, ,) − u(v1, ,) − Z
−
b
Ù
b
Ù \jh
B − (B±·
+ ÃB±·
) B(v1) − (B±·
+ ÃB±·
)




k,Ô

with R(B, ,) = 1⁄l(B, ,) being the weight function, where l(B, ,) is the standard
deviation of the amplitude factor of a tidal wave with frequency B at the ,th station.

This method has been widely used in FCN retrieval studies like in Neuberg et al.,
(1987); Richter and Zürn (1986); Zürn and Rydelek (1991) and Defraigne et al.
(1994, 1995a).
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6.2.2. Bayesian approach
The Bayesian approach (Florsch and Hinderer 2000; Sato et al. 2004) is an
improvement of the previous technique, allowing a precise determination of the
quality factor ] (expressing the damping due to all physical processes involved in the
resonance). The Bayesian inversion is the method which best propagates the data
information to the parameters. This inversion is explained more in detailed in Annex
F.
This is the approach that we will use later with our data in section 6.4, since such a
probabilistic view allows the most complete and reliable information (Tarantola and
Valette, 1982) on the FCN resonance. Besides, using the Bayesian approach, the
resonance equation does not need to be linearized.

Florsch and Hinderer (2000) used the basic equation that describes the resonance of
the FCN in the tidal gravity (equation 6.4) and performed the inversion by treating
ù¦ as an unknown parameter, showing that a correlation exists between the real

b
parts uÔb and B±·
, and between uÔb and b , and that a strong correlation also exists

between b and .

The equation relative to the resonance model become:

b
10§
Ù B±·
Q
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−
2
b
b
O uÔ = ù¦ +

b
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§
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O
B±· 10§
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BÔ − B±·  + ¹
º
N
2
b
B±·


b

(6.8)

The observed gravimetric factors are then inverted to retrieve the FCN resonance
parameters; the real and imaginary parts of the resonance strength, b and Ù , the
resonance eigenfrequency Ba±· , and µ = ß® (])

The sensitivity study of the FCN parameters to the diurnal tidal waves demonstrates
that the quality factor ] is strongly dependent on the accuracy of the imaginary part
estimates of the gravimetric factors close to the resonance.

Positivity of the quality factor

Florsch and Hinderer (2000) also introduced the positivity of the quality factor ] of
the FCN, which was previously underestimated or even found negative in past gravity
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studies using the standard least squares technique. They suggested that when
estimating such a parameter, one should include that a priori information.
(6.9)
]=

B
= 10§
2B¶

So that inverting µ = ß® (]) instead of ] insures the positivity of ].

Rosat et al. (2009b) showed that by inverting ß® (]) instead of ], the result using
the least-squares method optimized using the Levenberg–Marquardt algorithm are in
good agreement with the Bayesian probabilistic results.
* Oceanic loading correction
One of the major problems for the retrieval of the FCN parameters from surface
observations is the accuracy of oceanic corrections applied to the analyzed data. It is
known that, because of the Earth’s elasticity, the surface gravity observations are
influenced by ocean tide loading (OTL). The ocean loading effect can contribute to
10% of the total signal (Francis and Melchior, 1996). Hinderer et al. (1993a)
indicated that errors in oceanic correction would lead to significant variations of the
retrieved Q value of the FCN. Ducarme et al. (2007) also showed that the uncertainty
in oceanic models will lead to some discrepancies in the determination of the FCN
parameters. As a consequence, it is important to remove the OTL signals from tidal
gravity parameters for a better determination of the FCN parameters.
In this study, we only use gravimetric stations located in Europe, where the ocean
load effects on gravity-tides are known to be very small for diurnal tides (0.5 per cent
of body tides). Nevertheless, it is of great importance for the FCN determination to
compute corrected amplitude factors and phase differences by subtracting the OTL
effect (Ducarme et al. 2009 state that the only way to improve the estimation of the
FCN using tidal gravity observations is to improve the ocean tide models). In our case,
we have used the FES2004 ocean model (Lyard et al., 2006) to correct our data, based
on the computation by Boy et al. (2002).
As the oceanic tides have the same forcing sources and similar spectral characteristics
as the body tides, we are not able to separate them in a harmonic analysis. So, we
should calculate the oceanic influence through the loading theory and the suitable
oceanic co-tidal models. As the tidal models are given only for some tidal waves, we
need to interpolate the OTL corrections to all diurnal waves used in the inversion for
the FCN parameters. We have used a regression method proposed by Xu et al. (2002)
defined by:
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(6.10)
(B) ∙ cosÅ(B)⁄ä(B) ∙ ©(B)ç = ¯ b + ó b ∙ B8
:
(B) ∙ sinÅ(B)⁄ä(B) ∙ ©(B)ç = ¯ Ù + ó b ∙ B

Where (B), (B) and Å(B) are respectively the height of equilibrium tides, the
amplitude and the phase of gravity signal caused by oceanic tides at the frequency B.

©(B) is a parameter describing the effects of the FCN resonance on the oceanic tidal
wave at the frequency B.

¯ b , ó b , ¯ Ù and ó¶ are the unknown regression coefficients.

Some other techniques as the analytical solution (Florsch et al., 1994) or the
stochastic inversion (Cummins and Wahr, 1993; Defraigne et al., 1994) have been
used to retrieve the FCN parameters using gravity data.
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6.3. Historical quest for the FCN resonance in gravity
gravity data
The possibility that the Earth, or more accurately, the Earth’s mantle, exhibits a free
nutation with a period of about one day, in a rotating reference frame, was discovered
theoretically, independently and almost simultaneously, by Hough (1895) and by
Sloudsky (1896). This mode of nutation can exist only for an Earth with a rigid mantle
and a liquid compressed core (Pariiskii, 1963). It took nearly 15 years until Poincaré
(1910) revisited this phenomenon, considering a schematic model of a rigid mantle
and a liquid core. In 1949, H. Jeffreys published his study about the dynamical effects
of a liquid core. He showed that a resonance effect should occur on the tidal waves
which periods are sufficiently close to that of the movement in the liquid core, i.e.
close to the sidereal day.
In 1957, Jeffreys and Vicente considered a more realistic model, consisting of a
compressible and non-uniform mantle and two simplified models of the structure of
the Earth’s core. They discussed about the diurnal nutation for each model (the first
with a homogeneous core, and the second with a density distribution inside the core),
obtaining disparate values for the period of the diurnal nutation. They also gave for
the first time the numerical values of the gravimetric factors, showing in particular
that the amplitude of the Earth’s response at O1 frequency should be larger than at K1
frequency, resulting in:
(6.11)
u(v ) > u(w )

In 1961, Molodensky considered the general unified theory of nutation and diurnal
tides for an inhomogeneous Earth with a liquid core, obtaining results quite similar to
those of Jeffreys and Vicente (1957).

According to their theoretical calculations (Molodensky 1961, Jeffreys & Vicente
1957), the three main diurnal waves that it was possible to observe with enough
precision from the available records (K1, O1 and O1), should have the amplitudes
given in figure 6.5.
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Fig. 6.5
6.5: Table 38 extracted from Melchior (1966) comparing the values obtained for
the models: JV1 (Jeffreys and Vicente 1957), JV1 (Jeffreys and Vicente 1957b), MO1
and MO2 (Molodensky 1961). Differences in the two models of Molodensky (1961)
derive from the conditions applied at the Core-Mantle Boundary.
These last 2 publications (Jeffreys and Vicente, 1957b; Molodensky 1961) stimulated
the gravity community to search for an evidence of the existence of the FCN in their
gravity records. Unfortunately, the precision of the observations at that time was still
insufficient. Several groups hence began to concentrate their efforts on improving the
quality of the observations. Among these groups, we can cite the one from Strasbourg,
which made several technical improvements on their spring gravimeters, as already
mentioned in section 2.3.
We can consider that the discovery of the FCN effect in gravity data is divided into
two different stages as already mentioned in paragraph 3.2.2:

- In a first step, the attempts to observationally prove the existence of the FCN
focused on the comparison of the observed amplitude of the largest diurnal tidal
constituents (O1, P1 and K1) with theoretical amplitudes. At that time, little was
known and done to correct the observed amplitudes for the atmospheric and oceanic
effects. Unfortunately, the first results published by Lecolazet (1957) and Melchior
(1957) using the 5-month data recorded in Strasbourg with the North American AG
138 gravimeter were in disagreement with the theoretical models.
Thanks to the great improvements obtained in both instrumentation and techniques
of analysis, two years later Lecolazet published the first clear observation of
u(v ) > u(w ) in agreement with Jeffreys’ theory, using a new series recorded at the
same Strasbourg observatory, from 1957 to 1958 (Lecolazet, 1959). We illustrate
these 2 determinations, incorrect and correct, of u(v ) and u(w ), by the figure 6.6,
which is a picture of Table II extracted from Lecolazet (1959).
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One year later, using the complete series of 860 days of the NA 138 gravimeter
(registered between August 1957 and December 1960) he obtained even better
results (Lecolazet 1960).

Fig. 6.6
6.6: Table II extracted from Lecolazet (1959) showing the first incorrect (left two
columns) and then correct (right two columns) determination of m(H ) and
m(G ) (δ is called H/H1 in this table) respectively obtained by the analyses performed
in 1957 and in 1959 using a North American spring meter installed at Strasbourg
Observatory.
After these first published results, correct values were found at other stations all
around the world. We can cite for example, Pariiskii (1963) who confirmed
Lecolazet’s results using an Askania GS 11 gravimeter, or Popov (1963). Melchior
(1966) compiled these results even though some of them did not achieve the
expected results.

As higher quality data were available, the next generation of gravimetric observations
dealt not only with these largest waves (O1, P1 and K1), but also with the
measurement of minor diurnal tidal constituents, as for example # and  which are
much closer to the predicted resonance than K1 and hence better constrain the
frequency of the FCN.

- In a second step, once the existence of this resonance was proved, the search for the
value of the FCN frequency begun. After some failures when Lecolazet and Steinmetz
(1973) were not able to locate correctly the frequency, they published the first results
of the discovery of the resonance of the core (Lecolazet and Steinmetz, 1974). They
determined that the FCN frequency should be either between K1 and PSI1, or between
K1 and PHI1.

The wrong estimation of PSI1 amplitude obtained by Lecolazet and Steinmetz in 1973
and the better one obtained in 1974 are illustrated in Figure 6.7.
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Fig. 6.7
6.7: Diurnal tides amplitude factors obtained by Lecolazet and Steinmetz in 1973
(up) and in 1974 (down) illustrating the improvement in PSI1 amplitude
determination between these two studies.
In both publications they used the same dataset, i.e. almost 3 continuous years
between 1964 and 1967 obtained with the North-American AG 138 installed at the
Seismological Observatory in Strasbourg. The major difference in the two studies was
the methodology used in the data analysis; in 1974 they performed a tidal analysis
method based on the T. Chojnicki’s least-squares technique (Chojnicki, 1972) which
was a major improvement for tidal analysis.
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These results were then much improved by using a longer series recorded between
1973 and 1975 with a LaCoste-Romberg Earth-Tide gravimeter (LR-ET005),
equipped with a feedback system installed at the J9 Gravimetric Observatory of
Strasbourg, definitively confirming that the FCN frequency lies between K1 and PSI1
frequencies (Lecolazet and Melchior, 1977; Abours and Lecolazet, 1978).
The instrumental precision of the LR-ET005 was not only better than that of the
North American, but also the tidal analysis technique was improved with the help of
computer processing conducted at the International Center for Earth Tides, where the
Chojnicki's least-squares procedure was applied and complemented with a spectral
analysis of the residuals. Their analysis was also compared with the Venedikov’s
method (Venedikov, 1966a), leading to similar results. At that time, the analysis
technique improved with the introduction of the computer processing, which was a
major breakthrough.
At the same epoch, a theory for calculating the normal modes and the forced motion
of a deformable, slightly ellipsoidal, rotating body, described by an isotropic elastic
constitutive relation was developed by Smith (1974). Also, Lecolazet (1983)
correlated observed amplitude variations of the FCN (also called NDFW) with
variations of the length-of-day and speculated about a temporal variation of the
NDFW eigenfrequency.
Neuberg and Zürn (1986) suggested stacking data from different instruments at a
single station. But it was already identified that in addition to the importance of
having long gravity records, it was necessary to use observations at more than one
station to reduce the effects of local systematic errors. Because the FCN is a global
phenomenon, stacking data from gravimeters located in different areas, can reduce
effectively the discrepancy of the retrieved FCN resonance parameters. These
differences are mainly caused by atmospheric and oceanic loading effects and by
some local environmental perturbations surrounding the stations. Neuberg et al.
(1987) first proposed an inversion of stacked gravity tide measurements in central
Europe. They used the Marquardt optimized linearized least squares. A few years
later, Defraigne et al. (1994) added to the gravity stack the nutation observations.
Another breakthrough occurred with a better understanding of the atmospheric and
oceanic effects and with the emergence of the superconducting gravimeters during
the 80s. With the arrival of this new generation of gravimeters, a new observational
window on Earth’s deep interior was opened. (See section 2.2.2 for a description of
the advantages and improvements brought by SGs), and the first precise
determinations of the eigenfrequency and quality factor ] of the mode were
proposed (Warburton and Goodkind 1978; Goodkind 1983; Zürn et al., 1991b;
Richter et al., 1995).
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6.4. Observations of the FCN resonance using other geodetic
techniques
Most of the experimental studies for the determination of the FCN parameters are
based on the analysis of tidal gravity data and Very Long Baseline Interferometry
nutation data. However, some other geodetic observational techniques have also been
used to try to determine these parameters (up to now the more reliable results,
especially concerning the quality factor of the resonance, are derived from the VLBI
observations).
Borehole water-level data
Zaske et al. (1999) performed a tidal analysis on a quasi-continuous 665 day dataset
of well-level variations recorded at the European Hot-Dry-Rock test-site in Soultzsous-Forêts, France. Their results clearly showed the influence of the NDFW on the
borehole water level data. However, they obtained a period þÚ1 ≈ 380 days which is
in disagreement with other studies.
Strainmeters / extensometers
Although tidal signal-to-noise ratio for strain is usually lower than for gravity, the
analysis of strain data is promising since the relative perturbations due to the FCN in
strain tides are about 10 times larger than in gravity tides (Amoruso et al., 2012).
Levine (1978) first used strain tide data (almost two years, using a 30 meter laser
strainmeter located in a gold mine close to Boulder, Colorado) and found a significant
structure in the response of the Earth to tidal excitations near 1 cycle/sidereal day,
which corresponds to the predicted resonance behavior. Unfortunately, his results at
 and # frequencies where the resonance has the largest effect, were not accurate.
The corroboration for this frequency shift was provided by Sato (1991) in his study of
strain tides in Japan.
Later, Polzer et al. (1996) used strain tide data from the Schiltach observatory in
southwestern Germany, together with high quality gravity data. They found a þÚ1
period of about 410 sidereal days, which is much lower than the gravimetric and VLBI
obtained values. More recently, Mukai et al. (2004) estimated the FCN parameters
using 7.1-year strain data observed with a laser extensometer in a deep tunnel,
located at the Rokko-Takao station, Kobe, Japan. They obtained a þÚ1 = 427.5 days
and ]  = 1.7 ∙ 10»(]~5880). They also pointed out the difficulty of using strain
data to estimate the FCN parameters because tidal strain data are often contaminated
by environmental noise such as meteorological variations. Ping et al. (2010) used 17year data recorded with three identical quartz tube extensometers, located at the
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Esashi station, Japan, obtaining values between 410 and 421 days for the þÚ1 , and
between 6670 and 10500 for the quality factor.
More recent results have been published by Amoruso et al. (2012), using eight years
of discontinuous strain records from two crossed 90-m long laser extensometers,
operating in the Gran Sasso underground observatory, Italy. They obtained
þÚ1 = 429 days and ] values between 10000 and 50000.

VLBI technique

The FCN can be observed not only by its resonance effect on the diurnal tidal waves
using gravimeter records, but also by its associated resonance effects on the forced
nutations of the Earth’s figure axis. Such forced nutations are usually observed by
Very Long Baseline Interferometry (VLBI) technique relying on the determination of
the space reference frame. VLBI technique has been widely used to measure the
resonance effect on nutation amplitudes and, as well, to observe and model the forced
FCN oscillation (e.g. Lambert 2006, http://syrte.obspm.fr/~lambert/fcn/index.php).
This direct FCN effect cannot be observed in surface gravity measurements because
its amplitude is about 300 times smaller on Earth than its nutation amplitude in a
space reference frame.
Since 1984, series of VLBI measurements have been available with high precision and
high resolution. The FCN was probably first detected using VLBI observations by
Herring et al. (1986), Eubanks et al., (1986) and Gwinn et al. (1986).
Up to now, the most reliable results for the values of the FCN parameters, especially
concerning the quality factor, are derived from VLBI observations. The discrepancy
between gravity and nutation is due to the large errors arising from the diurnal tidal
wave determinations that are the closest to the FCN resonance. In particularly, the
PSI1 wave has small amplitude at the Earth’s surface while its corresponding annual
retrograde nutation is 300 times larger in space. Another reason is that the oceanic,
atmospheric and hydrological effects are much lower on VLBI observations
(differential global technique) (angular momentum exchange) than on surface
gravity (direct Newtonian effect + mass redistribution + deformation). So, while the
ocean loading effect is a main source of error on the gravity signal, the effect of the
ocean tides on the Earth’s nutation is much weaker.
Sato et al. (1994) pointed out that the error in the correction for the ocean tide effects
could strongly affect the estimated FCN parameters when using SG data.
Furthermore, Rosat and Lambert (2009) have shown that a joint inversion (using SG
+ VLBI data) did not improve the results that they obtained using VLBI data alone.
Nowadays, owing to the accumulation of VLBI data it has become possible to improve
significantly these results. Modern theory of nutation predicts a steady FCN period of
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431.2 sidereal days (Dehant and Defraigne, 1997), and the most recent estimations
from VLBI observations have been found to be about 430–431 sidereal days or about
429–430 solar days (Mathews et al., 2002; Koot et al., 2010).
Please note that all along this chapter, we have employed a sign + for the FCN period,
but we should remember that the movement is retrograde (so its period should be
around - 430 days) with respect to the Earth’s rotation.

* Response in nutation to the tidal forcing
Following the modern theory of the Earth’s rotation (Mathews et al., 2002) we can
determine the period not directly from an analysis of the observations but indirectly,
through the transfer function. This function expresses the ratio between rigid and
non-rigid nutation amplitudes (ob and o)
(6.12)
 (±) (B) =

o(B)
ob (B)

wherein, neglecting the Inner Core Wobble effects,


(±)

(B) =

(6.13)

−B
B ÷  ⁄
B ÷ ö
B ÷ ö
Z1 −
+
+
\
+1
B −  B ÷ −  B ÷ − 

where B is the luni-solar nutation frequency in a rotating terrestrial reference frame
and is given in cycle per sidereal day
B÷ = B + Ω

o(B) are the theoretical amplitudes of the nutation for the real Earth,

ob (B)are the rigid Earth nutation (REN) amplitudes (Souchay et al. 1999) and
= 0.0032845479 is the dynamical oblateness of the rigid Earth,

The last three bracketed terms express the CW, FCN and FICN resonance,
respectively, with their corresponding frequencies:
 =
 = −

Þ

Þ



Þ
( − Ý)
Þ

− ó − 1
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Þ
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Þ 



+ )

Where Þ and Þ are the equatorial inertia moments of the whole Earth and the
mantle respectively.
ö =

Þ
( − )
Þ

 is the complex resonant frequency of the FCN, and  the flattenings of the Earth
and the fluid outer core, respectively, and Þ, Þ and Þ the equatorial moments of
inertia of the whole Earth, of the mantle and of the fluid outer core, respectively.
The complex parameter ö represents the strength of the FCN resonance.
The flattening



is relevant to the solid inner core and



to the fluid outer core.

The compliance Ý is expressed as Ý = ⁄ , where  and  are the elastic and fluid
Love number, respectively. It expresses the deformability at the surface under the
tidal forcing of degree 2.

The compliances  = [ ℎ  /2 and ó = [ ℎ /2, where ℎ  ≈ 1.14 and ℎ ≈ 0.35,
respectively characterize the deformability of the CMB by a volumic potential and
under an inertial pressure acting at the CMB (Dehant et al. 1993).

The sensitivity analysis of  (±) to parameters ö ,  ,  and  shown by Rosat and
Lambert (2009), reveals that the nutations are primarily sensitive to the FCN
frequency  , then to its amplitude ö , and less sensitive to the Chandler frequency 
and to the FICN frequency  .
Please note that we have omitted the compliances associated with the electromagnetic coupling at the CMB and that should be added in the frequency expression
of the FCN and FICN (cf. Mathews et al. 2002 for the complete expression of the
eigenfrequencies).
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Table 6.1
6.1: Summary of some of the most relevant estimations of the period T, and the
quality factor Q, of the FCN, from theoretical models and experimental results using
different types of data (SG stations: B=Brussels, Belgium; BH=Bad Homburg,
Germany; CA=Cantley, Canada; CB=Canberra (Australia); ES=Esashi (Japan);
J=three Japanese stations; MA=Matsushiro (Japan); MB=Membach (Belgium);
ST=Strasbourg, France. “OPA solution” refers to the nutation series obtained at the
Observatoire de Paris VLBI analysis center.

Author
Neuberg et al. (1987)
Sasao et al. (1980)
Wahr and Bergen (1986)
Herring et al. (1986)
1986)
Cummins
and
Wahr
(1993)
Sato et al. (1994)
1994)
Defraigne et al. (1994)

Data
Stacked gravity (B+BH)
Theory elastic
Theory inelastic
VLBI
Stacked gravity IDA

Stacked gravity (J)
Stacked gravity (B+BH+ST)
VLBI
Stacked gravity + VLBI
Florsch et al. (1994)
Gravity ST
1994)
Merriam (1994)
Gravity CA
Hinderer et al. (1995)
Stacked gravity (ST+CA)
Roosbeek et al. (1999)
VLBI
Polzer (1997)
Gravity
(1997)
Florsch and Hinderer Gravity ST (Bayes)
(2000)
Hinderer et al. (2000)
Gravity + VLBI
Mathews et al. (2002)
MHB2000 model
Sato et al. (2004)
Stacked gravity
(ES+MA+CB+MB)
Mukai et al. (2004)
Strain
Vondràk and Ron (2006)
VLBI
Ducarme et al. (2007)
Mean gravity
Lambert
and
Dehant VLBI
(2007)
Ducarme et al. (2009)
Mean gravity in Europe
Rosat et al. (2009)
Stacked gravity of 7
European SGs (Bayes)
Rosat and Lambert (2009) VLBI
Gravity
Koot et al. (2010)
VLBI (Bayes)(OPA solution)
Amoruso et al. (2012)
Strain
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T (sid.
(sid. day)
431 ± 6
465
474
435 ±1
428 ±12
437 ±15
424 ±14
432 ±4
433 ±3
431 ±1
430 ±4
429 ±8
431- 434
412.6 ±4.2
428

431- 434
430.20 ± 0.28
429.70 ± 1.40

Q
2800 ± 500
∞
78000
22000 – 100000
33000 – 37000
3200 - ∞
2300 – 8300
] > 15000
] > 17000
1700 – 2500
5500 – 10000
7700 - ∞
Not estimated
≈ -10000
] > 20000
15000 – 30000
20000
9350 – 10835

427.50 ± 11.1
430.32 ± 0.07
429.70 ± 2.40
430 ± 0.40

5000 ± 12500
20600 ± 340
Not estimated
17000 ± 3000

430 ± 2.00
428 ± 3.00

15000 ± 8000
7762 < ] < 31989
(90% C.I)
16683 ± 884
16630 ± 3562
19716 ± 288
10000 - 50000

429.6 ± 0.6
426.9 ± 1.2
429 ± 0.07
429 ± 10

6.5 Numerical results
results

The predicted values of the FCN parameters have evolved from the þÚ1 ≈ 470
sidereal days and ] ≈ 40000 in Wahr (1981)’s early papers to the þÚ1 ≈ 429.93 −
430.48 sidereal days and ] ≈ 20000 obtained by Mathews et al. (2002) by fitting
their nutation model to VLBI data up to 1999. Ducarme et al. (2006) pointed out that
the most recent models (Dehant et al. 1999; Mathews et al. 2002) do not recover the
exact observed resonance shape.

The FCN resonance in gravity data is commonly represented by a damped harmonic
oscillator model.

A good example was shown in figure 5.5, section 5.2, where the amplitude factors in
the diurnal frequency band using the complete SG record (T005 + C026) in
Strasbourg J9 Observatory are shown, and there is a clear evidence of the FCN
resonance.

Now, we are going to invert these data in order to estimate the FCN frequency, quality
factor Q and the transfer function of the mantle (or the resonance strength). First, we
are going to use individual gravimetric series recorded at J9, our study site; in a first
analysis we have fitted the resonant admittances for each instrument separately and
later we present a stacking of the data for the two SGs.
The data to be inverted are the complex gravimetric factors calculated in section 5.3,
corrected for the ocean tide loading effect according to the FES 2004 ocean model
(Lyard et al. 2006). All these inversions will be done using the Bayesian approach
proposed by Florsch and Hinderer (2000) and previously commented in section 6.2.2.

To realize these inversions, we have used a FORTRAN code initially developed by N.
Florsch and revised by S. Rosat in 2007 (this code is also used to subtract the OTL
effect in our gravity observed data before estimating the inversion).

This code firstly converts the observed gravimetric factors (amplitude, phase) and
their errors resulting from our analysis realized with ETERNA 3.4, into real and
imaginary parts of the complex gravimetric factor delta with their errors. By default,
9 diurnal tidal waves are used (Q1, O1, M1, P1, K1, PSI1, PHI1, J1 and OO1) and the initial
parameter values follow an a priori weakly constraining uniform law (Florsch and
Hinderer, 2000). In this first step, the ocean loading correction can be also performed
using the FES2004 ocean model. Once the real and imaginary parts are computed, the
inversion of these parameters is performed through the equation 6.6 resulting in 2Djoint probability density functions. Finally, the 1D-marginal laws are also computed
for each parameter. Later on, we used a MATLAB code, developed also by S. Rosat to
design and plot the probability density functions.
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* Results for various gravimeters recording at J9

Table 6.2
6.2: Summary of the estimations of period and quality factor of the FCN using
data from different types of gravimeters recording at J9 Observatory.
Series
NA 138
LR ET005
T005
C026
T005 + C026

{qrs (sid. days)
ays)
423.6 ± 14
424.5 ± 10
429.8 ± 5
430.9 ± 5
430.3 ± 5

23743
30097
3954
5975
5862

<]
<]
<]
<]
<]

t
< 71677 (90% C.I)
< 76659 (90% C.I)
< 27457 (90% C.I)
< 47271 (90% C.I)
< 47362 (90% C.I)

In the case of the North American gravimeter, due to the large uncertainty on the
amplitudes and phases of the diurnal tidal waves close to the resonance, we obtained
a poor constraint on the FCN parameter values.
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Fig. 6.8
6.8: Joint and marginal probability density functions for the FCN parameters
(xy, xz , { and |) estimated from 34 months of the NA138 data using the Bayesian
method. Vertical dotted lines indicate the 90% confidence intervals.
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6.9: Joint and marginal probability density functions for the FCN parameters
(xy, xz , { and |) estimated from 8 years of L&R ET005 data using the Bayesian method.
Vertical dotted lines indicate the 90% confidence intervals.
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6.10:
10: Joint and marginal probability density functions for the FCN parameters
(xy, xz , { and |) estimated from 9 years of SG T005 data using the Bayesian method.
Vertical dotted lines indicate the 90% confidence intervals.

185

430

a R (*10 -3 )

440

75
85
85
75

T (days )

C026

420
3.5

99

75

4

4.5

5

0.68
0.67
3.5

4

4.5

log (Q)
a R (*10 -3 )

75

a I (*10 -4 )

10

85

85 99

4

4.5

75
75

5

0.68

75

0.67
420

425

430
T (days)

85 75

435

440

a I (*10 -4 )

425

85
99

-0.4
-0.5
-0.6
0.67

0.02

0.01

0.01
4

4.5
log10(Q)

0
420

5

0.1

0.04

0.05

0.02

0
0.64

0.66
0.68
R
-3
a (*10 )

440

0.675

0.68
a (*10-3)

0.685

R

0.02

0
3.5

435

8 57 5

a I (*10 -4 )

10

75

85
8575

430
T (days)

log (Q)
-0.4
-0.5
-0.6
420

5

log (Q)

10

-0.4
-0.5
-0.6
3.5

75
85

85
7599

0
-0.7

0.7

425

430
435
T (days)

-0.6

-0.5
I

-0.4

440

-0.3

-4

a (*10 )

Fig. 6.11
6.11:
11: Joint and marginal probability density functions for the FCN parameters
(xy, xz , { and |) estimated from 18 years of SG C026 data using the Bayesian method.
Vertical dotted lines indicate the 90% confidence intervals.
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6.12:
12: Joint and marginal probability density functions for the FCN parameters
(xy, xz , { and |) estimated from 27 years of the merged SG series (T005+C026) using
the Bayesian method. Vertical dotted lines indicate the 90% confidence intervals.
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The FCN period value obtained from the merged SG observations (T005 and C026) at
J9 observatory is very close to the period obtained from the theoretical computation,
429.5 sidereal days (Dehant et al., 1999) and is also very close to the one obtained
when using VLBI data including the electro-magnetic coupling at the core-mantle
boundary, 430.04 sd (Mathews et al., 2002). The best quality factor is obtained from
the tidal analysis of SG C026 data alone (] = 26613).

* Results obtained with other European SGs

In a second step, we are going to stack the data from several European SGs. Stacking
long-period and high-precision tidal gravity data in different areas can reduce
effectively the discrepancy of the retrieved resonance parameters caused by
atmospheric and oceanic loading and the local environmental perturbations
surrounding the stations. We have performed an independent inversion and a
combined inversion of 7 of the GGP European SG data previously analyzed in section
4.4 (Table 6.3).
In a first analysis we fit the resonant admittances for each tidal station separately and
later refer to these as the individual fits. In a second analysis we fit the same model
function to the resonant admittances of all stations simultaneously.

Table 6. 3: Summary of the estimated period and quality factor of the FCN, using data
from 7 European Superconducting gravimeters, and for the stacking of these 7 SGs.
Series
Bad Homburg
J9 (T005 + C026)
Medicina
Membach
Moxa
Vienna
Wettzell
Stacking of 7 stations

{qrs sid. days
429.88 ±5.7
430.91 ±5.1
430.03 ±5.7
429.61 ±5.7
429.93 ±5.5
429.73 ±5.7
430.38 ±5.7
430.32 ±5.2
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4201
5862
1072
5156
3507
3671
2368
3614

<]
<]
<]
<]
<]
<]
<]
<]

t
< 44906 (90% C.I)
< 47362 (90% C.I)
< 26819 (90% C.I)
< 47220 (90% C.I)
< 42734 (90% C.I)
< 42909 (90% C.I)
< 28911 (90% C.I)
< 39742 (90% C.I)
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6.13:
13: Joint and marginal probability density functions for the FCN parameters
(xy, xz , { and |) estimated from stacking 7 European SG (Bad-Homburg, J9
(Strasbourg), Moxa, Membach, Medicina, Strasbourg, Vienna and Wettzell) records
using the Bayesian method. Vertical dotted lines indicate the 90% confidence
intervals.
Our values obtained from SG gravity data are very consistent with those inferred
from VLBI nutation data. The period obtained for all SG stations is slightly lower than
the period obtained in our reference site (J9 observatory, 430.91 sd). The higher
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quality factors are obtained at Bad Homburg (24553) and Membach (26187)
stations.
In the near future, a more accurate determination of the resonance parameters and a
more advanced study of the Earth’s FCN will depend on the simultaneous utilization
of various additional high-precision observations (including strain data) recorded at
globally distributed stations.
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6.6 Attempt of detection of the FICN
The origin of the existence of the Free Inner Core Nutation (FICN), also called the
prograde FCN, is very similar to that of FCN, is caused by the rotation of a slightly
tilted solid inner core with respect to the fluid core and the mantle. It has been
computed theoretically by Mathews et al. (1991a, 1991b) and Herring et al. (1991)
using a semi-analytical method, and by Legros et al. (1993) and Dehant et al. (1993)
using a completely analytical method. The theoretical calculations predict a very
weak surface amplitude of a few tens of micro-arcseconds (where 1 µas ~ 0.03 mm of
equatorial shift at the Earth surface), a gravity perturbation of ~ 0.1 nGal and a
smaller resonance effect on Earth tides than for the FCN.

As we mentioned before, this mode has never been observed using gravity data.
Several attempts made using VLBI data failed. However, according to Mathews et al.
(2002) the FICN period is between 930 and 1140 days, and Koot et al. (2010)
estimated the FICN period between 875 and 975 days (1σ interval). The FICN
parameters were obtained by fitting a resonance transfer function model like
equation 6.13 to the VLBI nutation data including the FICN resonant term. This
determination is mostly constrained by the 18.6-yr nutation term, the most sensitive
to the FICN, but which amplitude is poorly defined since only 30 years of VLBI data
were used.
The parameters involved in the calculation of the FICN are the flattening of the inner
core, the densities of the inner core and outer core, and the deformation of the Inner
Core Boundary (ICB) due to the fluid dynamic pressure acting on it. The rheological
behavior of the inner core seems to play a critical role in its rotation. Theoretically,
the geodetic or gravimetric estimations of the period of the FICN simultaneously with
its quality factor will permit to determine both, the viscosity of the inner core and the
frictional constant at the ICB (Greff-Lefftz et al., 2000).
Similar as the FCN, the FICN has a quasi-diurnal period in the terrestrial reference
frame, and a prograde long period in the celestial reference frame. The frequency is
very much dependent on the density jump at the inner core-outer core boundary, as
well as on the inner-core flattening (Dehant et al. 1997). Therefore, as the density
jump at the ICB is not well known, also the period is not well known; an increase in
the amplitude of the radial magnetic field at the ICB involves an increase of the period
of the FICN. Also, the quality factor associated with the FICN in the different
theoretical models varies with several orders of magnitude.
An illustration of the theoretically predicted resonances is shown in figure 6.14
(adapted from Hinderer 1997). The right side shows the FCN resonance and the FICN
resonance is shown in the left side. It is evident that the resonance effect of the FICN
is significantly lower than the one for the FCN.
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Fig. 6.14
6.14:
14: Double theoretical resonance in the tidal gravimetric factor (adapted from
Hinderer 1997) including the FICN resonance and the stronger FCN contribution.
Similar as they did in the last century in a first step to try to observationally prove the
existence of the FCN, we will use now the 27-year series recorded by the SGs T005
and C026 at J9 to try to prove the existence of the FICN.
We rely on some previous results to estimate in which frequency intervals we should
focus our search. Rogister (2001) estimated that the FICN period should be around
470 sidereal days while Koot et al. (2008) estimated it between 875 and 1100
sidereal days. Considering all these values, we expand the range from 430 to 1400
sidereal days (corresponding to a range between 0.99768 and 0.99928 cpsd) to focus
the search of a possible resonance effect in diurnal tidal amplitudes.

Using the spectral analysis of the merged 27-year series recorded by T005 and C026
at J9, there are three waves (A, B and C) between S1 (0.99727 cpsd) and K1x- (0.99985
cpsd) (K1x- is a lunar nodal wave of K1 with a 18.6 year sidereal period), that we could
try to separate performing a more detailed tidal analysis for those frequencies, than
the analysis performed in section 5 using ETERNA 3.4 (Fig 6.15).
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Fig. 6.15
6.15:
15: Amplitude spectra of the complete (9760 days, 26.7 years) SG record (T005
+ C026) in Strasbourg J9 Observatory between S1 and K1x- waves.
These three waves correspond to the wave 551 (A), wave 553(B) and wave 554 (C)
in the potential catalogue of Tamura. A and B are derived from the potential of degree
2, while C wave derives from the potential of degree 3. As expected from the theory,
the resonance only alters the amplitude of the degree 2 tides (e.g. Hinderer & Legros
1989). So we try to identify any resonance phenomenon in the amplitudes of the A
and B waves.

Despite the length of the series, the results obtained for ‘A’ and ‘C’ waves are not
accurate enough to consider that there could be a real resonance effect. However
despite its large error, the ‘B’ wave seems to exhibit a resonance near 0.99924 cpsd
(1.00198 cpd) (Fig 6.16).
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Fig. 6.16
6.16:
16: Amplitude factors using the complete (9800 days, ~27 years) SG record
(T005 + C026) in Strasbourg J9 Observatory, between P1 and PHI1 frequency bands.
A possible resonance curve (least squares fitted) is superimposed with dotted line,
with frequency ~ 0.99924 cpsd. For each wave is expressed the x value with respect
to the frequency of K1 (1 cpsd) derived from  = −( + |), where  = 1 cpsd.
In addition to Strasbourg, we consider now other SG sites in Europe in order to
investigate the possible resonance effect in the amplitude of the diurnal waves,
caused in the proximity of this frequency (1.00198 cpd). We perform a precise tidal
analysis for all those series using ETERNA 3.4. For some of these stations, such as Bad
Homburg, Medicina and Moxa, a similar behavior is indeed found for nearby
frequencies (figures 6.17, 6.18, and 6.19).
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Fig. 6.17
6.17:
17: Amplitude factors using the SG record in Bad Homburg Observatory,
between P1 and PHI1 frequency bands. A possible resonance curve (least squares
fitted) is superimposed with dotted line, with frequency ~ 0.99927 cpsd. For each
wave is expressed the x value with respect to the frequency of K1 (1 cpsd) derived
from  = −( + |), where  = 1 cpsd.

Fig. 6.18
6.18:
18: Amplitude factors using the SG record in Medicina Observatory, between P1
and PHI1 frequency bands. A possible resonance curve (least squares fitted) is
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superimposed with dotted line, with frequency ~ 0.99931 cpsd. For each wave is
expressed the x value with respect the frequency of K1 (1 cpsd) derived from
 = −( + |), where  = 1 cpsd.

Fig. 6.19
6.19:
19: Amplitude factors using the SG record in Moxa Observatory, between P1 and
PHI1 frequency bands. A possible resonance curve (least squares fitted) is
superimposed with dotted line, with frequency ~ 0.99925 cpsd. For each wave is
expressed the x value with respect the frequency of K1 (1 cpsd) derived from
 = −( + |), where  = 1 cpsd.
Even if all these results are promising, the theoretical prediction of the FICN period is
not sufficiently accurate to unambiguously link those oscillations with the FICN
resonance. Hence, it seems to be necessary to improve the theoretical estimates of the
FICN period to make its search in the observational data more efficient.

Besides the FICN resonance effect in diurnal gravimetric tides , another way to detect
this mode is to analyse the most accurate nutation series obtained from the VLBI
observations, especially when the determination of the 18.6 year term will become
more accurate thanks to longer data sets.
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6.7. Chapter’s summary
The objective of this chapter was to determine the characteristics of the core
resonance through the gravity data that we have used throughout the previous
chapters.
The diurnal tidal amplitudes are resonant at the FCN frequency, and hence we can use
the measurements of tidal amplitudes to determine the FCN frequency. The frequency
of this mode is particularly sensitive to the flattening of the core-mantle boundary,
which is the largest compositional discontinuity within the Earth, at a depth of 2889
km (Young and Lay 1987). So observing the FCN is thus very useful to infer the CMB
flattening from its period and to obtain information about the dissipation effects at
this interface from the determination of its damping.

After reviewing the history of the first observations of the FCN resonance on gravity
data (that casually was carried out using gravity data recorded at the Observatory of
Strasbourg), special efforts are undertaken in order to estimate the FCN parameters
(Q and T^X_ ) from our observations, using the Bayesian approach, proposed by
Florsch and Hinderer (2000).
We use firstly individual gravimetric series recorded at J9, from both spring and
superconducting gravimeters. In a first analysis, we fit the resonant admittances for
each instrument separately and for the stacking of the two SGs data. In a second step,
we stack the data from different European SGs data we have already used in chapter
4 to study their stability, and in chapter 5 to try to detect the 18.6 year period signal.
The values obtained (for all the SG stations) are very close to those estimated from
the theoretical computations, and are also in very good agreement with those
obtained through VLBI observations.

We also review the observations of the FCN resonance using other techniques, as for
example observations obtained using borehole water-level or strainmeter data and in
more details, using the VLBI technique, which is the most accurate.
Regarding the FICN, this mode has never been observed in gravity records, and the
theoretical calculations predict a very weak resonance effect on Earth tides and
nutations. Detecting this signal in the data will allow us to substantially improve our
knowledge about the Earth’s interior and its dynamics. During last years several
attempts to find the FICN component in VLBI nutation series have failed, only its
resonance effect on the long-period nutations (mostly the 18.6 year term) could be
used to try to constrain its parameters.
We use here the 27-year series recorded by the superconducting gravimeters T005
and C026 at J9 Observatory to try to prove the existence of the FICN, in a similar way
as in a first step to try to prove the existence of the FCN on gravity data:
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Relying on the frequency interval estimated in previous studies, we focus on the
range from 430 to 1400 sidereal days for the FICN period. The spectral analysis of the
merged 27-year series is analyzed to check if there are more waves detected in that
period range than the waves already obtained in the complete tidal analysis done in
chapter 5. Indeed there are several small amplitude tidal waves that can be separated
now.

Several tests, modifying the frequency limits of the wave groups, are done to try to
separate these new waves in the diurnal tidal band in the ETERNA 3.30 analyses. We
focus on the period range äS , Ku ç and check if a resonance effect appears. One
possible resonance is found near 1.00198 cpd (0.99924 cpsd) using the long
Strasbourg series. Similar tidal analyses are performed using the European SG
records which have been already used in chapters 4 and 5, and we obtain comparable
results in some of these stations (Bad Homburg, Medicina and Moxa). If such
observation corresponds to a resonance associated with the FICN, it would
correspond to a period for the FICN around 1300 sidereal days that is larger than the
latest theoretical predictions and slightly larger than the VLBI nutation estimates.
Progress on the theoretical estimates of the FICN period on one side and the VLBI
nutation observations on the other side will also help in the future the search for the
resonance effect in the surface gravity data.

Improvement in the observational determination of the FCN and FICN parameters is
important in geodynamics, because they give us useful and unique information to
constrain the parameters related to the physical process of coupling at the coremantle boundary (CMB) and at the inner core-fluid core boundary (ICB).
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Conclusions
In Strasbourg, the first gravimeter with the main purpose of recording Earth's tides
was installed in 1954. Since then, 8 different models of gravimeters (relative spring
gravimeter, relative superconducting gravimeter and absolute gravimeter) have been
recording at different consecutive periods. In the meanwhile, the sensors, the
acquisition systems and the computational methods have been drastically improved.
We have used all these series recorded at Strasbourg observatory to verify these
improvements, concluding that the measurements accuracy has been increased by
more than 10 times with respect to the first models. The time stability and the noise
level of all these series have been studied, mainly in terms of long term stability of the
tidal parameters (amplitude and phase) and instrumental drift.
Similar studies are carried on 8 superconducting relative gravimeters installed in
central Europe, all of them belonging to the worldwide network of superconducting
relative gravimeters (Global Geodynamics Project).

We obtained temporal evolutions of the tidal delta factors in Strasbourg found to be
very similar to other European SG stations with stability between 0.03% and 0.3%.
Some time fluctuations with a seasonal oscillation appear at a few sites. In case that
these temporal variations reflect a geophysical process, they should reflect it in a
similar way at most European site, or at least at close stations, but it is not the case in
our results.

As the variations obtained for the ratio δM2/δO1 are much smaller than the variations
for each individual gravimetric factor, it led us to consider that some part of the tidal
factor fluctuations could be due to changes of instrumental origin (e.g. calibration
factor). However, we used all the calibration experiments performed at J9
observatory since 1996, when an absolute gravimeter was acquired, to check the
temporal stability of the calibration factors (all these experiments are derived from a
direct comparison of the SG data with repeated absolute gravity measurements).
We conclude that the internal SG C026 stability (~ 0.1%), obtained from the study of
the tidal parameters, is more than 10 times better than the one that can be achieved
by SG /AG calibration repetitions (~ 1.4%). Consequently, it is highly possible that
the observed time variations of delta factors are due mostly to the noise variations as
shown by the correlation found between delta factor deviations and noise level
changes.
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Taking into account all these results, we show that thanks to its stability, the
superconducting gravimeters can uniquely contribute to the study of the low
frequency Earth's tides, and small amplitude waves.

It is evident that the ability of SGs to reliably measure effects at the 0.1 µGal level has
opened up many interesting scientific possibilities. Therefore, using the long
superconducting series studied before, we obtain a high resolution spectral analysis
in the tidal bands, which allows us to:
- separate contributions of near frequencies that were never observed before

- search for very weak signals (especially, waves derived from tidal potential of
degree 3)
- exhibit very low frequency terms

Unfortunately, despite the 27-year length of our data series, we are still not able to
retrieve the tidal waves of 9.3 and 18.6 year periods, which are of special interest for
investigating the rheological behavior of the solid Earth at such periods.
In the last part, we have reviewed the history of the first observations of the Free
Core Nutation resonance on gravity data. We have estimated the values of the FCN
parameters using data from all series at Strasbourg, and also from all SGs series in
central Europe. Our results are in very good agreement with those estimated both
from theoretical computations and from VLBI observations.
We searched also for the rotational normal mode called Free Inner Core Nutation,
which has never been observed using gravity data before. For this purpose we
developed a methodology to constrain the possible frequency range, through the
detailed tidal analysis of the diurnal frequency band (using the 27-year
superconducting gravity series recorded at J9 observatory), to separate small
amplitude waves that have never been studied before, and which could be close
enough to the frequency period of the FICN to be affected in terms of amplitude
resonance.

We focused on the period range äS , Ku ç, where a possible candidate is found close
to the frequency of 1.00198 cpd (0.99924 cpsd). Applying the same detailed tidal
analysis in the diurnal frequency band, we obtained comparable results in some of
the European SGs stations (Bad Homburg, Medicina and Moxa).
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Perspectives
Perspectives
To use the different data series analyzed in this study (both data recorded by spring
gravimeters and by superconducting gravimeters) it has been necessary to make a
previous huge work of preprocessing. Thanks to this preprocessing, we now have
several sets of high-quality gravity residuals distributed in central Europe. All series
can be further used in a wide range of studies conducted at the regional level, such as:
- Correlation studies with the oceanic tide loading to check if there is any possible
time variation in the loading.
- Correlation studies with the hydrological information available for Central Europe.

- Comparative studies surface gravity - GRACE gravity at the European regional scale
- Studies of the effect of ocean noise on the gravity records,
besides many other studies in a wide frequency range.

A new Superconducting gravimeter model (iOSG) will be installed at J9 observatory
in 2015 ensuring the continuity of the long series. The continuity of this long series of
high quality data, will allow us to further identify different waves of small amplitude
and separate neighboring waves with very close frequencies; new opportunities to
better detect the 9.3 and 18.6 year long-period waves will appear, and similarly for all
long period waves which will be detected more precisely.

We will continue working on the possible detection of the FICN resonances in our
data series. An inversion of the FICN, using a Bayesian approach similar to which has
been applied for the FCN parameters, will be applied. Also, in a near future; a
combination of longer series and improvement in the theoretical prediction of the
FICN period will make the search of the frequency of this rotational mode more
promising.

204

207

Annex A
Influence of prepre-processing
processing on tidal analysis results

Test performed to estimate the impact that the manual correction of the disturbances
in the raw data (using Tsoft) could have on the stability of the tidal analysis
performed with ETERNA 3.4:

 We have generated a synthetic series for J9 station using DDW99 non hydrostatic
Earth’s model (Dehant et al., 1999) and NAO99 ocean model (Matsumoto et al.
2000).
 This series has been degraded by adding Gaussian white noise (with a standard
deviation of 10 nm/s2), random gaps (up to 2500h in total, corresponding to about
3% of our time length), 4 offsets of different size (5, 10, 15 and 20 nm/s2) and 10%
of spikes distributed all along the series.
 We have corrected this degraded series manually with the help of TSOFT, in a
similar way as we have done for all the observed series used in this study.
 We have performed similar tidal analysis on all these synthetic signals on yearly
segments shifted month by month.
 We computed the variability of the main diurnal and semi-diurnal tides using the
result of these analyses.

Fig. A.1: Time variability of the delta factors for a synthetic tidal model
(DDW99+NAO99) at J9 showing the numeric and ETERNA analysis effects.
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Fig. A.2: Time variability of the delta factors for the same synthetic tidal model at J9,
degraded only with Gaussian white noise (10nm/s2).

Fig. A.3: Time variability of the delta factors for the same synthetic tidal model at J9,
degraded only with disturbances (gaps, spikes and offsets).
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Fig. A.4: Time variability of the delta factors for a synthetic tidal model
(DDW99+NAO99) at J9 showing the pre-processing effect.
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Annex B

Synthetic data
* 11-year data

Table B.
B.1: Comparison of the results (amplitude factor ,phase differences and standard deviations) obtained in the diurnal band (up) semi
diurnal band (middle) and ter diurnal band (down) for the same synthetic data series (1 year data) using VAV 06 (left columns), ETERNA 3.4
with TAMURA’s catalogue (middle columns) and ETERNA 3.4 with HW catalogue (right columns)
Diurnal

Q1
O1
K1
J1
OO1

Semi
diurnal
2N2
N2
M2
L2
S2
K2

Ter
diurnal
M3

δ
1.1541
1.1531
1.1460
1.1476
1.1558

VAV 06

stdv
0.0004
0.0001
0.0024
0.0002
0.0009

κ
-0.0210
-0.0020
0.0410
0.0050
-0.0130

stdv
0.0220
0.0040
0.1230
0.0090
0.0430

δ
1.1535
1.1532
1.1494
1.1476
1.1552

VAV 06
δ
1.1566
1.1577
1.1575
1.1561
1.1575
1.1589

stdv
0.0003
0.0001
0.0000
0.0006
0.0000
0.0001

κ
-0.0180
-0.0100
0.0000
0.1310
0.0040
0.0070

stdv
0.0003

κ
-0.0860

stdv
0.0001
0.0000
0.0004
0.0000
0.0001

κ
-0.0216
-0.0046
0.0218
0.0003
-0.0223

stdv
0.0032
0.0006
0.0193
0.0012
0.0071

δ
1.1534
1.1532
1.1524
1.1477
1.1552

ETERNA (TAMURA)
stdv
0.0150
0.0030
0.0010
0.0320
0.0030
0.0060

δ
1.1564
1.1575
1.1574
1.1589
1.1575
1.1573

VAV 06
δ
1.0697

ETERNA (TAMURA)

stdv
0.0002
0.0000
0.0000
0.0003
0.0000
0.0001

κ
-0.0188
-0.0137
-0.0072
0.1155
-0.0052
-0.0044

δ
1.0692

stdv
0.0001
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κ
-0.0848

stdv
0.00002
0.00000
0.00012
0.00001
0.00005

κ
0.0004
0.0003
-0.0366
0.0003
0.0008

stdv
0.0010
0.0002
0.0062
0.0004
0.0023

ETERNA (HW)
stdv
0.0072
0.0014
0.0003
0.0148
0.0006
0.0026

δ
1.1574
1.1575
1.1575
1.1575
1.1575
1.1575

ETERNA (TAMURA)
stdv
0.0180

ETERNA (HW)

stdv
0.00003
0.00001
0.00000
0.00006
0.00000
0.00001

κ
0.0016
0.0005
0.0004
0.0018
0.0002
0.0000

stdv
0.0014
0.0003
0.0001
0.0028
0.0001
0.0005

ETERNA (HW)
stdv
0.0058

δ
1.0694

stdv
0.00001

κ
0.0004

stdv
0.0003

* 10
10-year data

Table B.2:
B.2: Comparison of the results (amplitude factor ,phase differences and standard deviations) obtained in the diurnal band (up) semi
diurnal band (middle) and ter diurnal band (down) for the same synthetic data series (10 year data) using VAV 06 (left columns), ETERNA 3.4
with TAMURA’s catalogue (middle columns) and ETERNA 3.4 with HW catalogue (right columns).
Diurnal

SGQ1
2Q1
SGM1
Q1
RO1
O1
TAU1
NO1
CHI1
PI1
P1
S1
K1
PSI1
PHI1
TET1
J1
SO1
OO1
NU1

Semi
diurnal
EPS2
2N2
MU2
N2

δ
1.1478
1.1475
1.1470
1.1478
1.1482
1.1488
1.1485
1.1554
1.1534
1.1515
1.1498
1.1503
1.1371
1.2622
1.1679
1.1595
1.1585
1.1555
1.1559

VAV 06

stdv
0.0018
0.0008
0.0005
0.0001
0.0003
0.0000
0.0009
0.0002
0.0008
0.0005
0.0000
0.0021
0.0000
0.0012
0.0006
0.0008
0.0002
0.0009
0.0003

κ
-0.3210
-0.3860
-0.3400
-0.3330
-0.3430
-0.0180
-0.0310
-0.0410
0.0100
0.1180
0.1100
-0.6110
0.1770
-0.5800
0.2880
-0.0360
0.0130
0.0980
0.1190

stdv
0.0900
0.0380
0.0270
0.0040
0.0170
0.0010
0.0460
0.0090
0.0370
0.0250
0.0020
0.1760
0.0010
0.0540
0.0280
0.0390
0.0100
0.0470
0.0150

δ
1.1477
1.1478
1.1474
1.1481
1.1481
1.1488
1.1481
1.1548
1.1535
1.1514
1.1498
1.1505
1.1371
1.2624
1.1676
1.1593
1.1594
1.1556
1.1559

VAV 06
δ
1.1548
1.1552
1.1550
1.1746

stdv
0.0003
0.0001
0.0001
0.0000

κ
2.5250
2.5570
2.5570
2.4250

ETERNA (TAMURA)
stdv
0.0005
0.0002
0.0001
0.0000
0.0001
0.0000
0.0003
0.0000
0.0003
0.0001
0.0000
0.0005
0.0000
0.0004
0.0002
0.0003
0.0001
0.0003
0.0001

κ
-0.3222
-0.3443
-0.3350
-0.3416
-0.3367
-0.0190
-0.0381
-0.0366
0.0014
0.1127
0.1106
-0.5850
0.1734
-0.5888
0.3159
-0.0051
0.0122
0.0905
0.0934

stdv
0.0262
0.0082
0.0067
0.0010
0.0054
0.0002
0.0145
0.0022
0.0125
0.0072
0.0004
0.0259
0.0001
0.0160
0.0097
0.0127
0.0025
0.0150
0.0037

δ
1.1482
1.1481
1.1481
1.1480
1.1481
1.1488
1.1488
1.1545
1.1540
1.1515
1.1498
1.1469
1.1370
1.2635
1.1676
1.1595
1.1595
1.1556
1.1557

ETERNA
ETERNA (TAMURA)
stdv
0.0120
0.0040
0.0030
0.0000

δ
1.1546
1.1549
1.1549
1.1746

stdv
0.0002
0.0001
0.0001
0.0000
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κ
2.5161
2.5506
2.5535
2.4190

ETERNA (HW)

stdv
0.0002
0.0001
0.0000
0.0000
0.0000
0.0000
0.0001
0.0000
0.0001
0.0001
0.0000
0.0002
0.0000
0.0001
0.0001
0.0001
0.0000
0.0001
0.0000

κ
-0.3301
-0.3349
-0.3333
-0.3339
-0.3336
-0.0158
-0.0179
-0.0269
0.0058
0.0994
0.1130
-0.4650
0.1772
-0.5877
0.3242
0.0059
0.0135
0.0980
0.0909

stdv
0.0086
0.0027
0.0022
0.0003
0.0018
0.0001
0.0047
0.0007
0.0041
0.0023
0.0001
0.0085
0.0000
0.0052
0.0032
0.0042
0.0008
0.0049
0.0012

ETERNA (HW)
stdv
0.0120
0.0038
0.0031
0.0005

δ
1.1553
1.1553
1.1553
1.1745

stdv
0.0000
0.0000
0.0000
0.0000

κ
2.5662
2.5667
2.5664
2.4294

stdv
0.0012
0.0004
0.0003
0.0001

NU2
M2
LAM2
L2
T2
S2
K2
ETA2
2K2

Ter
diurnal
M3

1.1742
1.1871
1.2126
1.2130
1.1893
1.1892
1.1915
1.1935
1.1835

0.0001
0.0000
0.0003
0.0001
0.0001
0.0000
0.0000
0.0004
0.0007

2.4250
1.9660
1.3250
1.3420
0.4610
0.4510
0.7360
0.8400
0.6780

0.0030
0.0000
0.0120
0.0030
0.0040
0.0000
0.0010
0.0180
0.0320

1.1742
1.1871
1.2121
1.2122
1.1894
1.1892
1.1915
1.1920
1.1844

VAV 06
δ
1.0658

stdv
0.0000

κ
-0.0010

0.0001
0.0000
0.0003
0.0001
0.0001
0.0000
0.0000
0.0003
0.0006

2.4187
1.9616
1.2986
1.3272
0.4551
0.4459
0.7282
0.7971
0.6953

0.0025
0.0001
0.0120
0.0026
0.0033
0.0002
0.0007
0.0120
0.0305

1.1745
1.1871
1.2118
1.2118
1.1891
1.1892
1.1915
1.1915
1.1915

ETERNA (TAMURA)
stdv
0.0020

δ
1.0659

stdv
0.0000

214

κ
0.0002

0.0000
0.0000
0.0000
0.0000
0.0000
0.0000
0.0000
0.0000
0.0001

2.4292
1.9684
1.3137
1.3114
0.4534
0.4524
0.7271
0.7263
0.7282

0.0003
0.0000
0.0013
0.0003
0.0003
0.0000
0.0001
0.0013
0.0032

ETERNA (HW)
stdv
0.0014

δ
1.0661

stdv
0.0000

κ
0.0136

stdv
0.0001

Observed data
* 1 year data

Table B.3: Comparison of the results (amplitude factor, phase differences and standard deviations) obtained in the diurnal band (up) semi
diurnal band (middle) and ter diurnal band (down) for the same observed data series recorded at J9 (1 year data, 2000/01/01 –
2000/12/31) using VAV 06 (left columns), ETERNA 3.4 with TAMURA catalogue (middle columns) and ETERNA 3.4 with HW catalogue
(rigth columns)
Semi
diurnal

SGQ1
2Q1
SGM1
Q1
RO1
O1
TAU1
NO1
CHI1
P1
TET1
J1
SO1
OO1
NU1

Semi
diurnal
EPS2
2N2
N2

VAV 06

δ
1.1594
1.1593
1.1593
1.1494
1.1515
1.1502
1.1531
1.1476
1.1444
1.1514
1.1518
1.1610
1.1531
1.1572
1.1537

stdv
0.0112
0.0033
0.0029
0.0004
0.0023
0.0001
0.0056
0.0014
0.0051
0.0002
0.0051
0.0009
0.0061
0.0019
0.0088

κ
0.3080
-0.5990
-0.5300
-0.2760
-0.3550
0.0760
-0.2660
0.2800
0.3800
0.2150
0.2740
0.2080
-0.4570
0.1610
0.8140

ETERNA (TAMURA)

stdv
0.5550
0.1640
0.1420
0.0220
0.1160
0.0040
0.2770
0.0680
0.2570
0.0090
0.2540
0.0420
0.3020
0.0950
0.4380

δ
1.1365
1.1649
1.1620
1.1499
1.1506
1.1500
1.1499
1.1403
1.1447
1.1515
1.1690
1.1613
1.1540
1.1617
1.1427

VAV 06
δ
1.1372
1.1510
1.1723

stdv
0.0032
0.0010
0.0001

κ
2.4890
2.7300
2.6360

stdv
0.0151
0.0043
0.0037
0.0006
0.0029
0.0001
0.0072
0.0034
0.0073
0.0002
0.0071
0.0012
0.0085
0.0037
0.0171

κ
2.4310
-0.4863
-0.5286
-0.2910
-0.3447
0.0750
-0.7075
-0.1274
0.4171
0.2325
-0.0864
0.2010
-0.6621
0.2331
0.1451

ETERNA (HW)

stdv
0.7635
0.2092
0.1822
0.0280
0.1452
0.0053
0.3609
0.1685
0.3646
0.0106
0.3497
0.0611
0.4207
0.1825
0.8553

δ
1.1401
1.1664
1.1630
1.1498
1.1505
1.1501
1.1501
1.1433
1.1461
1.1516
1.1695
1.1613
1.1549
1.1625
1.1430

ETERNA (TAMURA)
stdv
0.1630
0.0480
0.0070

δ
1.1417
1.1544
1.1732

stdv
0.0061
0.0012
0.0002
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κ
2.1603
2.7493
2.5894

stdv
0.0150
0.0042
0.0037
0.0006
0.0029
0.0001
0.0072
0.0033
0.0072
0.0002
0.0071
0.0012
0.0084
0.0037
0.0169

κ
2.4101
-0.5058
-0.5437
-0.2690
-0.3248
0.0799
-0.7520
-0.1857
0.4009
0.2324
-0.0426
0.2241
-0.5602
0.1712
-0.1104

stdv
0.7541
0.2067
0.1800
0.0277
0.1435
0.0053
0.3565
0.1665
0.3598
0.0105
0.3454
0.0603
0.4155
0.1802
0.8451

ETERNA (HW)
stdv
0.3036
0.0608
0.0115

δ
1.1411
1.1554
1.1732

stdv
0.0060
0.0012
0.0002

κ
2.1531
2.7695
2.6037

stdv
0.3029
0.0607
0.0115

M2
L2
S2
K2

Ter
diurnal
M3

1.1883
1.2000
1.1900
1.1929

0.0000
0.0014
0.0001
0.0003

2.1430
3.1630
0.6340
0.8740

0.0010
0.0690
0.0060
0.0120

1.1883
1.2218
1.1902
1.1928

VAV 06
δ
1.0641

stdv
0.0011

κ
0.3210

0.0001
0.0025
0.0001
0.0004

2.1391
3.0039
0.6383
0.8733

0.0023
0.1187
0.0053
0.0209

1.1883
1.2203
1.1902
1.1930

ETERNA (TAMURA)
stdv
0.0620

δ
1.0642

stdv
0.0019
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κ
0.3313

0.0001
0.0025
0.0001
0.0004

2.1467
2.8910
0.6432
0.8775

0.0023
0.1185
0.0053
0.0208

ETERNA (HW)
stdv
0.1045

δ
1.0645

stdv
0.0019

κ
0.4171

stdv
0.1032

* 10 years data

Table B.
B.4: Comparison of the results (amplitude factor, phase differences and standard deviations) obtained in the diurnal band (up) semi
diurnal band (middle) and ter diurnal band (down) for the same observed data series recorded at J9 (10 year data, 1997/01/01/ 2006/12/31) using VAV 06 (left columns), ETERNA 3.4 with TAMURA catalogue (middle columns) and ETERNA 3.4 with HW catalogue
(rigth columns)
Semi
diurnal
SGQ1
2Q1
SGM1
Q1
RO1
O1
TAU1
NO1
CHI1
PI1
P1
S1
K1
PSI1
PHI1
TET1
J1
SO1
OO1
NU1

VAV 06
δ
1.1634
1.1548
1.1521
1.1476
1.1511
1.1497
1.1528
1.1559
1.1505
1.1522
1.1507
1.1572
1.1369
1.2638
1.1703
1.1580
1.1582
1.1559
1.1577
1.1595

stdv
0.0066
0.0026
0.0019
0.0003
0.0013
0.0001
0.0035
0.0007
0.0028
0.0018
0.0001
0.0079
0.0001
0.0044
0.0021
0.0029
0.0007
0.0034
0.0011
0.0049

κ
-0.7950
-0.6450
-0.5370
-0.3090
-0.2750
0.0000
-0.1330
0.1110
0.0610
-0.0670
0.1060
-0.0130
0.1650
1.3200
0.2460
0.1070
0.0280
-0.1170
0.0000
0.4470

ETERNA (TAMURA)
stdv
0.3240
0.1280
0.0950
0.0150
0.0620
0.0030
0.1720
0.0320
0.1370
0.0910
0.0070
0.6510
0.0030
0.2000
0.1040
0.1450
0.0360
0.1700
0.0540
0.2400

δ
1.1607
1.1545
1.1520
1.1485
1.1510
1.1501
1.1548
1.1545
1.1496
1.1513
1.1511
1.1735
1.1382
1.2634
1.1717
1.1597
1.1598
1.1561
1.1580
1.1558

stdv
0.0047
0.0015
0.0012
0.0002
0.0010
0.0000
0.0026
0.0004
0.0023
0.0013
0.0001
0.0046
0.0000
0.0032
0.0018
0.0023
0.0005
0.0027
0.0007
0.0036
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κ
-0.8251
-0.6701
-0.5098
-0.3062
-0.2631
0.0719
0.0489
0.1871
0.1913
-0.1163
0.2062
0.7481
0.2546
1.3346
0.2545
0.1915
0.1361
0.0689
0.0973
0.5511

ETERNA (HW)
stdv
0.2340
0.0733
0.0598
0.0094
0.0488
0.0017
0.1298
0.0194
0.1133
0.0646
0.0038
0.2286
0.0013
0.1439
0.0873
0.1145
0.0222
0.1353
0.0337
0.1761

δ
1.1612
1.1547
1.1527
1.1485
1.1510
1.1501
1.1554
1.1542
1.1501
1.1514
1.1511
1.1698
1.1382
1.2645
1.1717
1.1599
1.1598
1.1561
1.1578
1.1565

stdv
0.0047
0.0015
0.0012
0.0002
0.0010
0.0000
0.0026
0.0004
0.0023
0.0013
0.0001
0.0046
0.0000
0.0032
0.0018
0.0023
0.0005
0.0027
0.0007
0.0035

κ
-0.8311
-0.6610
-0.5081
-0.2985
-0.2600
0.0751
0.0681
0.1969
0.1957
-0.1298
0.2085
0.8676
0.2584
1.3351
0.2630
0.2031
0.1375
0.0761
0.0948
0.5638

stdv
0.2325
0.0728
0.0595
0.0093
0.0485
0.0017
0.1290
0.0193
0.1126
0.0642
0.0038
0.2272
0.0012
0.1429
0.0867
0.1138
0.0221
0.1344
0.0335
0.1750

Semi
diurnal
EPS2
2N2
MU2
N2
NU2
M2
LAM2
L2
T2
S2
K2
ETA2
2K2

Ter
diurnal
M3

VAV 06
δ
1.1383
1.1558
1.1560
1.1754
1.1742
1.1878
1.1912
1.1877
1.1894
1.1897
1.1915
1.1992
1.1847

stdv
0.0035
0.0010
0.0009
0.0001
0.0007
0.0000
0.0036
0.0008
0.0011
0.0001
0.0003
0.0049
0.0087

κ
2.2750
2.8310
2.6650
2.5810
2.6050
1.9750
1.4920
0.9360
-0.0120
0.4690
0.7240
0.3130
0.1630

ETERNA (TAMURA)
stdv
0.1760
0.0510
0.0430
0.0070
0.0360
0.0020
0.1740
0.0400
0.0520
0.0060
0.0120
0.2320
0.4210

δ
1.1367
1.1552
1.1558
1.1750
1.1745
1.1878
1.1899
1.1860
1.1899
1.1899
1.1921
1.1918
1.1854

VAV 06
δ
1.0641

stdv
0.0006

κ
0.0800

stdv
0.0029
0.0009
0.0008
0.0001
0.0006
0.0000
0.0031
0.0007
0.0008
0.0001
0.0002
0.0030
0.0076

κ
2.4239
3.0252
2.8084
2.7169
2.7055
2.1193
1.6447
1.0963
0.2893
0.6153
0.8780
0.5561
0.1976

ETERNA (HW)
stdv
0.1459
0.0452
0.0376
0.0058
0.0304
0.0011
0.1467
0.0320
0.0399
0.0025
0.0081
0.1441
0.3654

δ
1.1375
1.1555
1.1561
1.1749
1.1749
1.1878
1.1897
1.1856
1.1897
1.1899
1.1921
1.1914
1.1925

ETERNA (TAMURA)
stdv
0.0310

δ
1.0648

stdv
0.0006
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κ
0.2582

stdv
0.0029
0.0009
0.0008
0.0001
0.0006
0.0000
0.0030
0.0007
0.0008
0.0001
0.0002
0.0030
0.0076

κ
2.4755
3.0412
2.8213
2.7274
2.7160
2.1261
1.6599
1.0806
0.2877
0.6218
0.8769
0.4859
0.2305

stdv
0.1449
0.0449
0.0373
0.0058
0.0302
0.0011
0.1457
0.0318
0.0397
0.0024
0.0081
0.1431
0.3629

ETERNA (HW)
stdv
0.0339

δ
1.0650

stdv
0.0006

κ
0.2715

stdv
0.0334
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Annex C
Groups of waves used in ETERNA 3.4 analyses
analyses

Wave
SA
SSA
MM
MF
MTM
Q1
O1
M1
P1
S1
K1
PSI1
PHI1
J1
OO1
2N2
N2
M2
L2
S2
K2
M3
M4

From (cpd)
0.001460
0.004710
0.025812
0.060132
0.096423
0.501370
0.911391
0.947992
0.981855
0.998632
1.001370
1.004108
1.006846
1.023623
1.057486
1.470244
1.880265
1.914129
1.950420
1.984283
2.002737
2.451944
3.381379
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To (cpd)
0.003425
0.010951
0.044652
0.080797
0.249951
0.911390
0.947991
0.981854
0.998631
1.001369
1.004107
1.006845
1.023622
1.057485
1.470243
1.880264
1.914128
1.950419
1.984282
2.002736
2.451943
3.381478
4.000000
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Annex D

Schema of J9 Observatory
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Annex E
More examples of detection of weak amplitudes tidal signals at J9

Fig. E.1: Spectral analyses in the diurnal frequency band of the 18 years series of
the SG C026 in red, and of the merged 27 year series recorded both by T005 and
C026 in black, at Strasbourg J9 Observatory.

Fig. E.2: Amplitude spectra of J9 gravity series, 9 year of T005 in brown, and 27
years of T005&C026 in blue, in the diurnal frequency band.
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Fig. E.3: Amplitude spectra of J9 gravity series, 9 year of T005 in brown, and 27
years of T005&C026 in blue, in the semidiurnal frequency band.
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Annex F
Bayesian estimation of the free core nutation parameters (gravity data)

The Bayesian approach that we have used in chapter 6 for estimate the free core
nutation parameters was a probabilistic inversion method proposed by Florsch
and Hinderer (2000). This method does not rely on the assumption that the model
is linear in its parameters; it is thus particularly well-suited for the highly
nonlinear nutation model (in the nutation model, the earth interior parameters
enter in the model in a highly nonlinear way).

The Bayesian inversion consists in propagating the information provided by the
measurements through an assumed physical model (perfectly or probabilistically
known) to the parameters and to include the  priori knowledge of the model
parameters. The results are probability distributions on the parameters, which is
more general than a single numerical value and an associated error on the
parameter. The result is indeed the knowledge of the probability law for each
parameter.
The Bayesian probability distribution of the parameter vector v is given by:
õ(v) =

b
õ(µ, B±·
, b , Ù )

xy«z|}
{ ¬xy(z{ )

=  exp w−  ∑ i!


∆xy(z{ )



~e«z|}
{ ¬~e(z{ )

" +!

∆~e(z{ )



" j

Where  is a normalization factor in order that the integral of this equation is
unity. Re and Im denote the real and imaginary part respectively of the
measurement value of the gravimetric factor δ, and δÖ the theoretical values.
The general probability laws for the parameter vector v is obtained by the
previous formula, so in order to obtain the law for one or two parameters, we
should compute the marginal probability density functions (pdf) by integration of
the probability function over selected parameters. For instance, the joint pdf
b
integrated with respect to B±·
is defined by:
b
b
õ§, ¾,¾ (µ, b , Ù ) =  õ( µ, B±·
, b , Ù )lB±·

Two further integrations of the pdf lead to the marginal probability law for each of
the parameters.
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SUMMARY
Introduction
Gravimetry is a relatively old discipline, with the first attempts to determine the
gravity dating back to the 1700s. Since then, it has evolved in a very fast manner, in
theoretical, instrumental and analytical ways.
Many methods can directly measure gravity, but only a few obtain the accuracies
needed by geophysicists and geodesists. Temporal gravity variation measurements
have been a long historical tradition in Central Europe, with some stations
recording for decades. The increasing interest in the study of temporal gravity
changes is due to the improvements of gravimeters and to its usefulness in Earth
sciences.
This study is motivated by the improvements on gravimeters in the last decades
(especially after the development of the superconducting gravimeters), which
allow us to have now, many years later, very long series of high quality data than
can be exploited to benefit from the advantages of their unprecedented length.
From the 80s, time varying gravity is permanently recorded at the Earth’s surface
by a worldwide network of superconducting relative gravimeters within the Global
Geodynamics Project of the International Association of Geodesy.
When we study a continuous time-record of a gravimeter, by far the tides are the
dominant signal in the data. These variations can reach up to 300 µGal (1 µGal =
10 nm/s²) peak to peak, depending on the coordinates of the station. The tides
occur at fixed frequencies given by the combined spin and orbital dynamics of the
Moon about the Earth, and the Earth and the other planets around the Sun. The
largest components are at semidiurnal and diurnal periods, but there are also longperiod components (fortnightly, monthly, half-yearly, yearly, and an 18.6 year
nutation corresponding to the lunar nodal cycle). Recently, Earth tides have
become more important in geodesy as the increasing precision of measurements
has required corrections for tidal effects that could previously be ignored. Tides
affect gravity at about the 10-7 level, and tidal displacements (a few tens of
centimeters) are about 10-7 of the Earth’s radius. Later on in this study, we will try
to analyze as many tidal waves as possible using different gravity series of high
quality recorded in Europe.
This thesis entitled: ‘Analysis of long gravity records in Europe; tidal stability and

consequences for the retrieval of small amplitude and low frequency signals
including the Earth’s core resonance effects’ is hence located in the context of a

thorough quest for knowledge of the interior of our planet Earth through the high
quality gravity data. This became possible thanks to the huge efforts carried out by
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the different superconducting gravimeter (SG) stations to provide us with longer
and better time series of data.

Objectives
The elasto-gravitational deformation of the Earth and the associated temporal
gravity variations, measured on the surface of the Earth, are due to many
geophysical phenomena with different periods and amplitudes, including among
others, the Earth tides (which are the motions induced in the solid Earth, and the
changes in its gravitational potential, induced by the tidal forces from external
bodies) which have the strongest effect. This work contributes to show the
importance of not only the length, but also the quality of the data series to improve
our knowledge of the Earth’s dynamics through the Earth tides analysis.
This thesis is divided into five parts, summarized as follows:
The first one, as a necessary background, is devoted to remind some basic concepts
of the tidal theory such as: the tidal forcing, the tidal accelerations, the tidal
parameters, the tidal potential and the different tidal potential catalogues, the
response of the solid Earth to the tidal forcing and associated resonance effects.
Besides, we present a brief description of the different instruments that have been
historically used to record Earth tides (not only gravimeters); the operating
principle and characteristics of resolution, coverage and specific accuracy of the
more important ones are described.
We conclude this first part by explaining the methods of signal processing that will
be applied later on our data, and the most appropriate methods of analysis of Earth
tide data.
The second part is focused on the ‘study site’ (Strasbourg Observatories) where
there is a traditional gravity recording of Earth tides which was initiated by Pr.
Robert Lecolazet. Since the 1950s, the surface time gravity changes have been
measured locally using different kinds of gravimeters (spring, absolute and
superconducting types) at two different stations; first in the Seismological
Observatory of Strasbourg for almost 20 years and later on in the 70s at the J9
Observatory, 10 km far away from Strasbourg city. Over these years many kinds of
improvements have been observed in terms of instrumentation, of tidal potential
developments and more specifically in terms of data analysis techniques, which
have allowed obtaining some fundamental results.
The gravity records at this station are studied more in detail and we use it as
comparison site to study the differences and improvements between data sets
obtained from different kinds of gravimeters.
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Therefore in this section the two different locations, the gravimetric
instrumentations and the historical results are mentioned. We deal with some
historical aspects and show some major results obtained at the two Gravimetric
observatories, belonging to the EOST (Ecole et Observatoire des Sciences de la
Terre), located in Strasbourg along the last six decades.
In the third part, we use some of the longest European gravity records to study the
sensitivity of the instruments through the temporal evolution of the delta
gravimetric factors for the main diurnal and semidiurnal tidal waves (O1, P1, K1, M2,
S2 and K2) as well as for the M2/O1 delta factor ratio (main semi-diurnal over main
diurnal amplitude responses). This ratio, being independent of the instrumental
calibration, is a very good indicator of the stability of the instrument. Several
temporal variations appear, and we try to find an explanation.
To carry out these studies, we used 3 data sets recorded with different models of
spring gravimeters in Black Forest Observatory (Germany, 1980-2012),
Walferdange (Luxemburg, 1980-1995) and Potsdam (Germany, 1974-1998) as
well as several superconducting gravimeters data sets, with at least 9 years of
continuous records, at different European GGP (Global Geodynamics Project) sites
(Bad Homburg, Brussels, Medicina, Membach, Moxa, Vienna, Wettzell and
Strasbourg). We describe the data sets, together with the treatments applied to
these studies and we finally synthesize the results. In this part we also perform a
detailed study of the stability of the scale factor of the superconducting gravimeter
installed at Strasbourg Observatory, through the numerous calibration
experiments carried out by collocated absolute measurements since 1997.
In the fourth part, we explain why the long gravity records are of great interest
when performing tidal analyses. Indeed, long series enable to separate
contributions of near-frequency waves (the frequency resolution is the inverse of
the data length) and also to detect low frequency signals (e.g. long period tides and
polar motion) (the lowest detectable frequency is also the inverse of the data
length). In addition to the length of the series, the quality of the data and the
temporal stability of the noise are also very important. The long superconducting
gravimeter records are preferred to the long spring gravimeter records, even when
they are slightly shorter, mainly because of their long-term stability, lower noise
level and very small linear instrumental drift.
We mainly use the 27 years gravity data registered at J9 Observatory by two
different SGs (T005&C026), which is the longest available series ever recorded by
SG at the same site.
The fifth and final part is devoted to the theory of two of the Earth’s rotational
modes (the Free Core Nutation (FCN), and the Free Inner Core Nutation (FICN)),
which provide valuable information about the deep interior of the Earth. The
objective of this chapter is to determine the characteristics of the core resonance
through the gravity data that we have used throughout the previous chapters. We
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attempt to retrieve the surface gravity effects associated with these normal modes
in the long-term gravity data used previously; first using the data from J9
Observatory, and then using data from several European SG stations.

Results
The most important results that have been obtained over the entire work are as
follows
In chapter 3, we referred to the long tradition of recording solid Earth tides at
Strasbourg, and to the gravimeters of different types (relative spring gravimeter,
relative superconducting gravimeter, and absolute gravimeter) that have been
recording at J9 Observatory. Considering only the longest series, we have therefore
almost 40 years of consecutive gravimetric records (from 1973 when the L&R
ET005 was first installed, to nowadays). Among these data, over 27 years have
been registered by two models (T005 and C026) of superconducting gravimeters
consecutively installed there. As both SGs have been installed not only in the same
observatory but also on the same pillar, and that there were only few days
between the removal of the old gravimeter and the installation of the new one (11
days compared to 27 years, almost negligible), we can merge the SG T005 and SG
C026 series into one series filling up the gaps between instruments using a local
tidal model obtained from tidal analyses at the station. Leading, after merging, to
the longest available series ever recorded by SGs at the same site.
We use all these series to review the instrumental betterments, studying the
different improvements during the last years, mainly in terms of long term
stability, noise level and instrumental drift. We show that the superconducting
gravimeters can uniquely contribute to the study of the low frequency Earth's tides
and small amplitudes waves.
In Chapter 4, we used very long gravity records available in Europe: 3 data sets
recorded by spring gravimeters at BFO, Potsdam and Walferdange, and 8 long SG
data sets recorded at different European GGP sites with at least 9 years of
continuous data to investigate the sensitivity of each instrument, using the
temporal variations of the delta factors for the main tidal waves (O1, P1, K1, M2, S2
and K2) as well as the δM2/δO1 ratio. These tidal analyses have been performed on
the gravity records rearranged in temporal subsets (yearly data sets, shifted
month by month) to check the time stability of the tidal responses. For each
instrument, the temporal evolutions of the tidal parameters were investigated in
detail and compared among them. We also retrieved the evolution of the ratio
δM2/δO1, which is independent of the calibration. One of the main limitations in
the use of spring gravimeters is their large irregular instrumental drift.
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Compared to the spring gravimeters, the superconducting gravimeters provide
unprecedented long term stability (for instance, the stability for the most stable
spring gravimeter (Potsdam) is nearly four times lower than the worst stability of
the results obtained with SGs). The observed temporal evolution of the tidal delta
factors in Strasbourg is found to be very similar to other European SG stations with
stability between 0.03% and 0.3%, and some time fluctuations with a seasonal
oscillation at a few sites.
Once we compare the results obtained with spring and superconducting
gravimeters, we focus only on the time series of SGs to study the time stability of
the response (instrument + Earth) to tidal forcing. We expect this response to be
solely dependent on the stability of the instrument and merely to geophysical
phenomenon. Several temporal variations appear which are much lower than the
variations obtained using the spring gravimeters data. Once the time variability of
these temporal series has been estimated, we have to consider the possible origins
of time varying tidal parameters (instrumental noise, numerical effect, analysis
effect, pre-processing effect, geophysical effects, etc…).
In case that these temporal variations reflect a geophysical process, they should
reflect it similarly at most European sites, which is not the case in our results. It is
possible that variations in ocean loading could generate small variations in the
delta factors at some European stations (for which ocean loading is similar). It may
be more or less hidden by ambient noise, instrumental problems, hydrological
effects, etc. As the variations of the ratio δM2/δO1 are much smaller than the
variations for each individual gravimetric factor, it led us to consider that some
part of the tidal factor fluctuations could be due to changes of instrumental origin
(e.g. calibration).
As the long term stability of the tidal observations is also dependent on the
stability of the scale factor of the relative gravimeters, we should also investigate
the long-term stability of the scale factors of the gravimeters. Unluckily, we only
have a long series of calibration experiments for the SG C026 installed at the J9
Gravimetric Observatory of Strasbourg.
Therefore we have checked the time stability of the scale factor for the SG C026
using numerous calibration experiments carried out by co-located absolute
gravimeter (AG) measurements during the last 15 years. The reproducibility of the
scale factor and the achievable precision are investigated by comparing the results
of all these calibration campaigns. It turns out that the internal SG C026 stability
(~ 0.1%) as derived from the tidal analyses is more than 10 times better than the
one that can be achieved by SG/AG calibration repetitions (~ 1.4%), no matter
which AG/SG fitting method have been used to calculate the values of the scale
factors. We do not find any clear correlation between variations of tidal factors and
variations of scale factors. Consequently, it is highly possible that the observed
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time variations of delta factors are due mostly to the noise variations as shown by
the correlation found between delta factor deviations and noise level changes.
In chapter 5, we mainly use the 27 years gravity data registered at J9 Observatory
by two different SGs (T005&C026), which is the longest available series ever
recorded by SG at the same site. This is because of the long-term stability and very
small linear instrumental drift of the SGs. And in addition, because the signal-tonoise ratio is not only improved by increasing the length of the data set, but it is
also strongly influenced by the quality of the data.
We perform a tidal analysis using ETERNA 3.4 over the SG series, being able to
separate several tidal waves in the diurnal, semi-diurnal, ter-diunal and quartdiurnal frequency bands, some of them with very low amplitude, with a high
precision. We also show the spectral analysis from both SGs series separately and
for the merged series, obtaining in all cases a high spectral resolution in the tidal
bands. Due to the higher noise in the T005 data relative to the C026, we still have
to wait 5 more years, until the SNR of the merged series (T005+C026) will be
larger than the SNR of the C026 series. So in just 5 years we will be able to get even
more advantage of this merger. In these spectral analyses we can detect several
low amplitude tidal waves that were hidden in the shorter series. Clear examples
of small amplitude tides in the semi-diurnal and diurnal frequency bands are
pointed out.
To conclude, the long-period part of the gravity spectrum is discussed.
Unfortunately, despite the length of our series, we are not able to retrieve the tidal
waves of 18.6 year period. In addition, we try with the data from the 8 SGs
European stations previously studied in Chapter 4, obtaining also negative results.
Furthermore, as the long-period tides have their maximum amplitudes values at
the poles (due to the latitude dependence of the tidal potential) we try with the
data from Metsahovi station (60.22ºN), but even at that location, the results were
not satisfactory. In the case of the tidal wave of 9.3 year period is even more
complicated; its amplitude is almost 300 times smaller than the amplitude of the
18.6y.
Finally, on chapter 6, we estimated the values of the Free Core Nutation
parameters. The diurnal tidal amplitudes are resonant at the FCN frequency, and
hence we can use the measurements of tidal amplitudes to determine the FCN
frequency. The frequency of this mode is particularly sensitive to the flattening of
the core-mantle boundary, so observing the FCN is thus very useful to infer the
CMB flattening from its period and to obtain information about the dissipation
effects at this interface from the determination of its damping.
After reviewing the history of the first observations of the FCN resonance on
gravity data (that casually was carried out using gravity data recorded at the
Observatory of Strasbourg), special efforts are undertaken in order to estimate the
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FCN parameters (Q and T^X_ ) from our observations, using the Bayesian approach,
proposed by Florsch and Hinderer (2000). We use firstly individual gravimetric
series recorded at J9, from both spring and superconducting gravimeters. In a first
analysis, we fit the resonant admittances for each instrument separately and for
the stacking of the two SGs data. In a second step, we stack the data from different
European SGs data we have already used in chapter 4 to study their stability, and
in chapter 5 to try to detect the 18.6 year period signal. The values obtained (for all
the SG stations) are very close to those estimated from the theoretical
computations, and are also in very good agreement with those obtained through
VLBI observations.
We also review the observations of the FCN resonance using other techniques, as
for example observations obtained using borehole water-level or strainmeter data
and in more details, using the VLBI technique, which is the most accurate.
After estimating the values of the Free Core Nutation parameters, we search for the
rotational normal mode called Free Inner Core Nutation (FICN), the gravity effect
of which has never been observed before in gravity records, and the theoretical
calculations predict a very weak resonance effect on Earth tides and nutations. For
this purpose we develop a methodology to constrain the possible frequency range,
through the detailed tidal analysis in the diurnal frequency band, to separate small
amplitude waves that have never been studied before, and which could be close
enough to the frequency range of the FICN to be affected in terms of resonant
amplitude. We use the 27-year series recorded by the superconducting
gravimeters T005 and C026 at J9 Observatory to try to prove the existence of the
FICN, in a similar way as in a first step to try to prove the existence of the FCN on
gravity data.
Relying on the frequency interval estimated in previous studies, we focus on the
range from 430 to 1400 sidereal days for the FICN period. The spectral analysis of
the merged 27-year series is analyzed to check if there are more waves detected in
that period range than the waves already obtained in the complete tidal analysis
done in chapter 5. Indeed there are several small amplitude tidal waves that can be
separated now. Several tests, modifying the frequency limits of the wave groups,
are done to try to separate these new waves in the diurnal tidal band in the
ETERNA 3.40 analyses. We focus on the period range [S , Ku ] and check if a
resonance effect appears. One possible resonance is found near 1.00198 cpd
(0.99924 cpsd) using the long Strasbourg series. Similar tidal analyses are
performed using the European SG records which have been already used in
chapters 4 and 5, and we obtain comparable results in some of these stations (Bad
Homburg, Medicina and Moxa). If such observation corresponds to a resonance
associated with the FICN, it would correspond to a period for the FICN around
1300 sidereal days that is larger than the latest theoretical predictions and slightly
larger than the VLBI nutation estimated.
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Conclusions & Perspectives
In Strasbourg, the first gravimeter with the main purpose of recording Earth's
tides was installed in 1954. Since then, 8 different models of gravimeters (relative
spring gravimeter, relative superconducting gravimeter and absolute gravimeter)
have been recording at different consecutive periods. In the meanwhile, the
sensors, the acquisition systems and the computational methods have been
drastically improved.
We have used all these series recorded at Strasbourg observatory to verify these
improvements, concluding that the measurements accuracy has been increased by
more than 10 times with respect to the first models. The time stability and the
noise level of all these series have been studied, mainly in terms of long term
stability of the tidal parameters (amplitude and phase) and instrumental drift.
Similar studies are carried on 8 superconducting relative gravimeters installed in
central Europe, all of them belonging to the worldwide network of
superconducting relative gravimeters (Global Geodynamics Project).
We obtained temporal evolutions of the tidal delta factors in Strasbourg found to
be very similar to other European SG stations with stability between 0.03% and
0.3%. Some time fluctuations with a seasonal oscillation appear at a few sites. In
case that these temporal variations reflect a geophysical process, they should
reflect it in a similar way at most European site, or at least at close stations, but it is
not the case in our results.
As the variations obtained for the ratio δM2/δO1 are much smaller than the
variations for each individual gravimetric factor, it led us to consider that some
part of the tidal factor fluctuations could be due to changes of instrumental origin
(e.g. calibration factor). However, we used all the calibration experiments
performed at J9 observatory since 1996, when an absolute gravimeter was
acquired, to check the temporal stability of the calibration factors (all these
experiments are derived from a direct comparison of the SG data with repeated
absolute gravity measurements).
We conclude that the internal SG C026 stability (~ 0.1%), obtained from the study
of the tidal parameters, is more than 10 times better than the one that can be
achieved by SG /AG calibration repetitions (~ 1.4%). Consequently, it is highly
possible that the observed time variations of delta factors are due mostly to the
noise variations as shown by the correlation found between delta factor deviations
and noise level changes.
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Taking into account all these results, we show that thanks to its stability, the
superconducting gravimeters can uniquely contribute to the study of the low
frequency Earth's tides, and small amplitude waves.
It is evident that the ability of SGs to reliably measure effects at the 0.1 µGal level
has opened up many interesting scientific possibilities. Therefore, using the long
superconducting series studied before, we obtain a high resolution spectral
analysis in the tidal bands, which allows us to:
- separate contributions of near frequencies that were never observed before

- search for very weak signals (especially, waves derived from tidal potential of
degree 3)
- exhibit very low frequency terms

Unfortunately, despite the 27-year length of our data series, we are still not able to
retrieve the tidal waves of 9.3 and 18.6 year periods, which are of special interest
for investigating the rheological behavior of the solid Earth at such periods.
In the last part, we have reviewed the history of the first observations of the Free
Core Nutation resonance on gravity data. We have estimated the values of the FCN
parameters using data from all series at Strasbourg, and also from all SGs series in
central Europe. Our results are in very good agreement with those estimated both
from theoretical computations and from VLBI observations.
We searched also for the rotational normal mode called Free Inner Core Nutation,
which has never been observed using gravity data before. For this purpose we
developed a methodology to constrain the possible frequency range, through the
detailed tidal analysis of the diurnal frequency band (using the 27-year
superconducting gravity series recorded at J9 observatory), to separate small
amplitude waves that have never been studied before, and which could be close
enough to the frequency period of the FICN to be affected in terms of amplitude
resonance.
We focused on the period range äS , Ku ç, where a possible candidate is found
close to the frequency of 1.00198 cpd (0.99924 cpsd). Applying the same detailed
tidal analysis in the diurnal frequency band, we obtained comparable results in
some of the European SGs stations (Bad Homburg, Medicina and Moxa).

To use the different data series analyzed in this study (both data recorded by
spring gravimeters and by superconducting gravimeters) it has been necessary to
make a previous huge work of preprocessing. Thanks to this preprocessing, we
now have several sets of high-quality gravity residuals distributed in central
Europe. All series can be further used in a wide range of studies conducted at the
regional level, such as:
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- Correlation studies with the oceanic tide loading to check if there is any possible
time variation in the loading
- Correlation studies with the hydrological information available for Central
Europe
- Comparative studies surface gravity - GRACE gravity at the European regional
scale
- Studies of the effect of ocean noise on the gravity records
besides many other studies in a wide frequency range.
A new Superconducting gravimeter model (iOSG) will be installed at J9
observatory in 2015 ensuring the continuity of the long series. The continuity of
this long series of high quality data, will allow us to further identify different waves
of small amplitude and separate neighboring waves with very close frequencies;
new opportunities to better detect the 9.3 and 18.6 year long-period waves will
appear, and similarly for all long period waves which will be detected more
precisely.
We will continue working on the possible detection of the FICN resonances in our
data series. An inversion of the FICN, using a Bayesian approach similar to which
has been applied for the FCN parameters, will be applied. Also, in a near future; a
combination of longer series and improvement in the theoretical prediction of the
FICN period will make the search of the frequency of this rotational mode more
promising.
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RESUMEN
Introducción
La gravimetría es una disciplina relativamente antigua, los primeros intentos de
determinar los valores de la gravedad se remontan al inicio del siglo XVIII. Desde
entonces, se han producido numerosas mejoras tanto en términos de la
instrumentación utilizada, como en los desarrollos teóricos y en las técnicas de
análisis de datos.
Existen diversos métodos que pueden ser utilizados para medir directamente el
valor de la gravedad en un lugar y un momento dado, pero sólo unos pocos
consiguen obtener las precisiones requeridas por los geofísicos y geodestas. El
registro de las variaciones temporales de la gravedad tiene una larga tradición en
Europa Central, donde algunas de las estaciones han estado registrando estas
variaciones sin apenas interrupciones durante varias décadas. El creciente interés
en el estudio de dichas variaciones temporales se debió fundamentalmente a las
grandes mejorías llevadas a cabo en la instrumentación, que permitieron obtener
cada vez series más largas (pasando de registros de tan solo unas pocas horas, a
registros con años de datos) y a su utilidad en diversas de las técnicas utilizadas en
el estudio de la Tierra.
Este trabajo está motivado por los progresos realizados en los diversos tipos de
gravímetros a lo largo de las últimas décadas, principalmente a partir del
desarrollo de los gravímetros relativos superconductores (SG), ya que desde
finales de los años 80 las variaciones de la gravedad en diversos puntos de la
superficie de la Tierra han sido registradas de forma permanente mediante una
red mundial de gravímetros superconductores denominada ‘Global Geodynamics
Project’, siendo un proyecto perteneciente a la Asociación Internacional de
Geodesia (IAG). Lo que ha permitido a la comunidad científica disponer
actualmente de registros muy largos y con una calidad nunca antes obtenida de las
variaciones temporales de la gravedad.
Cuando se observan los registros continuos de un gravímetro, las señales
dominantes en los datos corresponden a las variaciones generadas por las mareas.
Estas variaciones, que pueden llegar a alcanzar una amplitud máxima de hasta 300
µGal (1 µGal = 10 nm/s²) dependiendo de las coordenadas de la estación en la que
se encuentre instalado el gravímetro, se producen a ciertas frecuencias fijas que
vienen determinadas por la combinación de la dinámica orbital de la Luna
alrededor de la Tierra, y de la Tierra y los demás planetas alrededor del Sol. Los
componentes correspondientes a las mayores amplitudes se encuentran
agrupados en las frecuencias diurnas y semidiurnas, pero también hay otros
muchos componentes de largo período (quincenal, mensual, semestral, anual…,
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hasta una nutación de 18,6 años correspondiente al ciclo nodal lunar). Una gran
parte de este trabajo está dedicada a tratar de separar y clasificar tantas ondas de
marea terrestre como sea posible, utilizando diferentes series gravimétricas de
alta calidad registradas en Europa.
Recientemente, los estudios relacionados con las mareas terrestres han adquirido
una mayor relevancia en la geodesia debido al aumento en la precisión de algunas
técnicas que ahora requieren que sus datos sean corregidos del efecto de las
mareas, efecto que ante podía ser ignorado.
Esta tesis, titulada ‘Análisis de series de datos de gravedad de larga duración en

Europa; consecuencias para el estudio de señales de pequeña amplitud y baja
frecuencia, incluyendo los efectos de resonancia del núcleo terrestre’ (Analysis of
long gravity records in Europe; tidal stability and consequences for the retrieval of
small amplitude and low frequency signals including the Earth’s core resonance
effects), está por lo tanto situada en el contexto de una búsqueda exhaustiva del
conocimiento del interior de nuestro planeta Tierra a través del análisis de datos
de gravedad de alta calidad. Esto ha sido posible gracias al enorme esfuerzo
realizado por los grupos de trabajo de las diferentes estaciones en las que se
dispone de gravímetros superconductores, para proporcionar a la comunidad
series de datos cada vez más largos y de mejor calidad.

Objetivos
La deformación elasto-gravitacional de la Tierra y las correspondientes
variaciones temporales de la gravedad asociadas, registradas en la superficie
terrestre, son debidas a distintos fenómenos geofísicos con diferentes períodos y
amplitudes, incluyendo entre otros las denominadas mareas terrestres que son el
fenómeno que genera los efectos más fuertes (dichas mareas terrestres son los
movimientos inducidos en la Tierra sólida y los cambios en su potencial
gravitatorio derivados de las fuerzas de marea generadas por los cuerpos celestes).
Este trabajo contribuye a mostrar la importancia tanto de la longitud de las series
de datos de gravedad, como de la calidad de dichas series para mejorar nuestro
conocimiento sobre la dinámica de la Tierra a través de los análisis de las mareas
terrestres.
Los distintos objetivos de este trabajo pueden ser divididos en cinco grandes
bloques organizados de la siguiente manera:
Para poder comprender mejor el origen y la importancia del fenómeno de las
mareas terrestres, el primer bloque está dedicado a recordar algunos de los
conceptos básicos de la teoría de las mareas terrestres. Como por ejemplo los
conceptos de: fuerza de marea, aceleración de marea, parámetros de marea,
potencial de marea, la respuesta de una Tierra sólida a las fuerzas de mareas, las
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diferencias entre los distintos catálogos del potencial de marea más utilizados, etc.
En este primer bloque también se presenta una breve descripción de los diferentes
instrumentos que han sido utilizado históricamente para observar las mareas
terrestres (no sólo los gravímetros); sus principios de funcionamiento y
características más relevantes.
Este primer bloque concluye explicando los métodos de procesamiento de señales
que se aplicarán posteriormente en nuestros datos y los métodos más apropiados
para el análisis de las observaciones de mareas terrestres.
El segundo bloque se centra en lo que consideramos nuestra ‘Estación de
Referencia’ (compuesta por los Observatorios Gravimétricos de Estrasburgo)
donde hay una gran tradición en la observación de las mareas terrestres, iniciada
por el Prof. Robert Lecolazet a mediados del siglo pasado.
Desde la década de los 50 las variaciones temporales de la gravedad en la
superficie terrestre han sido registradas localmente utilizando diferentes tipos de
gravímetros (gravímetros relativos de muelle, gravímetros relativos
superconductores y gravímetros absolutos) en dos estaciones diferentes; primero
en el Observatorio Sismológico de Estrasburgo durante casi 20 años y más tarde, a
partir de los años 70, en el Observatorio J9 situado a 10 km de distancia de la
ciudad de Estrasburgo. Ambos observatorios pertenecen a l’EOST (Ecole et
Observatoire des Sciences de la Terre).
Durante estos años se han sucedido numerosas mejoras tanto en términos de
instrumentación, como en el desarrollo de los potenciales teóricos de marea y en
las técnicas de análisis de datos, lo que ha permitido obtener varios resultados
fundamentales utilizando los datos de dicha estación. Por ello todos los registros
de esta estación de referencia son analizados en detalle y son utilizados para
estudiar las mejoras en términos de precisión y estabilidad entre las series
obtenidas a partir de diferentes tipos de gravímetros. Pudiendo extrapolar estos
resultados a los diversos gravímetros instalados en Centro Europa, cuyos datos
serán utilizados posteriormente.
Además, en este segundo bloque nos ocupamos de algunos aspectos históricos de
la estación y mostramos los resultados más importantes obtenidos a lo largo de las
últimas seis décadas.
El objetivo del tercer bloque consiste en utilizar algunas de las series de datos de
gravedad de mayor longitud registradas en Europa para estudiar la sensibilidad de
los diferentes tipos de instrumentos a través de la evolución temporal de los
factores gravimétricos (amplitud y desfase) de las principales ondas de mareas
diurnas y semidiurnas (O1, P1, K1, M2, S2 y K2), y de la relación entre las amplitudes
M2/O1 (esta relación al ser independiente de la calibración instrumental es un muy
buen indicador de la estabilidad del instrumento).
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Para llevar a cabo estos estudios de sensibilidad, se utilizan 3 series de datos
obtenidas con diferentes modelos de gravímetros relativos de muelle instalados en
el Observatorio de la Selva Negra (BFO-Alemania, 1980-2012), Walferdange
(Luxemburgo, 1980-1995) y Potsdam (Alemania, 1974-1998), así como varias
series de datos registradas con gravímetros relativos superconductores, que tienen
al menos 9 años de datos de gravedad en continuo y que forman parte del GGP
(Bad Homburg, Bruselas, Medicina, Membach, Moxa, Viena, Wettzell y
Estrasburgo-J9). Se describen tanto los diferentes conjuntos de datos como los
tratamientos y análisis empleados y finalmente se sintetizan y comparan los
resultados. Aparecen diversas variaciones temporales en todas estas series, por lo
que trataremos de encontrar una explicación para todas ellas.
Para terminar este bloque se realiza un estudio detallado de la estabilidad del
factor de calibración del gravímetro superconductor instalado en el Observatorio
de Estrasburgo-J9, mediante los numerosos experimentos de calibración que han
sido realizados en esa estación desde 1997 utilizando el método de comparación
en paralelo con gravímetros absolutos.
En el cuarto bloque se profundiza en los principales beneficios de utilizar registros
muy largos de las variaciones de la gravedad a la hora de realizar análisis de marea
con ellos. La longitud de dichas series de datos de gravedad nos permitirá por
ejemplo separar las contribuciones correspondientes a ondas con frecuencias muy
cercanas, también nos permitirá detectar señales de frecuencia muy bajas (como
las mareas de largo periodo o el movimiento del polo). Comprobaremos como
además de la longitud de la serie, la estabilidad temporal del ruido tiene una gran
influencia. Por ello los registros obtenidos con los SGs son preferibles a los
registros obtenidos con gravímetros de muelle, incluso cuando sean un poco más
cortos. Esencialmente debido a su estabilidad a largo plazo, a su menor nivel de
ruido y sobre todo a su pequeña deriva instrumental.
En este bloque se utiliza principalmente la serie de datos de gravedad de 27 años
registrada en el Observatorio J9 utilizando dos SGs diferentes (los modelos T005 y
C026), ya que a día de hoy es la serie más larga disponible, registrada por
gravímetros del tipo SG en un mismo sitio.
La quinta y última parte está dedicada a dos de los modos normales de rotación de
la Tierra, en concreto a los conocidos como ‘Free Core Nutation’ (FCN) y ‘Free
Inner Core Nutation’ (FICN), que nos proporcionan una información valiosa sobre
el interior profundo de la Tierra. El objetivo de este bloque es determinar las
características de la resonancia del núcleo a través de las series de datos
gravimétricos que hemos utilizado a lo largo de los bloques anteriores. Tratamos
de detectar los posibles efectos producidos sobre las series de datos de gravedad
observadas en la superficie terrestre, que estén asociados con estos modos
normales. Utilizando para ello, primero las series de los distintos gravímetros que
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han estado instalados en los últimos 40 años en el Observatorio J9, y
posteriormente las series de algunas de las estaciones de los SGs europeas.

Resultados
Los resultados más relevantes que se han ido obteniendo a lo largo de todo el
trabajo son los siguientes:
En el capítulo 3 se hace referencia a la gran tradición que hay en Estrasburgo en la
observación de las mareas terrestres y a los diversos instrumentos que han sido
utilizados en sus estaciones (gravímetros relativos de muelle, gravímetros
superconductores y gravímetros absolutos). Si nos centramos solamente en el
observatorio de J9, y consideramos únicamente la serie de datos obtenida por
gravímetros relativos, disponemos de una serie de casi 40 años consecutivos
(desde 1973 cuando se instaló por primera vez el L&R ET#005, hasta la
actualidad). Dentro de esta serie, hay casi 27 años que han sido registrados
utilizando los dos modelos de SGs (T005 y C026). Como ambos SGs fueron
instalados no solo en el mismo observatorio sino también en el mismo pilar, y al
ser el intervalo transcurrido entre la retirada del instrumento antiguo y la
instalación del nuevo de tan sólo 11 días (respecto a los casi 27 años de la serie
total), podemos fusionar ambas series en una única y completar el hueco entre
ambas mediante un modelo de mareas local para dicha estación. Obteniendo así la
serie más larga disponible, obtenida utilizando gravímetros del tipo SG en un
mismo sitio.
Utilizando todas estas series para estudiar las mejoras instrumentales que se han
producido a lo largo de estos últimos 40 años, sobre todo en términos de
estabilidad a largo plazo, de la relación señal-ruido y de la deriva instrumental,
mostramos como los gravímetros superconductores pueden contribuir de forma
sin precedente al estudio de las ondas de mareas terrestres con amplitudes muy
pequeñas y/o frecuencias muy bajas.
En el capítulo 4, utilizamos diferentes series de datos de gravedad de larga
duración registradas en Europa. En concreto, las 3 series registradas por
gravímetros relativos de muelle en BFO, Postdam y Walferdange, y 8 de las series
con al menos 9 años de datos obtenidas con SGs, para investigar la sensibilidad
característica de cada instrumento mediante las variaciones temporales de los
parámetros de amplitud de marea de las ondas de marea principales (O1, P1, K1, M2,
S2 y K2), así como de la relación de las amplitudes M2/O1. Estos parámetros se
obtienen mediante los análisis de marea que se realizan sobre cada una de las
series de datos una vez que han sido subdivididas en intervalos de un año de
duración, desplazados mes a mes a lo largo de la serie completa, obteniendo así
una serie temporal para cada uno de los parámetros de marea. Para cada
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instrumento, dichas series son estudiadas en detalle y comparadas sus respectivas
evoluciones. Una de las principales limitaciones que nos encontramos en el uso de
los gravímetros de muelle es su deriva instrumental, no sólo por su amplitud, sino
también por su irregularidad.
En contraste con los gravímetros de muelle, los gravímetros superconductores
están caracterizados por una estabilidad a largo plazo sin precedentes (por
ejemplo, la estabilidad de obtenida para el gravímetro de muelle más estable de los
que hemos analizado (Potsdam) es casi cuatro veces menor que la peor estabilidad
obtenida en el caso de los SGs). La evolución temporal obtenida para los
parámetros de la estación de Estrasburgo es muy similar a la obtenida por las otras
estaciones con SGs, todas ellas con una estabilidad entre el 0.03% y el 0.3%, y
observándose algunas oscilaciones estacionales en varias de ellas.
Una vez que han sido comparados los resultados de sensibilidad obtenidos para los
gravímetros de muelle y para los SGs, nos centramos ya sólo en las series
temporales de los SGs para estudiar más en detalle la estabilidad temporal de la
respuesta de dichos instrumentos respecto a las fuerzas de marea. Las variaciones
temporales que aparecer en estos casos tienen amplitudes mucho menores que las
variaciones obtenidas utilizando los datos de los gravímetros de muelle.
Tratamos de determinar los posibles orígenes de estas variaciones (ruido
instrumental, ruido ambiental, efectos geofísicos, efecto derivado del análisis
numérico de datos, etc.). En el caso de que estas variaciones temporales fueran
generadas por un proceso geofísico, deberían de verse reflejadas de una manera
similar en la mayoría de las estaciones Europeas, lo cual no es el caso en nuestros
resultados. Es posible también que las variaciones en la carga oceánica pudieran
generar pequeñas variaciones en los factores delta en algunas de estas estaciones,
pero en este caso dichas variaciones también deberían de ser parecidas en aquellas
estaciones en las que los efectos de la carga oceánica fuera similar, y además estas
variaciones podrían estas ocultas por el ruido ambiental, efectos hidrológicos, etc.
Por otro lado, como las variaciones que han sido obtenidas para la relación M2/O1
son mucho menores que las obtenidas para cada parámetro individual, esto nos
permite considerar que gran parte de las fluctuaciones observadas en los
parámetros de marea sean debidos a cambios de origen instrumental, como por
ejemplo posibles cambios en el factor de escala.
Debido a que la estabilidad a largo plazo de los parámetros de marea puede
depender de la estabilidad del factor de escala de los gravímetros relativos,
investigamos la estabilidad a largo plazo de dichos factores de escala.
Lamentablemente sólo disponemos de una larga serie de experimentos de
calibración para el caso del SG C026 instalado en el Observatorio de Estrasburgo J9.
Por lo tanto, comprobamos la estabilidad del factor de escala solamente para el SG
C026, utilizando numerosos experimentos de calibración que han sido realizados
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durante los últimos 15 años mediante la técnica del registro en paralelo con un
gravímetro absoluto. La repetitividad de dicho factor de escala y la precisión
alcanzada se investiga mediante la comparación de los resultados de todos estos
experimentos de calibración, obteniendo así que la estabilidad interna del SG C026
(~ 0,1%) derivada de los análisis de marea realizados anteriormente es más de 10
veces mejor que la estabilidad que se puede obtener mediante la repetición de las
calibraciones SG/AG (~ 1,4%), independientemente de la metodología utilizada a
la hora de realizar el ajuste AG/SG utilizado para calcular los valores de los
factores de escala.
Tampoco se encontró ninguna correlación clara entre las variaciones de los
factores de marea y las variaciones de los factores de escala. Por lo tanto, es muy
posible que las variaciones temporales observadas en los de factores de amplitud
de cada onda se deban principalmente a las variaciones del nivel de ruido, como
queda reflejado mediante la correlación encontrada entre las variaciones de los
factores de amplitud y los cambios en el nivel de ruido.
En el capítulo 5 utilizamos principalmente la serie de datos de 27 años registrada
en el Observatorio J9 utilizando dos SGs diferentes (T005 & C026). Utilizamos
dicha serie ya que como hemos visto antes, nos permitirá obtener varios beneficios
derivados de su estabilidad a largo plazo, de su pequeña deriva instrumental y de
su relación señal-ruido.
Llevamos a cabo un análisis de marea sobre la serie completa utilizando ETERNA
3.4, llegando a ser capaces de separar varias ondas de marea en las bandas de
frecuencia diurna, semidiurna, terdiurna y cuardiurna, algunas de de las cuales con
unas amplitudes muy pequeñas. También mostramos el análisis espectral de
ambas series de SGs por separado, así como para la serie completa, obteniendo en
cada caso una alta resolución espectral en las bandas de marea. En estos análisis
espectrales podemos detectar varias ondas de marea con muy baja amplitud que
hasta ahora quedaban siempre ocultas en las series más cortas. Obtenemos sobre
todo ejemplos muy claros en las bandas de frecuencias diurna y semidiurna.
Debido a que el ruido relativo a los datos de la serie del SG T005 es casi el doble
con respecto a el ruido de los datos de la serie del SG C026, todavía tendremos que
esperar otros 5 años más hasta que la SNR de la serie fusionada (T005 + C026) sea
mayor que la SNR de la serie individual del C026.
Para concluir, nos centramos en la parte del espectro de largo periodo.
Desafortunadamente, a pesar de la longitud de nuestra serie, no somos aún
capaces de separar claramente la onda de período 18,6 años. Lo intentamos
igualmente con las series de datos de gravedad de las otras 8 estaciones europeas
de SGs estudiadas previamente, obteniendo también resultados negativos. Por otro
lado, como las mareas de largo período tienen sus valores máximos de amplitud en
los polos (debido a la dependencia del potencial de las mareas del valor de la
latitud) lo intentamos también con los datos de la estación de Metsahovi
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(60.22ºN), ya que esta estación se encuentra aún más cerca del polo que las otras
estaciones. Pero incluso en esta estación los resultados no son del todo
satisfactorios. El caso de la onda con período de 9,3 años es aún más complicado,
ya que su amplitud es casi 300 veces más pequeña que la amplitud de la onda de
18,6.
Finalmente, en el capítulo 6 estimamos los valores de los parámetros de la
nutación del núcleo (FCN). Las amplitudes de algunas ondas de mareas diurnas
son resonantes a la frecuencia de la FCN y por ello nos podemos ayudar de los
valores alterados obtenidos para estas amplitudes, para determinar la frecuencia
de la FCN.
Después de revisar la historia de las primeras observaciones de la resonancia de la
FCN utilizando observaciones de la gravedad (que casualmente se realizó
utilizando datos de gravedad registrados en el Observatorio de Estrasburgo), los
esfuerzos se centran con el fin de estimar los parámetros propios de la FCN (Q y
T^X_ ) a partir de las observaciones más modernas, utilizando el enfoque bayesiano
propuesto por Flörsch y Hinderer. Utilizamos primero las diferentes series
individuales de datos de gravedad registradas en J9, tanto las obtenidas con
gravímetros de muelle como con los gravímetros superconductores. En un primer
análisis ajustamos dichos parámetros utilizando cada una de estas series de
manera independiente, y luego utilizando todas las series a la vez. Posteriormente
tratamos de estimar estos mismos parámetros pero usando para ello las series de
todas las estaciones de SG analizadas en las secciones previas. Los valores
obtenidos son muy cercanos a los valores estimados mediante los cálculos teóricos,
así como a los valores obtenidos a partir de observaciones de VLBI (Very Long
Baseline Interferometry). También son revisadas las observaciones de la
resonancia FCN utilizando otras técnicas, como por ejemplo las observaciones
obtenidas con las variaciones del nivel de agua de los pozos, utilizando datos de
extensómetros y en más detalle, utilizando la técnica de VLBI, que es la más
precisa.
Después de estimar los valores de los parámetros de la FCN nos centramos en otro
modo de rotación, el denominado FICN, cuyos efectos no han sido nunca
observados utilizando datos de gravedad, y que los cálculos teóricos predicen un
efecto muy pequeño tanto en términos de nutación como de resonancia en las
mareas terrestres. En un primer momento utilizamos la serie de 27 años registrada
por los SGs T005&C026 en el Observatorio J9, para intentar demostrar la
existencia de la FICN de una manera similar a la que utilizaron en el siglo pasado
para tratar de demostrar la existencia de la FCN en los datos de gravedad. Para ello
desarrollamos una metodología que nos permita ir limitando el rango de
frecuencias de estudio, a través del análisis de mareas detallado en la banda de
frecuencia diurna, separando ondas de amplitudes tan pequeñas que nunca antes
habían sido observadas y que pudieran estar lo suficientemente próximas a la
frecuencia asociada a la FCIN como para verse afectadas en términos de amplitud.
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Basándonos en los intervalos de frecuencia que han sido estimados en estudios
anteriores, nos centramos en el rango de 430-1400 días siderales. El análisis
espectral de la serie de 27 años se analiza en detalle para comprobar si hay más
ondas dentro de ese rango, que ahora puedan ser separadas mediante un nuevo
análisis de mareas más detallado aún. En realidad hay varias ondas de pequeñas
amplitudes que ahora si pueden ser separados, por lo que después de realizar
varias pruebas modificando los límites en los intervalos de frecuencia que tenemos
que indicarle a ETERNA 3.4 a la hora de realizar los análisis de mareas, nos
centramos en el rango [S , Ku ] comprobando si aparece algún posible efecto de
resonancia en las ondas que lo componen.
Un posible efecto de resonancia aparece próximo a 1,00198 cpd (0,99924 CpsD) al
utilizar la serie de Estrasburgo para realizar los análisis. Análisis de marea
similares se realizan utilizando las series de datos de gravedad de los otros SGs
europeos, obteniendo unos resultados comparables en algunas de estas estaciones
(Bad Homburg, medicina y Moxa). En el caso de que estas observaciones estén
relacionadas con una resonancia asociada a la FICN, correspondería a un período
de alrededor de 1.300 días siderales, valor que es algo mayor de las últimas
predicciones teóricas publicadas, y ligeramente más grande que las estimaciones
obtenidas con las observaciones de VLBI.

Conclusiones y Perspectivas
En Estrasburgo, el primer gravímetro adquirido con el principal propósito de
observar las mareas terrestres fue instalado en 1954. Desde entonces, 8 modelos
diferentes de gravímetros (gravímetros relativos de muelle, gravímetros relativos
superconductores y gravímetros absolutos) han estado registrando las variaciones
temporales de la gravedad en períodos consecutivos. Durante estas seis décadas,
los sensores, los sistemas de adquisición y los métodos computacionales han
mejorado drásticamente.
Hemos utilizado todas las series obtenidas en el observatorio J9 de Estrasburgo
para verificar estas mejoras, concluyendo que la precisión en las medidas relativas
de la gravedad ha sido incrementada en más de 10 veces con respecto a los
primeros modelos de gravímetros de muelle utilizados. La estabilidad temporal y
el nivel de ruido de todas estas series también son estudiados, principalmente la
estabilidad a largo plazo de los parámetros de marea (amplitud y fase) y de la
deriva instrumental.
Estudios similares son realizados utilizando las series de datos de gravedad de 8
gravímetros relativos superconductores instalados en el centro de Europa, todos
ellos pertenecientes a la red mundial de SGs (Global Geodynamics Project). Se
obtienen unas evoluciones temporales de los factores de amplitud en los datos de
Estrasburgo que son muy similares a los obtenidos por los otros SGs europeos,
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todos ellos con una estabilidad entre el 0,03% y el 0,3%. Algunas fluctuaciones con
oscilaciones estacionales aparecen en varias estaciones. En el caso de que estas
variaciones temporales reflejaran un proceso geofísico, deberían observarse de
una manera similar en la mayoría de las estaciones Europeas, o al menos en las
estaciones que se encuentran más cercanas, pero no es el caso en nuestros
resultados. Además, como las variaciones obtenidas para la relación δM2/δO1 son
mucho menores que las variaciones obtenidas para cada factor gravimétrico
individual, nos lleva a considerar que una parte de las fluctuaciones de los factores
de marea serán debidas a cambios de origen instrumental (por ejemplo, factor de
calibración). Sin embargo, hemos utilizado todos los experimentos de calibración
realizados en J9 desde 1996, cuando fue adquirido un gravímetro absoluto, para
comprobar la estabilidad temporal del factor de calibración del SG C026 (todos
estos experimentos se derivan de una comparación directa entre los datos del SG y
los datos del AG obtenidos en paralelo) llegando a la conclusión de que la
estabilidad interna del SG C026 obtenida a partir del estudio de los parámetros de
marea es más de 10 veces mejor.
Teniendo en cuenta todos estos resultados, es evidente que gracias a su mayor
estabilidad, los gravímetros superconductores pueden contribuir de forma única al
estudio de las mareas terrestres de frecuencias bajas y/o amplitudes muy
pequeñas. Es evidente que la capacidad de los SGs para observar de forma precisa
efectos con amplitudes del orden de 0.1 µGal ha abierto muchas posibilidades
científicas interesantes. Por lo tanto, utilizando la serie larga del SG estudiada
anteriormente, realizamos un análisis espectral de alta resolución en las bandas de
marea, que nos permite:
- Separar las contribuciones de distintas ondas con frecuencias muy cercanas que
nunca fueron observadas antes

- La búsqueda de señales muy débiles (especialmente ondas derivadas del
potencial de marea de grado 3)
- Detectar efectos con frecuencias muy baja

Desafortunadamente, a pesar de la duración de 27 años de nuestra serie de datos,
todavía no somos capaces de observar claramente las ondas con periodos de 9,3 y
18,6 años, ondas que son de un gran interés para la investigación del
comportamiento reológico de la Tierra sólida en esos períodos.

En la última parte, se ha revisado la historia de las primeras observaciones de la
resonancia de la FCN utilizando datos de gravedad. Se han estimado los valores de
los parámetros de la FCN utilizando datos de todas las series de Estrasburgo y
también de todas las series de los SGs en el centro de Europa. Los resultados están
en muy buen acuerdo con los resultados estimados tanto mediante cálculos
teóricos como mediante las observaciones de VLBI. También se intenta observar
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alguna consecuencia derivada de la FICN, que nunca antes ha sido observado
usando datos de gravedad. Con este fin se desarrolló una metodología para limitar
el rango de frecuencias posibles.
Para utilizar las diferentes series de datos de gravedad analizadas a lo largo de
todo este estudio (tanto las series registradas por gravímetros de resorte, como
por gravímetros superconductores) ha sido necesario hacer un gran trabajo previo
de procesamiento y limpieza de las series de los residuos de gravedad. Gracias a
ello, ahora disponemos de varias series de residuales de alta calidad distribuidas
en el centro de Europa. Todas estas series podrán ser utilizadas en una amplia
gama de estudios a nivel regional, tales como:
- Estudios de correlación entre las series de los residuales y la carga de la marea
oceánica, para comprobar si hay alguna posible variación temporal de los efectos
de carga
- Estudios de correlación entre las series de los residuales y la información
hidrológica disponible para Europa Central
- Estudios comparativos entre los datos de gravedad en la superficie terrestre y los
datos obtenidos con GRACE a nivel regional
- Estudios sobre el efecto del ruido oceánico en los registros de gravedad
Además de otros muchos estudios en una amplia gama de frecuencias.
Un nuevo modelo de gravímetro superconductor (iOSG) será instalado en el
Observatorio de J9 en 2015, garantizando de esta forma la continuidad de la serie
que disponemos actualmente. La continuidad de esta serie de datos de alta calidad
nos permitirá identificar más ondas de pequeña amplitud así como separar ondas
vecinas con frecuencias muy cercanas; y aparecerán nuevas oportunidades para
detectar mejor las ondas de periodos de 9,3 y 18,6 años.
Se seguirá trabajando en la posible detección de la resonancia producida por la
FICN en nuestra serie de datos y en una posible inversión utilizando un enfoque
bayesiano similar al que se ha aplicado para los parámetros de FCN. Además, en un
futuro próximo, una combinación de series más largas y una mejora en la
predicción teórica del período de la FICN nos facilitarán el trabajo a la hora de
intentar buscar la frecuencia de dicho modo de rotación.
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RÉSUM
RÉSUMÉ
SUMÉ
Introduction
La gravimétrie est une discipline relativement ancienne, avec les premières
tentatives pour déterminer la valeur de la pesanteur datant des années 1700.
Depuis, elle a évolué d'une manière très rapide de façon théorique, instrumentale
et analytique.
De nombreuses méthodes peuvent être utilisées pour mesurer directement la
valeur de la pesanteur, mais seulement quelques-uns sont capables d'obtenir la
précision requise par les géophysiciens et les géodésiens. Les enregistrements des
variations temporelles de la gravité ont une longue tradition en Europe centrale,
où certaines stations ont enregistré ces variations en continu pendant plusieurs
décennies. L'intérêt croissant pour l'étude de ces variations temporelles est
principalement dû à grandes améliorations dans l'instrumentation et de son utilité
dans les sciences de la Terre.
Cette étude est motivée par les améliorations sur les gravimètres dans les
dernières décennies (surtout après le développement des gravimètres
supraconducteurs, SG), qui nous permettent d'avoir aujourd'hui très longue séries
de données de haute qualité, qui peut être exploitée afin de bénéficier des
avantages de leur longueur sans précédent. Depuis les années 80, les variations de
la pesanteur à la surface de la Terre sont enregistrées de façon permanente par un
réseau mondial de gravimètres supraconducteurs au sein du projet ‘Global
Geodynamics Project’.
Lorsque des enregistrements continus d'un gravimètre sont observés, les marées
sont les signaux dominant dans les données. Ces variations peuvent atteindre
jusqu'à 300 μGal (1 μGal = 10 nm / s²) de crête à crête, en fonction des
coordonnées de la station.
Les marées se produisent à des fréquences fixes données par les combinaisons de
la dynamique orbitale de la Lune autour de la Terre, et de la Terre et les autres
planètes autour du Soleil. Les composants les plus importants sont à des périodes
semi-diurnes et diurnes, mais il ya aussi des composants à longue période
(bimensuelle, mensuelle, semestrielle, annuelle et même une nutation de 18,6
années, correspondant au cycle nodal lunaire). Récemment, les marées terrestres
sont devenues plus importants en géodésie due à la précision croissante de
différents types de mesures qui maintenant nécessitent des corrections des effets
de marée qui pouvaient auparavant être ignorés. Dans cette étude, nous allons
essayer d'analyser autant d’ondes de marée que possible, en utilisant différentes
séries de gravité de haute qualité enregistrés en Europe.
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Cette thèse, intitulée « Analyse des séries de gravité de longue durée en Europe;
implications pour l'étude de signaux avec petits amplitude et basse fréquence, y
compris les effets de résonance du noyau de la Terre », est donc placé dans le
contexte d'une recherche exhaustive pour la connaissance de l'intérieur de notre
planète Terre à travers l'analyse des données haute qualité de gravité. Cela a été
possible grâce aux efforts considérables déployés par les différentes SG stations.

Objectifs
La déformation élasto-gravitationnelle de la Terre et les variations de gravité
temporels associés mesurés sur la surface de la Terre, sont dues à de nombreux
phénomènes géophysiques avec différentes périodes et amplitudes, y compris
entre autres, les marées terrestres (qui sont les mouvements induits dans le Terre
solide, et les changements dans son potentiel gravitationnel, induites par les forces
de marée provoqués par les astres) qui sont ceux qui ont l’effet plus important. Ce
travail contribue à montrer l'importance non seulement de la longueur, mais aussi
de la qualité des les séries de données pour améliorer notre connaissance de la
dynamique de la Terre à travers l'analyse des marées Terre.
Les différents objectifs de cette étude sont divisés en cinq grands blocs organisés
comme suit:
Pour mieux comprendre l'origine et la signification du phénomène des marées de
la terre, le premier bloc est consacré à rappeler certains des concepts de base de la
théorie des marées terrestres. Tels que les notions de force de marée, la marée
d'accélération, les paramètres de marée, les différentes potentielles de marée plus
utilisé, la réponse d'un Terre solide aux marées forces, etc. Dans cette première
section une brève description des différents instruments qui ont été
historiquement utilisés pour observer les marées terrestres (non seulement
gravimètres) est également présenté; ses principes de fonctionnement et les
caractéristiques sont décrits.
Nous concluons cette première partie en expliquant les méthodes de traitement du
signal qui seront appliquées plus tard sur nos données, et les méthodes les plus
appropriées pour l'analyse des données de la marée de la Terre.
La deuxième partie se concentre sur le «Site d'étude» (les Observatoires à
Strasbourg) où il ya une longue tradition dans l'observation des marées terrestres.
Cette tradition a été initié par le professeur Robert Lecolazet au milieu du siècle
dernier. Depuis les années 1950s, les variations temporelles de la pesanteur on
surface ont été mesurés localement en utilisant différents types de gravimètres (à
ressort, supraconducteur, absolues) à deux stations différentes; d'abord dans
l'Observatoire Sismologique de Strasbourg depuis près de 20 ans et plus tard dans
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les années 70s, à l'Observatoire de J9, à une dizaine de km de Strasbourg. Au cours
de ces années, de nombreux types d'améliorations ont été observées en termes
d'instrumentation, de l'évolution des potentielles de marée et aussi en termes de
techniques d'analyse de données, qui ont permis l'obtention de certains résultats
fondamentaux.
Les séries de mesures à cette station sont étudiés plus en détail pour comparer et
étudier les améliorations entre les séries de données obtenues à partir de
différents types de gravimètres. Aussi, dans cette deuxième partie nous traitons
avec certains aspects historiques de la station et nous montrons les résultats les
plus importants au cours des six dernières décennies.
Dans la troisième partie, nous utilisons certains des plus longs enregistrements des
variations temporelles du champ de gravité terrestre dans stations européens, à fin
d'étudier la sensibilité des instruments à travers l'évolution temporelle des
facteurs gravimétriques pour les principaux ondes de marée diurnes et semidiurnes (O1, P1, K1, M2, S2 et K2), ainsi que pour le rapport de facteur de delta
M2/O1. Ce rapport, qui est indépendant de la calibration instrumental, est un très
bon indicateur de la stabilité de l'instrument. Plusieurs variations temporelles
apparaissent, et nous essayons de trouver une explication.
Pour effectuer ces études de sensibilité, trois séries de données obtenues avec
différents modèles de gravimètres relatifs à ressort installés à l'Observatoire de la
Forêt Noire (BFO-Allemagne, 1980-2012), Walferdange (Luxembourg, 1980-1995)
et Potsdam (Allemagne, 1974-1998) sont utilisés, ainsi que plusieurs séries de
données de SGs avec au moins neuf ans d'enregistrements continus, et qui font
partie du GGP (Bad Homburg, Bruxelles, médecine, Membach, Moxa, Vienne ,
Wettzell et Strasbourg-J9). Nous décrivons les données, ainsi que les traitements
appliqués à ces études et on synthétise les résultats. Dans cette partie, nous
effectuons également une étude détaillée de la stabilité du facteur d'échelle du
gravimètre supraconducteur installé à l'Observatoire de Strasbourg, à travers les
nombreuses expériences d'étalonnage effectuées par des mesures absolues depuis
1997.
Dans la quatrième partie, nous expliquons pourquoi les séries longues de gravité
sont d'un grand intérêt lors de la réalisation des analyses de marée. En effet, une
longue série permettent de séparer les contributions des ondes avec des
fréquences très proches (la résolution de fréquence est l'inverse de la longueur des
séries) et aussi pour détecter les signaux basse fréquence (la plus basse fréquence
détectable est aussi l'inverse de la longueur de données). En plus de la longueur de
la série, la qualité des données et la stabilité temporelle du bruit sont également
très importants. Ainsi, les longs enregistrements obtenus avec SGs sont préférables
aux enregistrements obtenus avec gravimètres à ressort, même si elles sont un peu
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plus courtes. Essentiellement en raison de leur stabilité à long terme, au bruit plus
faible et surtout sa petite dérive instrumentale.
Nous utilisons principalement l'ensemble de données de 27 ans enregistrés à
l'Observatoire J9 à l'aide de deux SGs différents (T005 et C026), qui est la plus
longue série disponible jamais enregistré par des gravimètres du type SG sur un
seul endroit.
La cinquième et dernière partie est consacrée à la théorie de deux modes normaux
de rotation de la Terre (le FCN et le FICN), qui fournissent des informations
précieuses sur l'intérieur de la Terre profond. L'objectif de ce bloc est de
déterminer les caractéristiques de la résonance du noyau grâce à des données de
gravité que nous avons utilisé tout au long des chapitres précédents. Nous
essayons de détecter les effets sur le champ de gravité terrestre associés à ces
modes normaux, dans les séries gravimétriques utilisés précédemment; d'abord en
utilisant les données de l'Observatoire de J9, puis en utilisant les données de
plusieurs stations de SGs européennes.

Résultats
Les résultats les plus importants qui ont été obtenus sur l'ensemble des travaux,
sont:
Dans le chapitre 3, nous avons évoqué la longue tradition de l'enregistrement des
variations temporelles du champ de gravité terrestre à Strasbourg, et les divers
instruments qui ont été utilisés dans une de ses stations, J9 (gravimètres relatifs à
ressort et supraconducteur, gravimètres absolus).
Considérant que la plus longue série, nous avons donc presque 40 ans
d'enregistrements gravimétriques consécutifs (de 1973 lors de l’installation du
L&R ET005, à nos jours). Parmi ces données, plus de 27 ans ont été enregistrés par
deux modèles (T005 et C026) de gravimètres supraconducteurs consécutivement
installés là-bas. Comme les deux SG ont été installés non seulement dans le même
observatoire, mais aussi sur le même pilier, et qu'il n'y avait que quelques jours
entre l'enlèvement de l'ancien gravimètre et l'installation de le nouvelle (11 jours
par rapport à 27 ans, presque négligeable), nous pouvons fusionner la série T005
et C026 en une seule série.
Nous utilisons ces séries pour étudier les améliorations instrumentales qui ont eu
lieu au cours des 40 dernières années, notamment en termes de stabilité à long
terme, du rapport signal-bruit et la dérive instrumentale, montrant comment les
gravimètres supraconducteurs peuvent contribuer de façon unique à l'étude des
marées terrestres avec de très faibles amplitudes et/ou de très basses fréquences.
Aussi, la stabilité du facteur d'échelle de gravimètres supraconducteurs est étudiée
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à travers de nombreuses expériences d'étalonnage réalisées en parallèle par
l'enregistrement d'un gravimètre absolu dans Observatoire de Strasbourg, J9.
Dans le chapitre 4, nous utilisons différents séries des variations temporelles du
champ de gravité terrestre très longues, disponibles en Europe. Plus précisément ;
trois séries enregistrées par gravimètres à ressort à BFO, Potsdam et Walferdange,
et 8 longues séries de données de SGs, avec au moins neuf années de données
continues, pour comparer la sensibilité de chaque instrument, en utilisant les
variations temporelles des facteurs d’amplitude pour les principaux ondes de
marées (O1, P1, K1, M2, S2 et K2), ainsi que le rapport δM2/δO1.
Ces paramètres sont obtenus par l'analyse de marée qui sont effectuées sur les
ensembles de données une fois qu'elles ont été subdivisés en intervalles de
données d'une année, décalés mois par mois pendant toute la série. Pour chaque
instrument, ces séries sont étudiées en détail et comparé entre eux. Nous avons
également étudie l'évolution du rapport δM2/δO1, qui est indépendant de la
calibration. Une des principales limitations dans l'usage des gravimètres à ressort
est leur grande dérive instrumentale irrégulière.
Contrairement aux gravimètres à ressort, les gravimètres supraconducteurs se
caractérisent par une stabilité à long terme sans précédent (par exemple, la
stabilité pour gravimètre à ressort le plus stable, Potsdam, est près de quatre fois
plus faible que le pire de la stabilité des résultats obtenus avec les SGs). L'évolution
temporelle obtenue pour les facteurs delta de la marée à Strasbourg sont très
similaire à celui obtenu par les autres stations SG européens, chacune avec une
stabilité entre 0,03% et 0,3%, et certaines fluctuations saisonnières sont observées
dans plusieurs d'entre eux.
Une fois que l'on compare les résultats de sensibilité obtenus avec gravimètres à
ressort et les supraconducteurs, nous nous concentrons uniquement sur les séries
de SGs pour étudier la stabilité temporale de ces instruments. Les variations
temporelles qui apparaissent dans ce cas ont des amplitudes beaucoup plus petites
que les variations obtenues en utilisant les données de gravimètres à ressort. Une
fois les variations temporelles de ces séries ont été estimées, on essaie de
déterminer les origines possibles de ces variations (bruit instrumental, bruit
ambiant, effets géophysiques, dérivée de l'analyse de données numériques, etc ...
effet). Dans le cas où ces variations temporelles reflètent un processus
géophysiques, ils devraient être reflétés de manière similaire dans la plupart des
stations européennes, qui ne sont pas le cas dans nos résultats. Il est possible que
les variations dans les charges océaniques puissent générer de petites variations
dans les facteurs de delta dans certaines de ces stations (ceux pour lesquels la
charge océanique est similaire). Bien que ces variations pourraient-ils être cachées
par le bruit environnemental, les effets hydrologiques, etc. Aussi, comme les
variations du rapport M2/O1 sont beaucoup plus faibles que ceux obtenus pour
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chaque facteur gravimétrique de façon individuelle, nous conduit à considérer que
la plupart des fluctuations observées dans les paramètres de marée sont dues à des
changements d'origine instrumentale (par exemple d'étalonnage).
Comme la stabilité des observations de marée à long terme est également
dépendante de la stabilité du facteur d'échelle des gravimètres relatifs, nous
devrions également étudier la stabilité à long terme des facteurs d'échelle des
gravimètres. Malheureusement, nous n’avons qu'une longue série d'expériences
d'étalonnage pour le SG C026 installé à l'Observatoire gravimétrique J9 de
Strasbourg. Nous avons donc vérifié la stabilité temporal du facteur d'échelle pour
le SG C026 en utilisant de nombreuses expériences d'étalonnage effectuées par la
technique de l'enregistrement en parallèle avec un gravimètre absolu (AG) qui ont
été menées au cours des 15 dernières années. La reproductibilité du facteur
d'échelle et sa précision sont étudiées en comparant les résultats de toutes ces
campagnes d'étalonnage. Il se avère que la stabilité interne du SG C026 (~ 0,1%)
dérivée des analyses de marée effectuée précédemment, est plus de 10 fois
meilleure que celle qui peut être obtenue avec les répétitions d'étalonnage (~
1,4%), peu importe le méthode d'ajustement AG/SG utilisées pour calculer les
valeurs des facteurs d'échelle. Nous ne trouvons aucune corrélation claire entre les
variations des facteurs de marée et les variations de facteurs d'échelle. Par
conséquent, il est fort possible que les variations de facteurs delta observées sont
dues essentiellement aux variations du niveau de bruit comme le montre
effectivement la corrélation trouvée entre les effets de facteurs de delta et les
changements de niveau de bruit.
Dans le chapitre 5, nous utilisons principalement la série de données de gravité
27années enregistré à l'Observatoire J9 par deux différents SG (T005 et C026), qui
est aujourd'hui la plus longue série disponible. Nous utilisons cette série en raison
de la stabilité à long terme et sa très petite dérive instrumentale. Et aussi parce que
le rapport signal sur bruit n’est pas seulement améliorée en augmentant la
longueur de l'ensemble de données, mais il est également fortement influencé par
la qualité des données. Nous effectuons une analyse de marée en utilisant ETERNA
3.4 sur la série SG, et on est capable de séparer avec une haute précision plusieurs
ondes de marée dans les bandes de fréquences diurnes, semi-diurne, ter-diunal et
quart-diurne, certains d'entre eux avec de très faible amplitude. Nous montrons
également l'analyse spectrale des deux séries SG séparément et de la série
fusionnée, en obtenant dans tous les cas une résolution spectrale élevée dans les
bandes de marée. À cause du bruit plus élevé dans les données de T005 par
rapport au C026, nous devons encore attendre cinq ans de plus, jusqu'à ce que le
SNR de la série fusionnée (T005 + C026) sera plus grand que le SNR de la série
C026. Dans ces analyses spectrales nous pouvons détecter plusieurs ondes de
marée de faible amplitude qui ont été cachés dans les séries plus courte. Des
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exemples clairs de petites marées d'amplitude dans les bandes semi-diurnes et
diurnes sont fait remarquer.
Pour conclure, nous nous concentrons sur la partie du spectre de longue période.
Malheureusement, malgré la longueur de notre série nous ne sommes pas encore
en mesure de séparer clairement l’onde de marée de période de 18,6 années. Nous
avons essayé aussi avec les données des huit stations SGs européennes déjà étudié,
également des résultats sont négatifs. En outre, comme les marées de longue
période ont leur amplitude maximale aux pôles (en raison de la dépendance de
latitude du potentiel de marée) nous essayons avec les données de la station
Metsahovi (60.22ºN), mais même à cet endroit les résultats ne étaient pas
satisfaisante. Dans le cas de l’onde de la période de 9,3 années est encore plus
compliqué parce que son amplitude est près de 300 fois plus petite que l'amplitude
de la 18.6y.
Enfin dans le chapitre 6, nous estimons les valeurs des paramètres du FCN. Les
amplitudes des marées diurnes proches à la fréquence de résonance sont affectées,
alors nous pouvons utiliser les mesures d'amplitudes de marée pour déterminer la
fréquence FCN. Après avoir examiné l'histoire des premières observations de la
résonance FCN en utilisant les données de la gravité (qui par hasard a été effectuée
à l'aide des données gravimétriques enregistrées à l'Observatoire de Strasbourg),
des efforts particuliers sont entrepris afin d'estimer les paramètres (Q et T FCN) à
partir de les observations, en utilisant l'approche bayésienne proposé par Florsch
et Hinderer (2000). Nous utilisons d’ abord les séries gravimétriques individuelles
enregistrées à J9 par les gravimètres à ressorts et supraconducteurs. Dans une
première analyse nous ajustons ces paramètres en utilisant chacune de ces séries
indépendamment, puis en utilisant toutes les séries à la fois. Ensuite, dans un
deuxième temps on essaie d'estimer ces paramètres, mais en utilisant toutes les
stations de SGs abordés dans les sections précédentes. Les valeurs obtenues (pour
toutes les stations de SGs) sont très proches de ceux estimés à partir des calculs
théoriques, et sont également en très bon accord avec ceux obtenus par des
observations VLBI (Very Long Baseline Interferometry). Nous examinons
également les observations de la résonance FCN en utilisant d'autres techniques.
Après avoir estimé les valeurs des paramètres du FCN, nous recherchons pour
autre mode normal de rotation appelé Free Inner Core Nutation (FICN), l'effet
desquelles n'a jamais été observé auparavant dans les données de gravité, et les
calculs théoriques prédisent une résonance très faible. Pour cela, nous
développons une méthodologie pour contraindre la gamme de fréquences possible,
grâce à l'analyse de marée détaillée dans la bande de fréquence diurne. Basé sur
les gammes de fréquences qui ont été estimés dans les études précédentes, nous
nous concentrons sur le période de 430-1400 jours sidéraux. L'analyse spectrale
de la série de 27 ans est analysée en détail pour voir s’il y a plus de ondes détectées
dans ce période. Il ya en fait plusieurs ondes d'amplitudes plus petites que
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maintenant peuvent être séparés. Après plusieurs essais de modification des
limites de fréquence à indiquer à ETERNAL 3.4 lors de l'exécution de l'analyse,
nous nous concentrons sur la période [S , Ku ] pour vérifier si un effet de
résonance apparaît. Un possible effet de résonance apparaît près de 1,00198 cpd
(0,99924 cpdS) en utilisant la série de Strasbourg pour effectuer les analyses.
D'autres analyses similaires sont effectuées en utilisant les séries du SGs
européenne qui ont déjà été utilisés, et on obtient des résultats comparables dans
certaines de ces stations (Bad Homburg, la médecine et Moxa). Dans le cas où cette
observation est liée à une résonance associée à FICN, celai correspondrait à une
période d'environ 1.300 jour sidéral, valeur qui est un peu plus élevé que les
dernières prédictions théoriques publiées, et légèrement plus élevé que les
estimations obtenues avec des observations VLBI.

Conclusions et perspectives
À Strasbourg, le premier gravimètre avec le but principal d'observer les variations
temporelles du champ de gravité terrestre et les marées terrestres a été installé en
1954. Depuis lors, huit différents modèles gravimètres (gravimètres à ressort,
supraconducteur et absolus) ont enregistré ces variations temporelles pendant
différents périodes consécutive. Pendant tout ce temps, les capteurs, les systèmes
d'acquisition de données et les méthodes de calcul ont été améliorées de façon
considérable.
Nous avons utilisé toutes ces séries enregistrées à l'observatoire de Strasbourg
pour vérifier ces améliorations, concluant que la précision de mesure a été
augmentée de plus de 10 fois par rapport aux premiers modèles. La stabilité
temporelle et le niveau de bruit de ces séries ont été étudiés, notamment la
stabilité à long terme des paramètres de marée (amplitude et phase) et dérive
instrumentale.
Des études similaires ont été menées sur les séries de 8 SGs installés en Europe
centrale, tous appartenant au réseau mondial des SGs (Global Geodynamics
Project). Les évolutions temporelles des facteurs delta de marée obtenues à
Strasbourg sont très similaires à d'autres stations européennes de SGs, chacun
avec une stabilité entre 0,03% et 0,3%. Certaines fluctuations temporelles avec une
oscillation saisonnière apparaissent sur quelques stations. Dans le cas où ces
variations temporelles reflètent un processus géophysiques, ils doivent refléter
d'une manière similaire dans la plupart des stations européennes, ou au moins
dans les stations qui sont plus proches, mais ce n’est pas le cas dans nos résultats.
Comme les variations obtenues pour le rapport δM2/δO1 sont beaucoup plus petits
que les variations pour chaque facteur gravimétrique individuelle, nous conduit à
considérer qu’une partie des fluctuations des facteurs de marée pourrait être due à
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des changements d'origine instrumentale (par exemple, facteur étalonnage).
Cependant, nous avons utilisé toutes les expériences d'étalonnage réalisées à J9
depuis 1996, quand il a été acquis un gravimètre absolu pour vérifier la stabilité
temporelle du facteur d'étalonnage du C026 (toutes ces expériences sont tirées
d'une comparaison directe des données de SG avec des mesures absolues en
parallèle) concluant que la stabilité interne de SG C026 obtenu à partir de l'étude
des paramètres de marée est 10 fois mieux.
Compte tenu de tous ces résultats, nous montrons que, grâce à sa stabilité, les
gravimètres supraconducteurs peuvent contribuer de façon unique à l'étude des
marées terrestres de basse fréquence et/ou avec amplitudes petites. Il est évident
que la capacité du SG d'observer avec précision des effets avec amplitudes proches
à 0,1 μGal, a ouvert de nombreuses possibilités scientifiques intéressantes. Par
conséquent, en utilisant la longue série de SG étudié précédemment, nous
obtenons une analyse spectrale à haute résolution dans les bandes marée, ce qui
nous permet:
- Séparer les contributions des différents signaux avec des fréquences très proches,
qui ne sont jamais été observées
- Rechercher signaux très faibles (en particulier, les ondes dérivés du potentielle
de grade 3)
- Détecter des effets à très basse fréquence
Malheureusement, malgré la durée de 27 ans de notre série de données, nous ne
sommes pas encore en mesure d'observer clairement les ondes avec des périodes
de 9,3 et 18,6 années, ondes qui sont d'un grand intérêt pour enquêter sur le
comportement rhéologique Terre solide dans ces périodes.
Dans la dernière partie, nous avons examiné l'histoire des premières observations
de la résonance FCN en utilisant les données de gravité. Les valeurs des
paramètres du FCN en utilisant les données de toutes les séries à Strasbourg et les
séries du SGs en Europe centrale sont estimées. Les résultats sont en très bon
accord avec les estimations théoriques et avec les estimations avec les
observations VLBI. On tente également d'observer les conséquences de FICN, qui
n'a jamais été observé en utilisant des données gravimétriques. A cette fin, une
méthodologie a été développée pour limiter l’intervalle de fréquences possibles.
Nous nous sommes concentrés sur l’intervalle [S , Ku ], où un candidat possible
se trouve à proximité de la fréquence de 1,00198 cpd (0,99924 cpsd). En
appliquant la même analyse détaillée de marée dans la bande de fréquence diurne,
nous avons obtenu des résultats comparables à certaines des stations SGs
européenne (Bad Homburg, Medicina et Moxa).
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Pour utiliser les différentes séries de données analysées dans cette étude (données
enregistrées par gravimètres à ressort et aussi par gravimètres supraconducteurs),
il a été nécessaire un énorme travail du prétraitement. Merci à ce prétraitement,
nous avons maintenant plusieurs ensembles de résidus de gravité de haute qualité
distribués en Europe centrale. Toutes les séries peut encore être utilisé dans un
large éventail d'études menées au niveau régional, tels que:
- Des études de corrélation avec la marée océanique chargement pour vérifier s’il
ya une variation temporelle possible dans les charges
- Des études de corrélation avec les informations hydrologiques disponibles pour
l'Europe centrale
- Des études comparatives gravité de surface - GRACE à l'échelle régionale
européenne
- Etudes de l'effet du bruit de l'océan sur les donnés de gravité

et plus de nombreuses autres études dans un large gamme de fréquences.
Un nouveau modèle du gravimètre supraconducteur (iOSG) sera installé à J9 en
2015, en assurant la continuité de la longue série. La continuité de cette longue
série de données de haute qualité, nous permettra d'identifier d'autres différentes
ondes de faible amplitude et de séparer des ondes voisines avec fréquences très
proches; de nouvelles opportunités pour mieux détecter les ondes avec des
périodes de 9,3 et 18,6 apparaissent, et de même pour toutes les ondes à longue
période qui séran détectés plus précisément.
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